On peristaltic transport with heat transfer and
rotation aspects

—
BUA1D-; 37 am uwiv RS

By

Hina Zahar

Department of Mathematics
Quaid-1-Azam University
Islamabad, Pakistan
2018



On peristaltic transport with heat transfer and
rotation aspects

AT e h
SR\ v,
—
Quarp- 1 7am uwiveRsilY
By

Hina Zahar

Supervised By

Pruof. Du. I asawar Hayat

Department of Mathematics
Quaid-1-Azam University
Islamabad, Pakistan
2018



On peristaltic transport with heat transfer and
rotation aspects

By

Hina Zahar

A DISSERTATION SUBMITTED IN THE PARTIAL FULFILLMENT OF THE REQUIREMENT
FOR THE DEGREE OF

DOCTOR OF PHILOSOPHY
IN

MATHEMATICS

Supervised By

Puof. Dn. TJasawar Fayat

Department of Mathematics
Quaid-1-Azam University
Islamabad, Pakistan
2018



Author’s Declaration

i I_Hina Zahir __hereby state that my PhD thesis titled On Peristaltic
transport with heat transfer and rotation aspects is my own work and
& has not been submitted previously by me for taking any degree from the
‘Quaid-i-Azam University Islamabad, Pakistan or anywhere else in the
" country/world.

Atany time if my statement is found to be incorrect even after my
 graduate the university has the right to withdraw my PhD degree.

D
Name of Student: Hina Zahir

Date: 20-08-2018




Plagiarism Undertaking

I solemnly declare that research work presented in the thesis titled “On Peristaltic
transport with heat transfer and rotation aspects” is solely my research work
with no significant contribution from any other person. Small contribution/help
wherever taken has been duly acknowledged and that complete thesis has been
written by me.

lunderstand the zero tolerance policy of the HEC and Quaid-i-Azam University
towards plagiarism. Therefore, I as an Author of the above titled thesis declare that
no portion of my thesis has been plagiarized and any material used as reference is
properly referred/cited.

lundertake that if I am found guilty of any formal plagiarism in the above titled
thesis even afterward of PhD degree, the University reserves the rights to
withdraw/revoke my PhD degree and that HEC and the University has the right to
publish my name on the HEC/University Website on which names of students are
placed who submitted plagiarized thesis.

Student/Author Signature: /‘)Q’%‘f@\‘ o‘b\' lo\b

Name: Hina Zahir




On Peristaltic transport with heat transfer and
rotation aspects

By

Hinma Zahir

CERTIFICATE

A DISSERTATION SUBMITTED IN THE PARTIAL FULFILLMENT OF THE
REQUIREMENTS FOR THE DEGREE OF THE DOCTOR OF
PHILOSOPHY

We\ascept this dissertdtion as conforming to the required sta dard

L (P 2 QY Ko <
Prof. Dr. Tasawar Hayat ﬁ? Prof. Dr. Tasawar Hayat ??// e
(Chairman) (Sup
3 // /}/ _ A 4. %ﬁ/?
‘Dr. Rahmat Ellahi Dr. Muham/m4d Mushtaq
Associate Professor Associate Professor
Department of Mathematics & Statistics Department of Mathematics
International Islamic University COMSATS, Park Road Chak Shahzad,
H-10 Islamabad Islamabad
(External Examiner) (External Examiner)

Department of Mathematics
Quaid-I-Azam University
Islamabad, Pakistan

2018



Certificate of Approval

This is to certify that the research work presented in this thesis entitled On
Peristaltic transport with heat transfer and rotation aspects was
conducted by Ms. Hina Zahir_under the supervision of Prof. Dr. Tasawar
Hayat. No part of this thesis has been submitted anywhere else for any other
degree. This thesis is submitted to the Department of Mathematics, Quaid-I-
Azam University, Islamabad in partial fulfillment of the requirements for the
degree of Doctor of Philosophy in Field of Mathematics from Department of

Mathematics, Quaid-I-Azam University Islamabad, Pakistan.

Student Name: Hina Zahir Signature: ﬂ{”’f

External committee:

a) External Examiner 1: Signature:
Name: Dr. Rahmat Ellahi
Designation: Associate Professor ﬂ ' g/g-/&(‘f )
Office Address: Department of Mathematics , ITU Islam '
b) External Examiner 2: Signature:
Name: Dr. Muhammad Mushtaq
Designation: Associate Professor

c) Internal Exammer : Slgnature. /;Lg
= NS
Name: Dr. Tasawar Hayat i 250/
Designation: Professor Q ; / §

Office Address: Department of Mathematics, QAU Islan

Supervisor Name: Signature: _ 4~ 2
Prof. Dr. Tasawar Hayat = ’ / &N
Name of Dean/ HOD Signature: _ ,(/A

— K
Prof. Dr. Tasawar Hayat 257/% / e







Acknowledgments

Although it is just my name mentioned on the cover, many people have contributed to this
research in their own particular way and for that I want to give them special thanks. First I am
thankful to Allah, who supplied me with the courage, the guidance and the love to complete this
research. I also express my sincere gratitude to Prophet Hazrat Mohammed S.A.W. for His
guidance through teachings of patience, motivation and immense knowledge.

Special appreciation goes to my Supervisor and Chairman of Mathematics Department, Prof.
Dr. Tasawar Hayat, for his supervision and constant support. His invaluable help of
constructive comments and suggestions throughout the research work have contributed to the
success of this thesis. I am very grateful for him since he gave me the chance to work on an
interesting and practical topic. In short, his tireless work, unique personality and dedication to
profession cannot be expressed in words.

I would also like to acknowledge all the teachers I learnt from since my childhood. I would not
have been here without their guidance, blessing and support. I also express my gratitude to
respected post graduate professors Prof. Dr. Muhammad Yousaf Malik Prof. Dr. Muhammad
Ayub, Prof. Dr. Sohail Nadeem and Dr. Masood Khan for their valuable and constructive
suggestions in all aspects.

I wish to express my deep and sincere gratitude to my family for their continuous and
unparalleled love, help and support. I am especially grateful to my parents Mr. and Mrs. Zahir
Muhammad, who supported me emotionally and financially. Especially after my father’s death,
my mother understands me like friends and supports me everywhere. May Allah give her healthy
long life (Ameen). I am grateful to my brothers, sisters, brothers in law and bhabis for always
being there for me as a friends. They selflessly encouraged me to explore new directions in life
and seek my own destiny. How can I forget to thank little angels Nephews and Nieces for the
love and care they gave me. This journey would not have been possible without my family and I
dedicate this milestone to them as well.

To my friends Sadia Ayub and Anum Tanveer thank you for listening, offering me advice and
supporting me through this entire process. The debates, breakfast, lunches, long drives as well as
editing advises, visit to shopping malls and different universities are general help and this
friendship were all greatly appreciated. Special thanks for their prayers well wishes, phone calls,
e-mails, texts and being their whenever I needed a friend. The mind refreshing music,
entertaining games which has also shared part of itself in accomplishment of my work. I would
also like to thank my all lab fellows for their valuable and polite discussions.



I would also like to thank Zahoor bhae, Sajid bhae, Safdar bhae, Sheraz sahib and all other
office staff of the department for their administrative support throughout the completion of Ph.D.

May Allah bless health and wealth to all those who pray for me (Ameen).

Hina Zahir
(20-08-2018)



Preface

éu the vadomotion of venales, in danitarny Ylucd transpontation, toxic liguid transpornt in the
galliladder to duodenum, Wood pamping. ovam tansport, peristaltic pampe, locomotion of
(peniodic waves) traveling along the tube give nide penistaltic evedtation in luman
plysiolegy. Further periotaltic transpont of Jluid with heat transfer i quite diquificant in
orygenation, hemodialyscs, conduction of tisswes, radiation between environment and it
sunface and heal comvection for Uood {low from the pones of tisswes. e heat transfer
fundamentally rnefers to the exchange of thermal energy between the different components of
a plysical system. Feal tandfer nale depends apon temperatune of diffenent componcnts
and the physical fropentics of The medium Unough which heat transfer takes place. Heal
trandfer ¢o fanthern important in many frocesses including the design of chemical frocessing
canth ociences. Phenomenon of notation can be wndendtood by ocean ciredlation, Jlight
dynamics, fovmation of galaries and amusement nides, which gives nide o the effects of
Coréolis and centrifugal force in addition to inertial forces. Peniotalece in frecence of
and areters.

Reeping all such facts in mind, the objective hene co To develop Jluid flowe thnough
tuman tabalar organs functioning lo indpect the outcomes of diffencat effects. MWodeling
present thesis io structuned as follows:
aspects. This chapter aldo consiste of fundamental expressions.

The penistaltic Ylow of wiscous Ylucd in a notating channel io discussed in chappten two.



Channel walls are compliant. MHD effect co precent. FHall carnent and Joale heating are
Lubrication approach o followed, Avial and secondary velocities ane computed and
analyzed, Results of this chapter anc pablished in Results in Physice 7 (2016) pp.
2851-2556.

Chapten tinee extends the neseanch wonk of chapten two for heat and mase transfer.
Thermaphonescs, chemical neaction lheat sounce|sint and thenmal radiation are considered.

Eract solutions to nesulting frollems invobing lubnication approach are estalilished. The
avial and decondany welocities and Cemperatune ane analysed. Graplho anc dbetehed for a
panametric study for effects of thenmoplionetic, chemical, won-uniform heat soance|sink,
radiation and notation parametens. The findings of this chapter are published in Results
i Physics 6 (2016) pp. 1044-1050.

Chapter foar aime to examine the maguctoliydrodynamic (MHD) peristaltic transpont
of Prandtl fluid in a notating mediwm. The channel walle catisfy wall propentics. The
presented. The contents of this chapten are published in (Computens in Biology and
Wedicine 79 (2016) pp. 215-221.

Chapiten five examines peristalocs transpont of Prandtl fluid in a rotating channel. Tn
fact nesulte of chapten foun here are modified for Senet and Dafour effects. The governing
expresdions ane approvimated wamenically for the graplical nesults. The findings of this
chapten have been published in Results in Physics § (2018) 1291-1500.

The parpose of chapter oix o twofold. Finotly to explone periotaltic flow of an
cucompressible Ree- Eyning Yluid. Secondly to inspect won- -anifoun heat sounce|sink
due to decondary flow and Cemperatune are obtacned by considening small Reynolde number
Cliinese Yournal of Physics 55 (2017) pp. 1894-1907.

The objective of chappter ceven io to analype periotaloce of Ree- Eqring fluid in a
notating channel. Tutenedt hene co covened by thnee concefpts. Finotly to examine the influcnce
of Hall canent and con dipp effects. Secondly to examine the influence of keat trandfer



with oiscous and Oluméc disscpation. Thindly to addness the impact of convective
conditions. The nelevant froblems are formulated. Out coming probleme thnough lubrication
approach are dolued, Attention o focused To the Tempenatane, welocities and heat transfer
coeffécient. Material of thie chapten o submirted for publication in Yowmal of Theoretical
and, rpplicd Mechanics.

Chapter eight cnvestigates the peristaloce Couple stress fluid in a won-uniform rotating
chamnel. The genernation of Yluid Temperatunc duc to thewnal radiation and won-aniform
teat sounce|sink effects o neconded. The Ylow and lheat transfer are discassed in friesence
of wall iy conditions. Numenical technigue co applied to tolve the won-linear oydtem.
Attention o focused for the temperatune, both axial and decondany velocitics, lheat transfer
cocfficcent and streamlines. The neseanch presented in this chapter co published in Results
én Plyoics 7 (2017) pp. 2565-2575.

Chapten wine éo intended to otudy effecte of keat transfer in penistaltic flow when both
formalation. Tmpact of various emerging pliydical parameters on the velocity, Temperature
and lheat transfer coefficient o deseribed, Estimated results arne discussed in graplical
nepresentation. Matenial of thie chapten o pabliched in Canadian Yournnal of Physics.

T thermal engineening frocesdes many nedeanchens lhave dhown that decond law of
of thermodynamics docs wot determine the Yluctuations in energy and only manipulates the
accounting of energy. Therefone in chapter ten we analyze the entropy gencration ou the
peristaltic flow of (asson Yluid in a symmetiic notating chawnel. Feat trandfer co
examined for thevmal nadiation and viscous dissipation effects. Velocity and thermal olit
effects at the channel boundanies arne aldo condidered. The fluid poarameter. Taglor and
Brinkman wwmber, radiation and wall parametens effects on the axial and decondary
nesulting frollem lave been highlighted. The coutente of thie chapter ane published in
Resulte i Physics 7 (2017) pp. 5668-35677.
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Chapter 1

Literature review and basic laws

This chapter deals with literature review related to peristalsis and transfer of heat with different
effects in a rotating frame. Some fundamental equations for fluids flow are also presented in

this chapter.

1.1 Literature survey

Peristalsis in human physiological systems has gained much attention of the researchers. Engel-
mann [1] was the first to investigate the existence of peristaltic waves in ureter. After his initial
work, several other researchers like Lapides [2], Kiil [3] and Boyarsky [4] put their efforts to ex-
tend this study. The phenomenon of peristaltic pumping was discussed by Latham [5]. Shapiro
et al. [6] presented experimental work by considering the inertia free flow in a flexible tube. The
pioneer work of Latham [5] and Shapiro et al. [6] opened new ways for further advancements in
peristaltic transport. After the confirmation of Shapiro’s theory based on long wavelength and
low Reynolds number approximation by Eckstein [7] and Weinberg [8], a number of attempts
have been made for advancements in this direction. Further the ureteral system as peristaltic
pump by imposing different waves on ureteral walls was analyzed by Weinberg et al. [9] and
Lykoudis [10]. Zein and Ostrach [11] investigated significance of peristalsis in ureteral system.
Afterwards, Fung [12, 13] discussed the effect of biomechanical forces on dynamics of urethral
muscles. Peristalsis of viscous liquid in both symmetric and asymmetric configurations is ex-

plored by Burns and Parkes [14]. Lubrication approach was adopted by Hanin [15] along with



consideration of small amplitude ratio. An investigation on studying the impact of low Reynolds
number on peristalsis in a tube of roller pump is carried out by Megininiss [16]. Peristaltic flow
of viscous fluid through circular tube is addressed by Yin and Fung [17]. Lew and Fung [18,
19] explored asymmetric flow of viscous fluid in a cylindrical tube. Their investigation presents
the importance of fluid motion inside vessels of living organisms. Barton et al. [20] discussed
the peristaltic motion in tubes. An analysis on peristalsis of viscous fluid subject to inertial
and streamline curvature is conducted by Jaffrin [21]. Tong and Vawter [22] adopted finite
element method to analyze the peristaltic transport through a tube. Movement of spermatozoa
in tube is mathematically investigated by Semleser et al. [23]. Mitra and Parsad managed to
determine the impact of Poiseuille flow on peristalsis in a two dimensional channel [24]. Liron
[25] developed the series solution by double expansion about long wavelength and Reynolds
number for peristalsis in pipe and channel. He studied the efficiency of biological functions in
terms of peristaltic flow. Assumption of small wave number is invoked in his analysis. Impacts
of wave amplitude and wavelength on flow field was first presented by Brown and Hung [26].
He observed that reflux occurs on the axis of the tube for short wavelengths. However reflux
occurs off the axis for longer wavelengths. A detailed examination of peristaltic flow through
pipe and channel is carried out by Srivastava and Srivastava [27]. Nakanishi [28] numerically
investigated a two-dimensional model of peristalsis of viscous fluid through a channel with pro-
gressive waves of wall contraction. Takabatake et al. [29] adopted finite difference scheme for
analyzing the peristaltic pumping through a tube. Peristalsis of incompressible viscous fluid
through uniform and non-uniform annulus is elaborated by Makheimer [30]. Inertia and curva-
ture effects on peristalsis in asymmetric geometry is explored by Rao and Mishra [31]. Viscous
fluid flow subject to complaint walls has been analyzed by Hayat et al. [32].

There is no doubt that many realistic liquids are different then viscous fluids. Non-Newtonian
characteristics have been exhibited by peristalsis transport of chyme in [33] and contraction
and expansion of blood vessels in [34]. The classical Navier Stokes relations are unable to
describe the nature of rheological complex liquids such as lubricants, hydrocarbons, industrial
oils, shampoo, muds, petroleum and blood etc. Non-Newtonian fluids have wide utility in many
phenomena. In order to investigate the non-Newtonian behavior of fluids, many models have

been formulated by the investigators. Patel and Timol [35] mentioned the stress strain relation-



ship for non-Newtonian fluids. Akbar et al. [36] performed an analysis for flow of Carreau fluid
through asymmetric channel. A study on peristaltic transport of Jeffrey fluid through rectangu-
lar duct is commenced by Ellahi and Hussain [37]. Jeffrey fluid flow with simplest mathematical
form is capable of relating the retardation and relaxation times effects. Bhatti and Abbas [38]
investigated peristaltic blood flow by considering Jeffrey model saturating porous medium. Ap-
plication of low Reynolds number on peristaltic motion of micropolar fluid was discussed by
Devi and Devanathan [39]. Adomian decomposition method was adopted by Sheikholeslami et
al. [40] in order to investigate Jeffrey-Hamel flow analytically. Long wavelength assumption is
employed on two-dimensional peristalsis of non-Newtonian fluid by Rahakrishnamacharya [41].
Srivastava and Saxena [42] observed the peristaltic transport of blood through a tube of uniform
diameter. They employed constitutive relation of Casson fluid for blood. Elshehawey et al. [43]
scrutinized the peristaltic motion of Carreau fluid by invoking the lubrication approach and
employing the perturbation technique for small Weissenberg number. An analytical discussion
on flow properties of Carreau fluid in a compliant rectangular duct is commenced by Riaz et al.
[44]. Sisko fluid is one of the most important non-Newtonian fluids comprised of shear thinning
as well as shear thickening attributes. Sisko fluid model has tendency to represent the proper-
ties of Newtonian and non-Newtonian fluids for suitable choice of material fluid parameter. An
analysis for porosity and magnetic field effects on flow of Sisko fluid is provided by Hayat et al.
[45,46]. Zaman et al. [47] managed to study blood flow through vessel by assuming the blood as
Sisko fluid. Hayat et al. [48] reported a numerical investigation of peristalsis of non-Newtonian
Carreau-Yasuda fluid under the influence of Hall effect. Mernone and Mazumdar [49] provided
a detailed theoretical investigation of Casson fluid through an axisymmetric channel. Eytan
and Elad [50] inspected the motion of intrauterine fluid motion due to myometric contraction
as peristaltic transport. Nadeem and Akram [51] scrutinized two-dimensional peristaltic flow
of hyperbolic tangent fluid and simplified the problem under lubrication approach. Hina et
al. [52] examined the wall properties on peristalsis in a curved channel by considering pseudo-
plastic fluid and heat and mass transfer. They discussed the shear-thinning/thickening effects
followed by lubrication approach. Akbar et al. [53] employed non-Newtonian Williomson fluid
for numerical study of peristalsis in an axisymmetric channel. Peristalsis of Prandtl fluid under

long wavelength assumption has been reported by Riaz et al. [54]. This work is extended by



Hayat et al. [55] with Hall and chemical reaction effects.

Viscoelastic non-Newtonian fluids have tremendous applications in physiology and industry.
Ree- Eyring can be reduced to Newtonian fluid model for both high and low shear rates. Also
its constitutive equation can be obtained from kinetic theory of fluids instead of empirical
relation. Ketchup, polymer solutions, ketchup, nail polish and wiped cream are some of the
relevant examples. Physiological fluids movement like blood also contains such characteristics.
Pulsatile flow of Ree-Eyring fluid in a channel is discussed by Shawky et al. [56]. Bhatti et
al. [57] discussed blood flow in a vessel by considering Ree-Eyring fluid. Abbasi et al. [58]
worked out flow of Eyring Powel liquid in curved channel. This work was extended by Hina
et al. [59] in presence of heat and mass transfer. Theory of micropolar fluid was explained
by Eringen [60] and characteristics like body couples, microinertial effects, couple stresses and
microrotation are illustrated in details. Johnson and Segalman [61] introduced the theory for
viscoelastic fluids expressing non-affine deformation. Chaturani and samy [62] analyzed the
blood flow through arteries. Bohme and Friedrich [63] modeled a problem for investigating
attributes of an incompressible viscoelastic fluid in a planar channel without any inertial force.
Chaturani and Samy performed an analysis for peristalsis of blood through stenosed artery
[64]. Flow of Eyring Powell fluid model through straight channel is demonstrated by Hayat et
al. [64]. Alvi et al. [65] examined impact of non-constant viscosity on peristaltic activity of
Jeffrey fluid containing nanoparticles. Latif et al. [66] discussed the peristalsis of third order
liquid with variable properties. Also Fosdick and Rajagopal [67] presented thermodynamics
analysis for third grade fluid. Tripathi et al. [68] explored the peristalsis of fractional Maxwell
fluid in a channel. Couple stress fluid model is intended for the body couples and couple
stresses in the medium of fluid. It has applications to understand many physical problems as it
possesses the rheological convoluted fluid phenomena. Coating of paper, plasma, nuclear fuel
slurries, polymers, fossil fuels, lubrication with heavy oils and greases carry such rheological
characteristics. From industry point of view, many applications e.g., colloidal fluids, extrusion
of polymer fluids, exotic lubricants, metallic plate cooling in bath and solidification of liquid
crystals are related to this fluid. In the lubrication of engine rod bearings and tribology of
thrust bearings, this fluid is also important. Couple stress model has been used to discuss

biomedical phenomena such as infected urine from a diseased kidney and human and animal



blood. Peristalsis of couple stress liquid in an endoscope was investigated by Mekheimer and
Abd elaboud [69]. Then his work is extended by Shit and Roy [70] through inclined channel. The
problem is solved analytically by taking long wavelength and low Reynolds number assumptions.
Ramesh [71] stated the rheology of couple stresses in transport of fluids.

Importance of heat transfer in medical and industrial applications cannot be ignored. Par-
ticularly, the heat transfer phenomenon in human body is an important area of research. Due
to its wide spread significance in human tissues, many biomedical engineers are attracted to-
wards human thermoregulation system [72] and thermotherapy [73]. In humans heat transfer
take place as conduction in cancer tissues, metabolic heat generation, dilution technique in
examining blood flow, perfusion of arterial-venous blood through the pores of the tissues and
vasodilation. Transfer of heat with the interaction of peristaltic fluid flows is significant in
hemodialysis, oxygenation, laser therapy and thermal energy storage. Radhakrishnamacharaya
et al. [74] and Vajravelu et al. [75] analyzed the heat transfer on peristaltic flow of viscous
fluid in non-uniform channel and tube. Peristaltic flows of viscous and non-Newtonian fluids in
the presence of magnetic field is significant in physiological processes such as medicine and bio-
engineering. Many phenomena are based on MHD principles such as design of heat exchangers,
flow meters, radar systems, MHD compressor operation etc. Such effects is useful in the de-
velopment of magnetic devices, hyperthermia [76], blood reduction during surgeries and cancer
tumor treatment, MHD drug targeting [77], micro-circulation flows [78] and biomedical flow
control, separation devices [79], in treatment of the pathologies e.g., gastroenric pathologies,
rheumatisms, constipation and hypertension. Another important aspect of MHD is related to
Hall and ionslip effects. Hall current is much more significant for higher externally applied
magnetic field. Further when the electron-atom-collision frequency is high then ionslip effect
cannot be ignored. Some applications which basically lie on Hall and ionslip currents include
MHD generators, electric transformers, power generators, Hall accelerators, heating elements,
refrigeration coils and flight MHD. In addition flow of fluid is much affected by the presence of
Joule heating. The study of heat transfer with Joule heating effects has immense applications
in biomedical engineering and food industries. Effect of Joule heating arises from the fluid elec-
trical resistivity and applied electric field. One of the applications of electro osmosis is the fluid

delivery in lab-on-a-chip devices, where one deals with thermally labile samples. Temperature



rise due to Joule heating can result in low column separation efficiency, reduction of analysis
resolution and even loss of injected samples. Therefore several investigations regarding these
effects in peristalsis are performed. Sud et al. [80] discussed the magnetic field effect for blood
flow. Peristaltic activity of blood flow in equally branched channel is investigated by Agrawal et
al. [81]. Their study concludes that during cardiac surgeries the magnetic field may be used in
blood pump. Radhakrishnamacharya and Murty [82] examined the MHD aspects of peristaltic
flow in a non-uniform channel. Wang et al. [83] discussed magnetohydrodynamics effects on
peristaltic motion of Sisko fluid in symmetric channel. Hayat et al. [84] canvassed the peristaltic
flow of MHD hyperbolic tangent fluid with Joule heating and slip conditions. Awais et al. [85]
examined convective heat transfer on MHD peristaltic flow in a symmetric channel. Abbasi et
al. [86] observed MHD peristaltic flow of Carreau fluid in curved channel under long wavelength
and low Reynolds number assumptions. Further his work was extended by Ellahi et al. [87]
by employing a uniform duct of rectangular cross section. Analytical solutions are obtained by
employing a perturbation method. They also compared their results by numerical solutions.
Heat transfer phenomenon with Ohmic heating is discussed by Asghar et al. [88]. They also
considered the Hall and ionslip effects in their analysis. Hayat et al. [89] extended the work
of Asghar et al. [88] for Jeffrey nanofluid. Nowar [90] investigated peristaltic flow of nanofluid
saturating porous space inside the channel with Hall effect. In a non-uniform rectangular duct
Pop et al. [91] observed the peristaltic flow of non-Newtonian fluid with magnetic and ionslip
effects. Blood flow of Powell Eyring fluid in a porous medium with ionslip effect is studied by
Bhatti et al. [92]. Noreen and Qasim [93] analyzed the flow of pseudoplastic fluid in presence
of Hall current.

In many environmental and scientific processes, thermal radiation plays a significant role.
Radiative heat transfer occurs when electromagnetic waves propagate across pore-air spaces.
Heating and cooling of chambers, astrophysical flows, solar power technology and water evap-
oration from open reservoirs are useful applications of this effect. Thermal insulation, cooling
of nuclear reactors, combustion, fluidized bed heat exchanger,biological tissues, turbid water
bodies, furnace design, gas turbines, power generation systems, high temperature plasmas, fire
spreads, solar fans, solar collectors, cancer therapy are such significant examples of thermal

radiation. In addition heat generation/absorption effect is quite useful in thermal performance
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of working fluids. Radiation can control the excess heat generation inside the body since high
temperatures pose serious stresses for the human body placing it in serious danger of injury
or even death. Further the involvement of heat generation/absorption effect in heat transfer
is encountered frequently in many fields such as engineering, aerosol technology and industrial
sector. It is also quite useful in the manufacture of plastic and rubber sheets, food stuff storage,
disposal of radioactive waste material and dislocating of fluids in packed bed reactors. Having
all such in mind the representative studies for non-uniform heat source/sink and radiation of
nonlinear fluids have been addressed by number of researchers [94 — 102].

Mass transfer mechanism involves transfer of mass from one location to another. Mass
transfer occurs in variety of engineering process. Specifically in chemical industry, mass trans-
fer has widespread applications such as diffusion of chemical impurities, distillation process,
reverse osmosis and membrane separation process. The rate of mass transfer rely on diffusivity
and flow pattern of fluid. Investigation of combined heat and mass transfer species is impor-
tant in seeking better understanding of various physical phenomena. Heat and mass transfer is
not only responsible for energy distribution in the system but these also influence the system
mechanics. Peristalsis with heat and mass transfer has vital position in biomedical sciences
and industry. Few relevant applications are food processing [103], fog dispersion [104], metal
purification [105], vasodilation, perspiration in hot weather, blood transfusions [106], heat con-
vection occurring due to blood flow through pores of tissues, food drying [107], nuclear power
generation [108], underground disposal of nuclear waste and extraction of geothermal energy.
Energy flux induced by concentration gradient is referred as Dufour effect whereas mass flux
produced by temperature gradient is known as Soret effect. Importance of Soret-Dufour effect
cannot be neglected in isotopes separation, catalytical reactor, reservoir engineering and paper
industry. Ogulu [109] put forward his efforts in investigating fluid and mass transfer flow of
blood through single vessel. Nadeem and Akbar [110] discussed peristalsis of Jeffrey-six con-
stant fluid filled with heat and mass transfer simultaneously. Hayat et al. [111] scrutinized
heat and mass transfer effects on peristaltic transport of pseudoplastic in the presence of in-
duced magnetic field. Shaaban and Abou-zeid [112] performed a comprehensive study on MHD
peristaltic flow of Eyring-Powell fluid. Hayat et al. [113] examined Joule heating aspects on

mixed convective peristaltic flow of viscous nano fluid with Soret-Dufour effects. Mustafa et al.
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[114] focused their attention on study of peristalsis of fourth grade fluid under the influence of
Dufour and Soret effects. They adopted Keller-box method for numerical solution of non-linear
boundary value problem. Hayat et al. [115] discussed Soret and Dufour effects on peristalsis of
pseudoplastic fluid through a tapered channel. Farooq et al. [116] considered the mathematical
aspects of Soret and Dufour phenomena on MHD peristalsis of Jeffrey fluid. He performed his
analysis subject to variable viscosity. Hayat et al. [117] accounted the Soret-Dufour impacts
on peristalsis of Bingham plastic fluid by regular perturbation technique for series solution of
problem.

Chemical reaction is another phase of mass transfer. Investigation of heat and mass transfer
problems with chemical reaction has promising applications in industry such as burning of fuels,
making cheese, solar collector, combustion system, smelting iron and brewing beer. Chemical
reactions are integral part of many complicated processes of living organisms. Mustafa et
al. [118] addressed heat and mass transfer on mixed convective peristalsis of fourth grade
fluid. Hayat et al. [119] attempted to investigate the peristaltic transport of Casson fluid
under the influence of chemical reaction and Soret-Dufour effect. Sankad and Dhange [120]
modeled peristaltic transport of incompressible viscous fluid with flexible walls and chemical
reaction. He computed the mean effective coefficient of dispersion through Taylor’s limit and
long wavelength hypothesis. Muthuraj et al. [121] performed a comprehensive examination
on peristaltic pumping of dusty fluid in the presence of chemical reaction and wall properties.
Impact of thermal deposition and chemical reaction on peristalsis of Carreau-Yasuda fluid is
reported by Hayat et al. [122]. Machireddy and Kattamreddy [123] commenced a study for Joule
heating and chemical reaction effects on peristaltic flow through porous medium. Influence of
chemical reaction on hydromagnetic peristaltic pumping of radiating and reacting couple stress
fluid passing through an inclined channel is explored by Reddy et al. [124]. Mishra et al. [125]
explained impact of chemical reactions on peristalsis of physiological fluids with temperature
dependent properties.

Thermophoresis is a kind of mass transfer that occurs due to movement of colloidal par-
ticles due to macroscopic temperature. Small suspended particles are more likely to travel in
the direction of decreasing temperature when temperature gradient is maintained in the gas.

This phenomenon arises due to difference of average velocities of particles. The most common
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applications of thermophoresis are stone statue erosion, eliminate the particles from gas stream,
silicon thin film deposition and blackening of glass of kerosene lantern. The novel features of
Joule heating and thermophoresis on MHD peristaltic pumping of viscous nanofluid are elabo-
rated by Shehzad et al. [126]. Hayat et al. [127] scrutinized the effects of thermophoresis and
rotations on MHD peristalsis of Jeffrey fluid with non-uniform heat source/sink and flexible wall
channel. Ali et al. [128] considered fourth grade for peristaltic transport through asymmetric
channel of convective walls with concentration and thermophoresis effects. Analytic solution of
problem is approximated through perturbation technique.

Analysis of heat transfer in fluid flow by movement of particles is known as convection.
In many physical processes such as gas turbines, thermal storage and nuclear fluid transport,
macroscopic fluid transportation produces development in heat transfer. Transfer of heat be-
tween static fluid and solid boundary through physical contact is referred as conduction. In
case of moving fluids, heat transfer occurs through conduction as well as convection. For such
problems boundary conditions can be modified by Fourier law of heat conduction and the New-
ton’s law of cooling. These conditions are referred as convective boundary conditions [129, 130].
Hemodialysis and oxygenation, hypothermia treatment, sanitary fluid transport, blood pump
in heart-lung machines, transport of corrosive fluids, laser therapy and coldness cryosurgery
are some practical applications. In view of such importance various researchers studied the
peristaltic flow subject to convective boundary condition [131 — 135].

Flow pattern with slip boundary characteristics has special significance in many applications.
Undoubtedly due to the wetted wall, a loss of adhesion by fluid is presented which compels it to
slide along the wall. In fluid-solid interaction situations, slip effect is meaningful in describing
the macroscopic effects of certain molecular phenomena. Some daily life applications of slip
are rarefied fluid, polishing of internal cavities and artificial heart valves, fluid motion within
human body, flow on multitudinal interfaces and thin film. However less devotion towards slip
relative to peristalsis is shown in the literature. Ali et al. [136] examined the slip effects on
MHD peristaltic flow of viscous fluid with variable viscosity. Hayat et al. [137, 138] captured the
effect of slip under peristaltic flow of Jeffrey and viscous materials respectively. Couple stress
fluid flow with peristalsis through porous medium comprising slip effects has been reported

by Ramesh [139]. Hina et al. [140] studied peristalsis of Johnson-Segalman fluid in curved

13



geometry subject to slip conditions. Yildirim and Sezer [141] discussed partial slip on MHD
peristalsis of viscous fluid in an asymmetric channel. Peristaltic motion of power-law model
is analyzed by Kumar et al. [142]. Ellahi and Hussain [143] discussed peristaltic flow in a
rectangular duct with slip effects. Some more investigations for slip effect are reported via
studies [144 — 149].

Existing literature on peristaltic mechanism were done in straight or curved channels. How-
ever literature peristalsis of viscous and non-Newtonian fluids in rotating channel is scarce.
Flow of fluid in rotating frame has gained much importance amongst the researchers. It is
because of its vast applications in ocean circulation, gas turbines, medical equipment, galaxies
formation, aircraft, rotational spectroscopy, rotational air cleaner and geophysical flows. This
phenomenon through rigid body rotation give rise to effects of centrifugal and Coriolis force in
addition of inertial forces. Few aspects for peristalsis with rotating frame are discussed in the

attempts [150 — 156].

1.2 Basic equations

Here the basic laws for mass, momentum, energy and concentration are presented.

1.2.1 Mass conservation

The mass conservation equation in differential form is

%+V. (pV) =0. (1.1)

Here p denotes the density, V the velocity and V represents gradient operator. For incom-
pressible material

V.V =0. (1.2)
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1.2.2 Momentum conservation

Generalized equation of motion is

av
— = . f 1.
T = —pl+8S, (1.4)

where 7T represents Cauchy-stress tensor, f body force, I identity tensor, S extra stress tensor,
d

¥ the material time differentiation, and p the pressure . Equation of momentum in rotating is
written as:

A%
il 2(2XV)+Q2x (2 xr)] =V.r4pf, (1.5)

where on left hand side second and third terms present the Coriolis and centrifugal force re-

spectively. Here €2 denotes angular velocity.

1.2.3 Energy conservation

The energy equation is

dr
Cpp—r = —V.(—kgradT) +Qx, (1.6)

where T" shows temperature, ¢, specific heat and & fluid’s thermal conductivity. First and second
term on right side stands for energy flux and source term related to transport of energy. For the
modification of heat transport characteristics the source term is responsible for consideration
of velocity components, radiative heat flux, surface heating cooling, and viscous dissipation.

Moreover, it also stands for other physical phenomena such as Joule heating and Dufour effects.

1.2.4 Concentration conservation

Suppose C be the mass concentration of fluid per unit volume, then equation of mass can be
given as:
dC D, Rr

s 2 2
o = DnViC+ VT (1.7)

in which Ry presents the thermal-diffusion ratio, D,, stands for mass diffusion coefficient and

T, is the mean temperature.
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1.2.5 Transformations and volume flow rate

In present thesis we use Galilean transformations for flow analysis from laboratory to wave

frames of reference. The variables are designed as
r = &—ct, y=1,
u($7 y’ Z) = ﬂ(j}7y

where p, u, v, w are the pressure and velocity components with respect to wave frame.

The dimensionless volume flow rate for asymmetric channel in fixed and wave frames is

given by
hi(z)

Hi (3,1)
Q= / w(z,g,2)dz, q= / u(z,y, z)dz. (1.9)
Hz (@,fj) hQ(I)
Using Eq. (1.8), the volume flow rate can be related by
Q = g+ chy (z) — cha (). (1.10)
The time mean flow at a fixed position & over a period (say t,) is
tp
1 _
0= —/th. (1.11)
tp
0
Putting Eq. (1.10) into Eq. (1.11) and then evaluating the integral we get
O = g+ cby + cby. (1.12)
Now defining nondimensional mean time flow in fixed and wave frames respectively
o q
- — F =4 1.1
Q Cbl ’ ! Cbl ’ ( 3)
finally we obtain
(1.14)

Q:F1+1+777
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in which
hi(x)

F = / u(z,y, z)dz. (1.15)
ha(zx)

Similarly for symmetric channel the flow rate is given by

F = /u(w,y,z)dz. (1.16)

1.2.6 Dimensionless parameters

The non-dimensionless parameters occurring in whole thesis are defined as

O) 2
oo Rl 9By 9B g pp,
c ene
c? e a; hid
E = —, Pr="2 ¢=-"(i=1,2), Bi; = —
TOCp’ r kT y € dz (Z ; )7 11 kT )
hod a3 *ed3 Bd
BiQ - L7 El - 7; ) E2 - m13c ) 3 P}
D A uc AU BA
160" Qod? E** T d cd
== {Zj3 = / —_ 5 = —_— = —_—
B Shrke 100 9= T 7 0= Re=7o
Dk‘/Cg 1% pDk‘/Tg K k1d2
Du = Se=-" = = 1.17
“ e, CuTo” ¢~ oD WTnCo’ "~ dy T Ty (1.17)

Here Re denotes the Reynolds number, Q the angular velocity, d; the displacement, ¢ the
wave speed, A the wavelength, p the fluid density, v the kinematic viscosity, o the electrical
conductivity, By the magnetic field strength, e the electron, n. the cyclotron frequency, u the
dynamic viscosity, Cp concentration at walls, Ty temperature at walls, ¢, the specific heat,
k7 thermal conductivity, a; the amplitudes, iozl, Egheat and mass transfer coefficient, 7 the
elastic tension, mj the mass per unit area, d’ the damping coefficient, o* the Stephen Boltzman
constant, £* the mean absorption coefficient, ()9 non-uniform heat source/sink coefficient, &**
the thermophoretic coefficient, T, the reference temperature, D the mass diffusivity coefficient,
Cs concentration susceptibility, T}, mean fluid temperature, k' thermal diffusion ratio, k; the
chemical reaction coefficient, K non-uniform channel coefficient, 7" denotes the Taylor number,

m the Hall parameter, H the Hartman number, Br Brinkman number, F Eckert number, Pr
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Prandtl number, €; amplitude ratio variable, Biy heat transfer Biot number, Bis mass transfer
Biot number, F;(i = 1,2,3) the wall parameters, R,, the radiation variable, S the non-uniform
heat source/sink parameter, 7’ thermophoretic parameter, § wavelength, Re Reynolds number,
Sc Schmidt number, k& non-uniform channel parameter, Du Dufour number, v chemical reaction

parameter and Sr Soret number.
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Chapter 2

Hall current and Joule heating
impacts in peristaltic transport of

rotating liquid

2.1 Introduction

The present chapter is arranged to study the Hall current and Joule heating effects on peristaltic
flow of viscous fluid. Channel with flexible boundaries is considered. System consisting of liquid
and channel behaves like a rigid body. Convective conditions for heat transfer in the formu-
lation are adopted. Viscous dissipation in energy expression is taken into account. Resulting
differential systems after invoking small Reynolds number and long wavelength considerations
are numerically solved. Runge-Kutta scheme of order four is implemented temperature, ax-
ial and secondary velocities and heat transfer coefficient. Comparison with previous limiting

studies is shown. Outcome of new parameters of interest is analyzed.

2.2 Problem development

We choose channel with compliant boundaries. Viscous liquid is electrically conducted. Electric
field effect is not considered. However the Hall and Joule heating effects are accounted. Both

the channel and fluid rotates with a uniform angular velocity € about the z—axis. The channel
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walls are convectively heated. Viscous dissipation impact is accounted. The sinusoidal waves

propagating along the channel walls (at z = £n) are

o= dn(n,t) = + [d + asin 27”(:15 _ ct)] , (2.1)

o ki\ k&L — —hy(T - Tp)
,

Fig. 2.1: Geometry of problem.
where a, A, c and £, represent the wave amplitude, wavelength, wave speed and time respectively.

The equations in rotating frame can be put as follows:

% + g—';“ —0, (2.2)

p‘jl—z 20 = —% + o [aa_; + aa—;] + 113512 (—u+ mv), (2.3)
p(flt + 2pQu = —? + [88; + 88—;2] v — 113512 (v + mu), (2.4)
i—?——%vt [§2+§—;}w (2.5)

{5+ (59} (o5 o
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The conditions for present problem are

hro— = —hy (T —Tp) at z=m, (2.7)
T °
kTa— = —n(To—-T) at z=—mn, (2.8)
0z
u=0,v=0 at z =49 (2.9)

and compliant wall condition is

0 0 du 0? 0? oB? -
%G(n) = 8_5 =—prg T [@ + @] ut g +T?22(—u+mv) +2pQv at z==4n, (2.10)
0? . 02 , 0
G——T@%—ml@—kd&,

where p=p — %pQ2(ZL‘2 +9?).

If ¢ (x, z,t) is the stream function then

u=1,, w=—-0,. (2.11)

Define the dimensionless variables as:

€T = —_ = —. Z = - = —_— = -
N\ Yy N\ d’ b C,U,)\7 N
* U * v * w * n
U= U= W=, =,
c c c d
T-T,
0 = . 2.12
T]_ _TO ( )

The problems subject to long wavelength and small Reynolds number become

H? H?’m
=, — —— o+ — 2.1
Pz = Pz 1+m2¢z+< +1+m2>”’ (2.13)
2 /
Py =V~ T e (v+mayp,) — 2T, (2.14)
p. =0, (2.15)
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H2
14+ m?2

6.. + Bry? — Br V2 =0, (2.16)

n = l4esin2n(z—1), (2.17)

0.+ Bl = 0 atz=mn,

0,—Bi1§ = 0 atz=—n, (2.18)
Y, = 0, v=0 at z= =, (2.19)
ok ok ok H? H?m
i —+E———s+F = - 27’ t z=4n. (2.20
95 T om0 T 3axat]" Ve 1+m2¢’2+< +1+m2>” at z = 0. (2.20)

From equation (2.15) p # p(z) so equations (2.13) and (2.14) yield

H?m H?
b (' T ) v T = (220)
H2
Ve = s (0 M) = 2T, =0, (2.22)

Here the pressure term is neglected because of secondary flow which is produced due to rotation.

2.3 Solution methodology

Now our interest is to solve equations (2.16), (2.21) and (2.22) subject to the conditions (2.17) —
(2.20). Therefore we apply a numerical technique (shooting technique with fourth order Runge-
Kutta integration) built in command of Mathematica. The graphical outcomes of velocities
(u,v), temperature (f) and heat transfer coefficient (Z) have been discussed in detail for the

sundry parameters.

2.4 Discussion

2.4.1 Axial velocity

Figs. (2.2 — 2.5) are plotted to see the effects of H, T', m and E;, E2, F3 on axial velocity u(z).
The impact of Hartman number H on velocity profile u is sketched in Fig. 2.2. Result in Fig.

shows decaying behavior of u via larger H. It is due to the resistive nature of Lorentz force.
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Impact of Taylor number 7" on velocity profile is displayed in Fig. 2.3. It is evident from Fig.
that velocity is enhanced by increasing rotation. The reason behind this fact is that the rotation
of fluid induced the secondary flow which causes decrease in velocity. The result matches with
the study [155]. On the other hand Fig. 2.4 shows the increasing impact of axial velocity for
increasing Hall parameter m. In fact for larger values of m the effective conductivity decreases.
It causes decrease in magnetic damping force and hence axial velocity enhances. Variation in
u for wall parameters is depicted in Fig. 2.5. The velocity increases for larger F1 and Fy while

it decays for increasing damping parameter Es.

H=004071

6l
= _
2k i
[]-_I L ) L ) L
-1.0 —0.5 0.0 0.5 1.0
z z
Fig. 2.2 Fig. 2.3

Fig. 2.2: Axial velocity u for H with x = 0.2, e = 0.2, t = 0.1, £; = 0.3, E5 = 0.1, E3 = 0.1,
m=0.5,T7'=0.2, Biy =2, Br =0.3.

Fig. 2.3: Axial velocity u for 77 with z = 0.2, e = 0.2, t = 0.1, 1 = 0.3, F, = 0.1, E5 = 0.1,
m = 0.5, H=0.2, Biy =2, Br =0.3.

(]
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Fig. 2.4: Axial velocity u for m with x = 0.2, e =0.2,t = 0.1, £; = 0.3, F2 = 0.1, F3 = 0.1,
H=02 T =02, Bi; =2, Br = 0.3.
Fig. 2.5: Axial velocity u for Fq, Fo, E3 with t =0.2, ¢ =0.2,t=0.1, m = 0.5, H = 0.2,
T' =0.2, Bi; =2, Br =0.3.

2.4.2 Secondary velocity

Figs. (2.6 —2.9) are sketched for the outcome of emerging parameters on secondary velocity
v(z). In Fig. 2.6 secondary velocity decreases for increasing Hartman number H. Fig. 2.7
depicts that for larger Taylor number 7" the secondary velocity increases. It is because of
the fact that secondary velocity is enhanced due to an increase in rotation. This result also
agrees with previous studies of Hayat et al. [155] and Mahmoud [154]. Also Fig. 2.7 shows no
variation when 77 = 0. In Fig. 2.8 the effect of Hall current parameter m on v(z) is depicted.
Larger m lead to secondary velocity enhancement. The result shows that m resists the change
in fluid caused by an increase in the applied magnetic field strength. Fig. 2.9 witnesses that v

is enhanced for greater values of E; and Fs whereas it has reversed behavior for Fjs.

-H= 0,03.08 12~ - T'=0.03,08, 1_2;;;' Sl

vz

Fig. 2.6 Fig. 2.7
Fig. 2.6: Secondary velocity v for H with z = 0.5, e = 0.1, ¢t = 0.1, F; = 0.3, Fy = 0.1,
E3=01,m=04, T =0.2, Bi; = 2, Br = 0.3.
Fig. 2.7: Secondary velocity v for 7" with z = 0.5, ¢ = 0.1, t = 0.1, E; = 0.3, E» = 0.1,
E3=0.1,m=0.5, H=0.5, Bi; =2, Br=0.3.
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Fig. 2.8: Secondary velocity v for m with x = 0.5, e =0.1,t =0.1, £; = 0.3, E2 = 0.1,
E3=0.1,H=0.5,T"=0.2, Bi; =2, Br =0.3.
Fig. 2.9: Secondary velocity v for Fy, Fo, F3 with t =0.5, e =0.2,t =0.1, m = 0.4, H = 0.5,
T' =0.2, Bi; =2, Br =0.3.

2.4.3 Temperature

Variations of temperature distribution 6 plotted against z for several interesting parameters
are observed through Figs. 2.10— 2.14. Temperature decays as we increase Hartman number
H and rotation parameter 7" (see Figs. 2.10 and 2.11). In Fig. 2.12 the temperature reduces
when heat transfer Biot number Bi; increases. The obtained result indicates that the thermal
conductivity of the fluid reduces with the increase in Bi; and thus temperature decreases. Fig.
2.13 reveals that temperature increases for larger Brinkman number Br. In fact minimum heat
conduction is produced by viscous dissipation. The increasing behaviors of temperature for
elastic parameters E; and Fy and decreasing behavior for damping parameter F3 are shown in

Fig. 2.14.
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Fig. 2.10 Fig. 2.11
Fig. 2.10: Temperature 6 for H with x =0.2, e =0.1,t =0.1, B4 = 0.3, F, = 0.1, B3 =0.1,

m=0.4,T =0.2, Biy =2, Br =0.3.
Fig. 2.11: Temperature 6 for 77 with z = 0.2, e = 0.1, t = 0.1, E; = 0.3, E> = 0.1, E3 = 0.1,
m =04, H=0.5, Bi; =2, Br = 0.3.
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Fig. 2.12 Fig. 2.13

Fig. 2.12: Temperature 6 for Bi; with xt =0.2, e =0.1,¢t =0.1, E; = 0.3, F» = 0.1, B3 =0.1,
H=05T =0.2,m=0.4, Br=0.2.

Fig. 2.13:Temperature 0 for Br with t =0.2, e =0.1,¢t =0.1, By = 0.3, F, = 0.1, E3 =0.1,
H=05T =02, m=04, Bi, = 2.
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Fig. 2.14: Temperature 0 for F1, Fy, F3 with  =0.2, e =0.1,t=0.1, m =04, H = 0.1,
T'=0.2, Biy =2, Br =0.3.

2.4.4 Heat transfer coefficient

The impacts of H, T', Br and E1, E», E3 on rate of heat transfer at channel walls are portrayed
in Figs. 2.15 — 2.18. Fig. 2.15 shows oscillatory behavior for increasing Hartman number H.
Here Z shows decreasing behavior for increasing Taylor number (see Fig. 2.16). In Fig. 2.17 the
rate of heat transfer coefficient Z is enhanced for larger Brinkman number Br due to stronger
viscous dissipation effect. The magnitude of heat transfer coefficient Z near centerline increases

for wall parameters whereas it decreases near the boundaries of the channel (see Fig. 2.18).

6 ] '=02
=03 081115 1'=02.0307.1
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Fig. 2.15 Fig. 2.16
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Fig. 2.15: Heat transfer coefficient Z for H with e = 0.2, t = 0.1, F; = 0.3, F3 = 0.1,
E3=0.1,m=05,T' =0.2, Bi; = 2, Br = 0.3.

Fig. 2.16: Heat transfer coefficient Z for T” with e = 0.2, t = 0.1, £y = 0.3, E> = 0.1,
E3=0.1,m=0.5, H=0.2, Bi; =2, Br=0.3.
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Fig. 2.17: Heat transfer coefficient Z for Br with e = 0.1, ¢t = 0.1, F; = 0.3, F» = 0.1,
E3=0.1, H=05T =02 m=04, Bi, = 2.
Fig. 2.18: Heat transfer coefficient Z for Fy, Fo, F3 with e = 0.2, t = 0.1, m = 0.4, H = 0.5,
T'=0.2, Bi; =2, Br =0.3.

2.5 Conclusions

Hall current and Ohmic heating effects on peristaltic flow in a rotating frame are analyzed. The

major key findings are:

e Impact of Hartman and Taylor numbers on the axial velocity are found similar.

Both axial and secondary velocities are increasing functions of Hall parameter.

Opposite behavior of Taylor number on axial and secondary velocities is observed.

The axial and secondary velocities show similar behavior for wall parameters.

Rotation parameter leads to an enhancement of temperature.
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e Temperature decays for increasing By while it enhances for Brinkman number, Hartman

number and wall parameters.

e Hartman and Taylor numbers outcomes on heat transfer rates are opposite to that of

Brinkman number and wall parameters.
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Chapter 3

Impact of thermal radiation and
thermophoresis on peristalsis in

rotating frame

3.1 Introduction

Thermal radiation effect on peristaltic activity of rotating flow in a channel is addressed in
this chapter. The influences of thermophoresis and chemical reaction are taken into account.
Convective heat and mass transfer conditions in formulation are adopted. In addition, the non-
uniform heat source/sink effect is included in heat transfer analysis. Exact solutions for stream
function and temperature are obtained. Numerical solution for concentration of developed
mathematical model are obtained by considering low Reynolds number and long wavelength.
The effects of emerging physical parameters are analyzed through graphical illustrations. It
is found that influences of thermophoretic and thermal radiation parameters on temperature
and concentration are quite opposite. Further heat transfer coefficient decays when rotation is

increased.
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3.2 Problem development

Consider an incompressible viscous fluid in a channel with width 2d. Both the channel and
fluid rotates with a uniform angular velocity 2 about the z — axis. Mathematical expression

for wave propagation along the channel walls at 2 = +H is given by

]:I(i,f):d+asin§(i—cf). (3.1)

In a rotating frame the governing equations are given by

ou  oOw
o "oz (32)
di . 0p 0? 0? 0?1 .
pdf—QpQ’U——%—FM[@'Fa—@Q‘F@] y (33)
do . 0p 9?9 9P
pd£+2pQu——a—g+M|:w+a—g2+@:|v, (3.4)
do  0Op 0? 0? 0?7 .
pg——é—i-u[@-i-a—?y—‘—@}w, (3.5)
d_T = Lk a_2_|_a_2+8_2 T+ afb+8ﬁ) ’
Pogr = "Taa2 T a2 Ta2|” TH|\oz T s
(ar)z
55 T Qo(T — Tp), (3.6)
dc ? P 02 O(Vr(C — Cy))
df—D[@%—gz*@]C—T—kl(C—Cﬂ)' (3.7
Using Rosseland heat flux approximation we have
- 40'* 8 4

where k* and o*represent the Rosseland mean absorption coefficient and Stefan-Boltzmann
respectively. Expanding 7% about Ty and ignoring higher order terms of (7' — Tp). Then
k**v oT

VT _- — TT 57 (39)
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where v, k** and T, denote the kinematic viscosity, thermophoretic coefficient and reference
temperature respectively.

The conditions for present problem are

or oC
Az - = U, D ~ = z = s 1
U 0, v, =0, kr— 5 =0 PE 0 at 2=0 (3.10)
A ) or aC .
u = O, v = 0, k‘T 0% B —hl( T) D— 02 e —hQ(CO — C) at 2= h, (3.11)

in which iLl and ;LQ indicate the heat and mass transfer coefficients respectively.
Putting Egs. (3.8) and (3.9) in Eqgs. (3.6) and (3.77) and then using the wave frame

transformations

r = ZL'—CI?, y:Q, Z:?S, p:ﬁ(i‘agﬂé)a

w(z,y,2) = a(z,9,2) —c, v(&,9,2) =0(z,9,2), w(,7g,2) =wz,7,2). (3.12)

Egs. (3.2) — (3.7) become

ou Ow
oo (3.13)
(u+c)%+v@+w@—29 ——@Jr il +82 +82 (3.14)
Ox oy 0z ox 922 " 0y | 922 ’
v v ov _ Op ov  0*v 0%
R A A A B AT e ie - R =
ow ow ow|  Op ow Pw  Pw
|:(U+C)%+Ua—y+w$:|——a—+ |:82+a +8Z2:|’ (316)
ar e e oy (o owy:
Perar = 02 | Oy? a 022 0z Ox
82
+ Tga 2 + QO(T - TO)> (317)
ac 0? 0? 0? E*v [0 [oT
7T Plaztap Tz Ot T |m (5 C )| —hE-G). 38
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Using dimensionless variables

T NN )
- )\73/_)\7 _d7 _)\a _/J/C)\’
TR— ¢ v*—g w*—E g/ Q—T_TO
A —o T Tt T

C - Cy d cd
¢ CO 9y A’ e v

U = www = —5%;7

and applying lubrication approach, the Egs. (3.14) — (3.18) give
Pe— V.., — 2T'v =0,

Py — Vzz + 2T/(1/}z + 1) =0,
bz = 07
(1+ R, Pr)f,. + +Bry?, + S0 =0,

¢zz - T,SC [9z2¢ + 0z¢z] - ’)’¢ =0

and the conditions in non-dimensional form are

h(z) = 1+ esin2nz,
00 0¢
= = =Y, - =Y, 77— = t =y,
Y 0, ¢,, =0, v 0873082 0 atz=0
00 0
v = F, ¢v,=-1, v=0, — — Bi;0 =0, —¢—Bz’2d)=0 at z = h,
0z 0z
where the stream function 1 gives
h
b = / Y, dz
0

From Eq. (3.23) p # p(z), thus Eq. (3.21) becomes

wzzzz + 2T/UZ = 0

(3.19)

(3.20)

(3.21)

(3.22)
(3.23)
(3.24)

(3.25)

(3.26)
(3.27)

(3.28)

(3.29)

and due to rotational effect, we neglect pressure term caused by secondary flow. Therefore Eq.
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(3.22) becomes
Vs — 2T (0, + 1) = 0. (3.30)

3.3 Solution methodology

The closed form solutions of Egs. (3.29), (3.30) and (3.24) and boundary conditions (3.26) —
(3.27) are

~1
W(z) = <sin 2hV/T' — sinh 2h\/JT’> [—2sin 2AVT" — A1 (2(Fy + h) cosh 2v/T" sin 2V/T"
—2F cos 2VT" sinh 2V/T' — 2h cos zV/T" sinh z\/JT’) + zsinh 2nV/T"

(14 4)(Fy + h) Ag(sin(1 + i)2VT' — sinh(1 +4)2VT )], (3.31)

-1
v(z) = (sin 2hVT' — sinh 2h\/ZT’) [2(Fy + h)(cos 2hV/T" — cosh? hv/T'
—2A3 cos 2V/T" cosh 2VT") + sinh® hv/T" + Ay sin 2v/T" sinh zﬁl]a (3.32)

0(z) = (Bi1+ Ba)cosh Bsz + (B1 — Ba) sinh B3z + By[(cosh Bs — sinh Bs)

(Cycos Cpz + Dy, cosh Dyyz + Ey sin Cp,z + G, sinh Dy, 2)) (3.33)

where A; (j=1—-4), By (k=1-5),C1, I, m=1-32), Dy, (n=1-32), B, (¢=1-32)
and G, (r = 1 — 32) have been computed algebraically. Eq. (25) is solved numerically using
NDSolve built in MATHEMATICA.

3.4 Discussion

The Taylor number 7" effect on axial velocity is sketched in Fig. 3.1. It is noticed from Fig.
that velocity is decreasing function of 7" in the upper half of the channel whereas it shows an
increasing behavior in lower half of channel. It is because of the fact that the secondary flow is
produced by rotation which causes decay of velocity. Fig. 3.2 depicts that for increasing Taylor

number T” the secondary velocity increases. In fact secondary velocity is enhanced due to an
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increase in rotation.

Figs. 3.3— 3.7 are plotted to observe the effect of temperature distribution 6 for several
parameters. Temperature rapidly decays as we increase rotation parameter 7" (see Fig. 3.3).
The reason behind this fact is that as we increase 7" the motion of the fluid particles increases
which causes decrease in 6. Effect of increasing non-uniform source/sink parameter S on 6
is observed in Fig. 3.4. We noticed that temperature distribution rises for larger S. The
distribution of temperature is portrayed for different values of R,, in Fig. 3.5. It is noticed that
for larger radiation parameter R, the temperature decreases. It is in fact due to the loss of heat.
Effect of Brinkman number Br is shown in Fig. 3.6. Here temperature enhances for increasing
Brinkman number Br. Involvement of viscous dissipation effect in Br produced minimum heat
conduction which results rise in 6. In Fig. 3.7 the temperature reduces when heat transfer
Biot number Bi; increases. The obtained result indicates that the thermal conductivity of fluid
reduces with an increase in Bijand so decay in 6 is noticed.

The impacts of T”, S, R,, Br and Bi; on heat transfer rate Z at channel walls are portrayed
in Figs. 3.8 — 3.12. Fig. 3.8 predicts that Z increases for larger 7" when rotation increases.
Opposite behavior for heat generation/absorption S is shown in Fig. 3.9. This indicates that
Z is higher for S > 0. In Fig. 3.10 the magnitude of heat transfer coefficient Z near centerline
enhances for radiation parameter whereas it decreases near the channel boundaries. In Fig.
3.11 due to stronger viscous dissipation effect the rate of heat transfer coefficient Z rises for
larger Brinkman number Br. Influence of Bi; on heat transfer rate 7 is illustrated in Fig. 3.12.
Decrease in Z is seen for larger values of Bij.

Effect of different emerging parameters on dimensionless concentration ¢ are demonstrated
through Figs. 3.13 — 3.17. As temperature and concentration have inverse relation so con-
centration shows opposite behavior for sundry parameters. In Fig. 3.13 we observed that
concentration ¢ increases for larger Taylor number 7”. An enhancement of ¢ is shown in Fig.
3.14 for increasing values of heat generation/absorption S. Similar graphical result of concen-
tration field ¢ is obtained in Fig. 3.15 for growing values of chemical reaction parameter ~.
Since chemical effect increases the rate of interfacial mass transfer and thus reduces the local
concentration which in turn increases concentration flux when we have constructive chemical

reaction. Here Fig. 3.16 is plotted to analyze the behavior of thermophoretic parameter 7
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on concentration ¢. It is noticed that larger values of thermophoresis parameter increases the
concentration for a small range. In fact larger temperature gradient increases 7’ which causes
an enhancement in concentration profile. Fluctuation in ¢ for mass transfer Biot number Bis

is portrayed in Fig. 3.17. Concentration of fluid increases when we take larger values of Bis.

— T T T T T T
osh S- L — T=03]]
~. ~ T=2
.
0.20 - - - = "
S T =
-
0.15 F e ]
-'"---._ LY
.
0.10 | . ]
Tl -~
"
0.05 F Sl s 1
RN
000, I I I I I 1 =
0.00 0.05 0.10 0.15 0.20 0.25 0.30
Zz
Fig. 3.2

Fig. 3.1: Plot of w via T” when € = 0.7, z = 0.1, n = 0.5.
Fig. 3.2: Plot of v via T when € = 0.7, z = 0.5, n = 0.5.

F F

Fig. 3.3 Fig. 3.4

Fig. 3.3: Plot of 6 via T when ¢ = 0.7, x = 0.1, p = 0.7, Pr = 0.5, Bi; =5, Br =2, R, = 0.3,
S =0.5.
Fig. 3.4: Plot of 6 via S when ¢ = 0.7, x = 0.1, n = 0.7, Pr = 0.5, Bi; =5, Br =2, R, = 0.3,
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Fig. 3.5: Plot of 6 via R, when ¢ =0.7, x =0.1, n =0.7, Pr = 0.5, Bi; =5, Br =2, 5 = 0.5,
T =0.2.

Fig. 3.6: Plot of 6 via Br when e = 0.7, z = 0.1, n = 0.7, Pr = 0.5, Bi; =5, R, = 0.3,
S =05 T =0.2.

LETS g

Fig. 3.7

Fig. 3.7: Plot of 6 via Bi; when ¢ = 0.7, x = 0.1, n = 0.7, Pr = 0.5, Br =0.2, R, = 0.3,
S=0.5T =0.2.
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Fig. 3.8 Fig. 3.9

Fig. 3.8: Plot of Z via T" when ¢ = 0.3, 7 =0.1, Pr = 1.5, Bi; =5, Br =2, S = 1.4, R, = 0.3.
Fig. 3.9: Plot of Z via S when e = 0.3, =0.1, Pr = 1.5, Biy =5, Br =2, R, = 0.3, 7" = 0.2.

Fig. 3.10 Fig. 3.11

Fig. 3.10: Plot of Z via R,, when ¢ = 0.3, 7 =0.1, Pr = 1.5, Bi; =5, Br =2, T = 0.2,
S =0.5.
Fig. 3.11: Plot of Z for via Br when e = 0.3, n=0.1, Pr =15, Biy =5, R, = 0.3, T = 0.2,
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S =0.5.

Bi, = 2

Fig. 3.12

Fig. 3.12: Plot of Z via Bi; when ¢ = 0.3, =0.1, Pr =1.5, Br =2, R, = 0.3, T" = 0.2,
S =0.5.

Fig. 3.13 Fig. 3.14

Fig. 3.13: Plot of ¢ via T when € = 0.3, z = 0.2, n = 0.7, Bi; = 10, Bis = 10, Pr = 0.7,
Br=2 R,=1,5=08,7 =0.7, Sc= 0.2, v = 0.3.

Fig. 3.14: Plot of ¢ via S when e = 0.3, x = 0.2, n = 0.7, Bi; = 10, Bis = 10, Pr = 0.7,
Br=2 R,=1,7=0.7,5c=02,v=0.3,T =0.2.
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Fig. 3.15 Fig. 3.16

Fig. 3.15: Plot of ¢ via v when e = 0.3, x = 0.2, n = 1.5, Bi; = 10, Bis = 10, Pr = 0.7,
Br=2 R,=1,7=0.7,5¢=0.2,5=05T =0.2.

Fig. 3.16: Plot of ¢ via 7/ when € = 0.3, z = 0.2, n = 0.7, Bi; = 10, Bis = 10, Pr = 0.7,
Br=2,R,=08,v=03,5=02 5=05T =2.

Fig. 3.17

Fig. 3.17: Plot of ¢ via Big when ¢ = 0.3, x = 0.2, n =0.7, Bi; = 10, 7 = 0.1, Pr = 0.7,
Br=2 R,=08,7v=0.3,5=02 8=05T =2.
3.5 Conclusions

Influences of thermal radiation and thermophoresis on peristaltic rotating flow are focused. Key

findings of present analysis are:
e Dual effect of Taylor number on u is observed.
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e Secondary velocity is an increasing function of Taylor number.
e Similar behavior of temperature is noticed for rotation and radiation parameters.

e Temperature is an increasing function of heat generation/absorption and Brinkman num-

ber.

Opposite behavior of temperature and concentration is noticed for emerging parameters.

Heat transfer rate decreases by increasing 7", R,, and Bi; whereas it enhances for S and

Br.
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Chapter 4

Peristaltic activity of rotating

Prandtl fluid

4.1 Introduction

Peristaltic motion of MHD rotating flow of Prandtl fluid in channel with flexible characteristics
is discussed. Constant angular velocity is adopted. Channel is convectively heated. Numerical
results are obtained. Axial and secondary velocities, temperature and heat transfer coeflicient

are examined.

4.2 Definition

Consider peristaltic motion of MHD Prandtl fluid in a uniform channel of thickness 2d. Uniform
magnetic field By is applied. Effect of electric field is not retained. Convectively heated channel

has flexible walls. The wall surface satisfies

z==xn(z,t) ==+ d+asin277r(x—ct) . (4.1)
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For Prandtl fluid, the general constitutive equations are represented as:

T = —pl+8S,
3 3 )
sin (33 camtpa)
p m=1n=1 243
Sij = 3 3 1 €ijs
Emnlnm |3
(mZ::InZ::I 243 )

where

Using Patel et. al. [35] we have

o AreTUEIGE? (B2

(52 + (g2 027
o AU+ (B
o G2+ e o=

(4.2)

(4.3)

where A; and A, are material constants relating to Prandtl fluid. Considering velocity compo-

nents u, v, w in x, y, z directions, we have

V = [u(x, z,t),v(x, 2,t),w(z, 2,t))].

Mass, momentum and energy conservation equations in rotating frame are

ouow_
oxr 0z
du o aﬁ anz asxy asﬂﬁz 2
Pt 208k = ox + ox + dy + 0z o Bou,
dv op 0S oS 08,
W 9= P yz vy vz _ ;B2
Pt +eptiu oy + Ox * oy + 9, 770Y

Pat = "8z " Tor oy 0z’

dw _ 0p , 0S. , Sy , 05

ar _ [T 0T 0T o 0
Pae = 022 T o2 T 022 o

oz dz Ox

43

Yis,, <@+8—w>

(4.4)



with conditions

hro— = —hy (T —Tp) at z=n, (4.10)
z
oT o
kr— = —h(Tp—T) at z= —n, (4.11)
0z
u=0,v=0 at z ==+£n, (4.12)
0 Op du  0Syz = O0Szy = 0Si: 9
ox () ox pdt+8x+8y+8z oBout piiv at 2 G (4.13)
where
0? 0? 0
G=-1— — +d—.
"oz TMaE T
Consider
I R R R > ]
a: - A? y - A? Z - d7 - A? - McA?
'LL* = E;’U*Zgaw*zgun*:ﬂas*:§7
c c c d e
T—-Th d cd
6 = §=—=, Re=—. 4.14
=t Re=S (1.14)
Defining the stream function (¢) by

and invoking lubrication technique one obtains from (4.5) — (4.9) as

Op  0Ss.

—2T"y = st 3, H%),, (4.16)
2Ty, = —g—z + 85” — H?v, (4.17)
0= —% 865)';27 (4.18)

% + BrSy.1,, = 0. (4.19)
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Through Eq. (4.3) we can write

Q@
Sez = alwzz + %wgza (420)
o}
Sy = o+ %vg’, (4.21)
S.. = 0, (4.22)
with the dimensionless conditions
n = l4esin2n(x—1), (4.23)
0
8——0-31'16 = 0 at z=mn,
0z
00
5 Bii = 0 at z=—mn, (4.24)
v, = 0, v=0 at z=4n, (4.25)
0° 03 0? 0S,.
FBy=—+E——+E = —H? 2Ty at z = +n. 4.26
98 T e T 3axat]” 0= Vo2 at 2= (426)
In above expressions o = :\171 and ag = g;f; denote the Prandtl fluid parameters.
2 2

Equations (4.18) and (4.22) indicate p # p(z). Following arguments of previous chapters we

have
0 [0S:, 9 c 1
aSyz 2 / _
5% — H?v —2T"), = 0. (4.28)

Our interest is now to find numerical solution by shooting technique with fourth order Runge-

Kutta scheme.

4.3 Analysis

Various pertinent parameters effects on u(z) are concluded via Figs. 4.1 (a — e). Figs. 4.1(a)
and (b) depict a visible reduction in velocity profile with the increase in 3 and ag respectively.
Higher Prandtl fluid parameters oy and aso characterize an increase in viscosity. Consequently a

decreasing velocity profile is captured. Same results are reported by Riaz et al. [54] and Hayat
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et al. [55]. Externally applied magnetic field helps in aligning the fluid particles. Fluid velocity
is decreased. This effect of magnetic field makes it valuable in biomedical applications like
GMR (see Fig. 4.1(c)). A numerical study using Runge-Kutta Fehlberg method presented by
Akbar et al. [52] approves the present finding via larger Hartman number. Velocity against wall
parameters is presented via Fig. 4.1(d). The obtained result illustrates velocity enhancement
against F; and F». However velocity is decreased by Fs. Larger Eiand FEs give less resistance
to flow and so velocity decreases for E3. Results of [53] also confirm these outcomes. Rotation
in system induces a secondary flow. This secondary flow is perceived to yield decrease in axial
velocity (shown by Fig. 4.1(e)). Accordingly the axial velocity is quite high in the absence of
rotation parameter 7”. The Taylor number (7”) is a dimensionless quantity which characterizes
the importance of centrifugal forces due to rotation of fluid relative to viscous forces.

Figs. 4.2(a — e) indicate secondary velocity v by rotation about z—axis. Secondary velocity
for a; and ag has similar behavior to that of axial velocity (see Figs. 4.2(a) and 4.2(b)). Fig.
4.2(c) depicts decay in secondary for larger Hartman number H. Externally applied magnetic
field acts as drag force and so resists the fluid flow. In Fig. 4.2(d) the wall parameters have
similar impact on secondary velocity when compared to that of axial velocity. Impact of Taylor
number 7" on v is shown via Fig. 4.2(e). An interesting fact worth mentioning here is the
opposite behavior of secondary velocity in response to rotation. Secondary velocity, in contrast
to axial velocity, enhances in the presence of rotation. For authenticity the results of T” can
be compared with Mahmoud [154] and Hayat et al. [155]. However secondary velocity vanishes
for TV = 0.

Figs. 4.3 (a — g) are included to elaborate the behavior of temperature distribution 6. From
Figs. 4.3(a) and (b) it is observed that fluid cools down for fluid parameters o and . Parabolic
temperature profile is observed in these figures, referring to the fact that fluid has the highest
velocity and temperature, at centre of channel. Fig. 4.3(c) concludes a decreasing behavior
when H is enhanced. Fig. 4.3(d) illustrates the impact of wall parameters. Variation of wall
parameter leas to temperature enhancement. Average kinetic energy is known as temperature.
The velocity and temperature have similar effects. Temperature is decreased for larger Bi; (see
Fig. 4.3(e)). Note that dissipation effect leads to Brinkman number. Clearly such dissipation

generates heat in channel. There is temperature enhancement when Br enhances (see Fig.
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4.3(f)). Temperature is decreased via T” (see Fig. 4.3(g)).

Behavior of heat transfer coefficient Z for parameters oy, ao, H, Biy, Br, T' and wall
parameters F; are shown through Figs. 4.4 (a — g). Heat transfer coefficient defined by Z =
n,0(n), involves temperature of the fluid as well as position of channel walls. It is found
from Figs. 4.4(a) and (b) that larger fluid parameters o and [ ensure lower heat transfer
rate. Hartman number H decays magnitude of heat transfer coefficient Z near channel centre
whereas it increases near the boundaries (see Fig. 4.4(c)). From Fig. 4.4(d) it is noticed that
Z increases for Ey and Es. Effects of E3 on Z is different to that of Fy and FEs. Fig. 4.4(e)
depicts no absolute value of heat transfer coefficient when Biy varies. The obtained result from
Fig. 4.4(f) shows increasing behavior of Br. Heat transfer rate between wall and fluid decays

for larger rotation (see in Fig. 4.4(g)).

(z)

a2 =03,09,15

—0.3 0.0 0.3 1.0

Z Z

(a) (b)
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H=03,05,07

T'=0,. 03, 07

Fig. 4.1: Axial velocity u for (a) Prandtl fluid parameter «; when Ey = 0.03, E2 = 0.02,
E3=00L,e=02t=01,2=02 as =05 Br=0.3, Biy =2, T' = 0.2, H = 0.3 (b)

Prandtl fluid parameter as when Fq = 0.03, E» = 0.02, £3 =0.01, e = 0.2, t = 0.1, x = 0.2,
a1 =2, Br=0.3, Bi; =2,T7"=0.2, H= 0.3 (¢) Hartman number H when E; = 0.03,

E»=0.02, BF3=001,¢=02,t=01,2=02 a0 =05 Br =03, Biy =2, T' = 0.2, a1 = 2

(d) wall parameters E1, Fa, E5 when a1 =2,t=0.1, z = 0.2, ag = 0.5, Br = 0.3, Bi; = 2,
T'=0.2, H= 0.3 (e) Taylor number 77 when F; = 0.03, E5 = 0.02, E3 = 0.01, € = 0.2,
t=01,2=02 as =05, Br =03, Biy =2, H=03, a; = 2.
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Fig. 4.2: Secondary velocity v for (a) Prandtl fluid parameter o; when E; = 0.5, Ey = 0.4,
B3=03,e=02t=01a2=-02 as =05, Br =03, Biy =2, T' = 0.2, H = 0.3 (b)
Prandtl fluid parameter as when Fy = 0.5, Fo =04, E3=0.3,¢=0.2,t=0.1, x = —0.2,
a1 =2,Br=0.3, Bi1 =2,7"=0.2, H=0.3 (¢) Hartman number H when E; = 0.5,
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Ep=04, B3 =03, e=02,t=0.1, 2 = —0.2, ag = 0.5, Br = 0.3, Biy =2, T' = 0.2, a; = 2
(d) wall parameters E1, Fa, F3 when oy =2,t=0.1, z = —0.2, ap = 0.5, Br = 0.3, Bi; = 2,
T' =0.2, H=0.3 (e) Taylor number 7" when E; = 0.5, F3 = 0.4, E3=0.3, ¢ =0.2, t = 0.1,

z=-02, a0=05 Br=0.3, Bi; =2, H=0.3, a1 = 2.
10 4
s s
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Fig. 4.3: Temperature 6 for (a) Prandtl fluid parameter o; when E; = 0.3, Ey = 0.2,
E3=01,6=02,¢t=0.1,2=02, as = 0.5, Br=0.3, Biy =2, 7" = 0.2, H = 0.3 (b) Prandtl
fluid parameter as when 1 =0.3, E2 =0.2 E3=0.1,¢=0.2,t=0.1, x = 0.2, a1 = 2,
Br=0.3, Bi; =2, 7' = 0.2, H= 0.3 (¢) Hartman number H when E; = 0.3, E3 = 0.2,
FE3=01,6=02,t=0.1,2=0.2, a2 =0.5, Br=0.3, Bi; =2, 7" = 0.2, a1 = 2 (d) wall
parameters F1, Fo, B3 when a1 =2, ¢t =0.1, 2 = 0.2, ag = 0.5, Br = 0.3, Bi; =2, T' = 0.2,
H = 0.3 (e) Biot number Bi; when E; = 0.3, E3 =0.2, E3=0.1, e =0.2,t =0.1, x = 0.2,
ag =0.5, Br=0.3, H=0.3, 7" = 0.2, ag = 2 (f) Brinkman Br when E; = 0.3, E; = 0.2,
Es=01,e=02,t=01,2=0.2, a0 =0.5, Biy =2, H=0.3, 7" = 0.2, ag = 2 (g) Taylor
number 77 when F; = 0.3, B2 = 0.2, B3 =0.1, e = 0.2, t = 0.1, z = 0.2, as = 0.5, Br = 0.3,
Biy =2, H=103, a; = 2.

o1



Jap =05, 07, 0_9“:\.

—60F

Z(x)
Fry

i
fry brg Py by
Ba o kan ka0 b

by by By by

-

A W
Br=030507" -]

P

—0.5 0.0 0.5 1.0

52



Z(x)

(8)
Fig. 4.4: Heat transfer coefficient Z (a) Prandtl fluid parameter oc; when Fy = 0.5, Ey = 0.4,

E3=03,e=02,t=0.1,2=0.2, s = 0.5, Br =0.3, Bi; =2, 7" = 0.2, H = 0.3 (b) Prandtl

fluid parameter ap when Fy = 0.5, Fo =04, F3=03,¢=0.2,t=0.1, 2 = 0.2, a1 = 2,
Br=0.3, Bi; =2, T"=0.2, H= 0.3 (¢) Hartman number H when F; = 0.5, E» = 0.4,
F3=03,¢e=02t=01,2=02 as =05 Br =03, Bi; =2, T' = 0.2, a1 = 2 (d) wall
parameters E1, Fo, E3 when a1 =2, ¢t =0.1, 2 = 0.2, ap = 0.5, Br = 0.3, Bi; =2, T' = 0.2,
H = 0.3 (e) Biot number Bi; when Fj = 0.5, F; = 0.4, E3=0.3,¢=0.2,t =0.1, z = 0.2,
ag =05, Br=0.3, H=0.3,T7"=0.2, a; = 2 (f) Brinkman Br when E; = 0.5, Es = 0.4,
E3=03,e=02,t=0.1,2=0.2, a2 =0.5, Biy =2, H=0.3, 7" = 0.2, a; = 2 (g) Taylor
number 77 when Fy = 0.5, E5 = 0.4, B3 =03, ¢ = 0.2, t = 0.1, z = 0.2, as = 0.5, Br = 0.3,
Biy=2, H=03, a; = 2.

4.4 Conclusions

Important findings here are

e Axial and secondary velocities via rotation have opposite effects.

Similar response of Prandtl fluid parameters on u, v, 8 and Z is seen.

Both velocities are enhanced for flexible characteristics.

e Decay in u, 6 and Z is observed for Hartman number.

Brinkman and Biot numbers for temperature and heat transfer coefficient have opposite

effects.
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Chapter 5

MHD peristaltic flow of rotating
Prandtl fluid with Soret and Dufour

effects

5.1 Introduction

The purpose here is to examine Soret /Dufour effects in MHD peristaltic flows of rotating Prandtl
liquid in a channel with flexible boundaries. Formulation for heat and mass transfer is arranged
using convective conditions. Large wavelength and small Reynolds number are utilized. The

numerical solution of resulting problems are obtained and analyzed in detail.

5.2 Problem development

We examine peristaltic flow of Prandtl liquid in a rotating system. Channel of width 2d is
considered. The channel and liquid rotate by constant angular velocity 2 = Ok (l% is unit
vector parallel to z — axis). Magnetic field of strength By is applied. The wall surface in
mathematical form is

z==xn(z,t) ==+ d+asin2§(aﬂ—ct) . (5.1)
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Fig. 5.1: Sketch of problem.

For Prandtl fluid, the Cauchy stress tensor 7 is represented by:

T = —pI+S,
3 3 L
sin (3 Y cuntpa)
y m=1n=1 243
Sij = A 3 — | i
(mzzjl n=1 em;'ggm )5

where

and (Al, Ag) are material constants.

For present rotating flow, the governing equations are

ou o
oz 0z
du  0p , 0Szz | OSyy | 0S:.
Pt 2p8t = ox + ox + Yy + 0z
dv op 0S 08, 0S8,
W o0y = 2P yz yy yz
Pt +aptiu y + ox + oy + 0z

dw_ 0 0S. 08, 05
Pat = "8z " Tox oy 0z’
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Energy and concentration equations are

dr 9 DK _, ou ou  Ow ow
pCpE = ]{JTV T+ TSV C + Smx% + sz (5 + %) + Szz Oz ’ (58)
ac DK
- D 2 = 2T .
o~ DVO+ v (5.9)

in which T;,, D, K/, Cs, represent mean fluid temperature, mass diffusivity coefficient, thermal

diffusion ratio and concentration susceptibility respectively. The conditions are

k:Tg—f = —(T-Tp) at z=n, (5.10)
oT .
TS, = —hi(To—T) at z=—n, (5.11)
Daa—f = —;LQ(C—O()) at z=mn, (5.12)
p% _ —hy(Co—C) at z= —n, (5.13)
0z
u=0, v=0 at z==+n, (5.14)
3} O du  O0Sy  O0Syy | 0Ss: o _
83:G(n) == "a T e T 3y + 5, oBju+2pQu at z = =£n, (5.15)
0? . 02 , 0
G=—Tom Tmiga tdg

where (;Ll, hg) and T represent the coefficient of heat and mass transfer and fluid temperature.

Employing
B T R R ]
- )\7 y - )\7 - d’ - )\7 p - MCA’
T —Ti
u* = Eav*zgaw*zgvn*zﬂvs*zﬁaez 07
c c c d e Th
C—-Cy R* d cd
u=1,,w=—0,, (5.17)

Egs. (5.5) — (5.9) takes the given form after using long wavelength and low Reynolds number
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considerations,

dp 0S

o / _ v Tz _ 2

2T o + P H*y,,
op O0S

1, 9P vz 72

27"y, = By + ER H4v,
op
0z 0,

..+ Pr Dug,, + BTSIZq/}ZZ =0,
¢, +ScSrg,, = 0.

Non-dimensional extra stress components through Eq. (5.3) are

s
Sa:z = O‘lwzz + szzv

Syz = al”z"‘gvu

(5.18)

(5.19)
(5.20)

(5.21)

(5.22)

(5.23)

(5.24)

. j 2 . . . .
with a1 = —‘?2‘1— and oy = L% are Prandtl fluid parameters. The corresponding dimensionless
A2

T A%g2

conditions are

n = l4esin2m(x—1),
@—l-BilH = 0 at z=mn,
0z
@—Bilﬂ = 0 at z=—n,
0z
%-l-Bigqb = 0 at z=n,
0z
%—Bigqb = 0 at z=—n,
0z
Y, = 0, v=0 at z==n,
03 03 0? 05z
Ei——=+E——+E = —H? 2T"v at z = +n.
95 T om0 T 383:8477 0z Vo2l at 2=

From equation (5.20) p # p(z), equation (5.18) becomes

0 {(%’M

i _ g2 ! _
— |52 H¢Z+2TU} 0

o7

(5.25)

(5.26)

(5.27)

(5.28)

(5.29)

(5.30)



and equation (5.19) gives

8Sy2 2 !
—= — H*v —-2T =0. 31
o v Y, =0 (5.31)

Here we neglect the pressure term due to secondary flow which is caused by rotation.

5.3 Solution methodology

We solve equations (5.21), (5.22), (5.30) and (5.31) numerically in Mathematica using built in
command ND-Solve. Physical quantities of interest with respect to emerging parameters are

discussed.

5.4 Discussion

5.4.1 Axial velocity

First of all axial velocity u(z) is displayed in Figs. 5.2 — 5.6. Impact of a; and ae on velocity
is presented in Figs. 5.2 and 5.3. The obtained results show the decreasing behavior of velocity
via larger parameters. Fig. 5.4 is portrayed to observe the behavior of Hartman number H on
u. It is evident that velocity decreases by increasing H. As expected the magnetic field resists
the flow. For increasing Taylor number 7", the axial velocity decays as shown in Fig. 5.5 . In
fact secondary flow due to rotation decayed the velocity. In absence of rotation, we observed
that velocity is maximum. In Fig. 5.6 variation in velocity is depicted for wall parameters.
For increment in elastic parameters /1 and FEs, u increases while for enhancement in damping

parameter Fs3, u decays.

W(z)
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Fig. 5.2: Sketch of uw versus a; when x = 0.2, e =0.2,¢t =0.1, £; = 0.3, E3 = 0.1, F3 = 0.1,
H=03,T"=02,as =0.5, Biy =2, Bia =5, Pr =0.2, Sr = 0.4, Du = 0.4, Sc = 0.3,
Br=0.2.

Fig. 5.3: Sketch of uw versus ae when x = 0.2, e =0.2,¢t =0.1, £; = 0.3, F3 = 0.1, F5 = 0.1,
H=03T =02 a1 =2, Biy =2, Big =5, Pr=0.2, Sr = 0.4, Du= 0.4, Sc = 0.3,

Br =0.2.
30f ' enfc ] 16 Ao
H=004,071 77777705 4fT'=0.05, 115 el T
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Fig. 5.4 Fig. 5.5

Fig. 5.4: Sketch of u versus H when z = 0.2, e =0.2,t=0.1, £; =0.3, E» = 0.1, F3 = 0.1,
as =05 T =02,a1 =2, Biy =2, Bio =5, Pr=0.2, Sr =04, Du= 0.4, Sc = 0.3,
Br=0.2.

Fig. 5.5: Sketch of u versus 77 when z = 0.2, e = 0.2, t = 0.1, £, = 0.3, E5 = 0.1, E3 = 0.1,
H=03,a0=05,a1 =2, Biy =2, Bio=5, Pr=0.2, Sr =04, Du=0.4, Sc=0.3,

Br =0.2.
35E = = E
S .
30 -
25F E
= 20F ) .
= osk Y B\ E. . E
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Fig. 5.6

Fig. 5.6: Sketch of u versus Fq, Ey, F3 when x = 0.2, e =0.2,t =0.1, ay =2, H = 0.3,
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T' =0.2, as = 0.5, Biy = 2, Biy =5, Pr = 0.2, Sr = 0.4, Du = 0.4, Sc = 0.3, Br = 0.2.

5.4.2 Secondary velocity

Influence of emerging physical parameters on secondary velocity v are sketched in Figs. 5.7 —
5.11. For increasing a; and «g, axial velocity shows decreasing behavior (see Figs. 5.7 and 5.8).
Secondary velocity decreases for increasing Hartman number H as depicted in Fig. 5.9 . In Fig.
5.10 the effect of Taylor number 7" on v is depicted. Increasing rotation enhances secondary
velocity. Also we observe that there is no secondary velocity when 77 = 0. From Fig. 5.11 we

see that v is increased by E;(i = 1,2)and reverse effect is noticed for Es.

.

ey =05,07,09,1-7777775

viz)

005

0.00 &~

Fig. 5.7 Fig. 5.8

Fig. 5.7: Secondary velocity v for Prandtl fluid parameter oy when x = —0.2, e = 0.2, t = 0.1,
E1 =05, Fy=0.3, BE35=0.1, H=03,T =02, as = 0.5, Biy = 2, Bis =5, Pr = 0.2,
Sr=0.4, Du=0.4, Sc=0.3, Br =0.2.

Fig. 5.8: Secondary velocity v for Prandtl fluid parameter o when x = —0.2, e = 0.2, t = 0.1,
E1 =05 Fy=03, E3=01, H=03,T =02, a; =2, Bi; = 2, Biy =5, Pr =0.2,
Sr=0.4, Du=04, Sc=0.3, Br =0.2.
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Fig. 5.9: Secondary velocity v for Hartman number H when z = —0.2, e = 0.2, t = 0.1,

E1 = 0.5, E2 = 0.3, E3 = 0.1, g = 0.5, T = 0.2, o] = 2, Bil = 2, B?:Q = 5, Pr= 0.2,
Sr=0.4, Du=04, Sc=0.3, Br =0.2.

Fig. 5.10: Secondary velocity v for Taylor number 77 when x = —0.2, ¢ = 0.2, t = 0.1,

E1 = 0.5, E2 = 0.3, E3 = 0.1, H = 0.3, Q9 = 0.5, a1 = 2, Bil = 2, Big = 5, Pr = 0.2,
Sr=0.4, Du=04, Sc=0.3, Br =0.2.
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Fig. 5.11

Fig. 5.11: Secondary velocity v for walls parameter Fy, Fo, 3 when x = —0.2, ¢ = 0.2,
t=01,a01=2 H=03,T =02, a3 =0.5, Biy =2, Bis =5, Pr=0.2, Sr = 0.4, Du = 0.4,
Sc=10.3, Br=0.2.
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5.4.3 Temperature

The temperature 6§ with z for ay, as, Biy, Bis, T', St, Du, Br, Sc and Pr are plotted in Figs.
5.12— 5.22. As we increase fluid parameters oy and ag, 6 decays (see Figs. 5.12 and 5.13).
The effects of Bi; and Biy on temperature are shown in Figs. 5.14 and 5.15. For increasing
heat transfer Biot number Bij, temperature decays. In fact thermal conductivity of fluid is
reduced. No variation in 6 is seen for increasing mass transfer Biot number Bis. Due to fluid
resistance, temperature falls for larger H (see Fig. 5.16). In Fig. 5.17 temperature decreases
for increasing T7”. In Figs. 5.18 and 5.19 temperature rises by increasing Soret St and Dufour
Du numbers. It is due to increase in thermal diffusion. Impact of Brinkman number Br on 0 is
portrayed in Fig. 5.20. Temperature increases due to less heat conduction produced by viscous
dissipation. Temperature is increasing function of Sc and Pr as exhibited in Figs. 5.21 and
5.22. Tt is because of the fact that for larger Sc, mass diffusivity decays and hence 6 enhances.

Specific heat of fluid enhances when we increase Pr which results in rise of temperature.

a3 =03,05,0.7,09

Fig. 5.12 Fig. 5.13
Fig. 5.12: Temperature 6 for Prandtl fluid parameter a; when z = 0.2, e = 0.2, t = 0.1,

Ey=03,E,=0.1, E3=0.1, H=0.3,T' =0.2, ag = 0.5, Biy = 2, Biys =5, Pr =0.2,
Sr=0.4, Du=04, Sc=0.3, Br =0.2.
Fig. 5.13: Temperature 6 for Prandtl fluid parameter as when z = 0.2, e = 0.2, t = 0.1,
E1=03,E,=0.1,FE3=0.1,H=03,T7"=02, ay =2, Biy =2, Bip =5, Pr=0.2,
Sr=0.4, Du=04, Sc=0.3, Br =0.2.
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Fig. 5.14 Fig. 5.15
Fig. 5.14: Temperature 6 for heat Biot number Bi; when z = 0.2, e = 0.2, t = 0.1, F; = 0.3,

Ey=0.1,FE3=01,H=03,T7 =02, aa = 0.5, ay =2, Big =5, Pr=0.2, Sr = 0.4,
Du=0.4, Sc=0.3, Br=0.2.
Fig. 5.15: Temperature 6 for mass Biot number Biy when x = 0.2, e = 0.2, t = 0.1, £; = 0.3,
Ey=01,F3=01,H=03,T7" =02, a1 =2, Biy =2, ag = 0.5, Pr =0.2, Sr = 0.4,
Du =04, Sc=0.3, Br=0.2.

Fig. 5.16 Fig. 5.17

Fig. 5.16: Temperature 6 for Hartman number H when z = 0.2, e = 0.2, t = 0.1, E; = 0.3,
Ey=0.1,E3=0.1,a=05T7"=0.2, a1 =2, Bi; =2, Bio =5, Pr =0.2, Sr = 0.4,
Du =04, Sc=0.3, Br=0.2.

Fig. 5.17: Temperature 6 for Taylor number 77 when z = 0.2, ¢ = 0.2, t = 0.1, F; = 0.3,
FEy=0.1,FE3=0.1,H=03, 0 =05, 01 =2, Biy =2, Bis =5, Pr=0.2, Sr =04,
Du=04, Sc=0.3, Br=0.2.
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Fig. 5.18 Fig. 5.19

Fig. 5.18: Temperature 6 for Soret number Sr when z = 0.2, e = 0.2, t = 0.1, E; = 0.3,
Ey=0.1,E3=0.1,a=05T =02,y =2, Biy =2, Bio =5, Pr=0.2, H=0.3,
Du=0.4, Sc=0.3, Br=0.2.

Fig. 5.19: Temperature 6 for Dufour number Dr when x = 0.2, e = 0.2, t = 0.1, £; = 0.3,
FEy=0.1, E3=0.1, H=0.3, as = 0.5, a1 =2, Biy =2, Bio =5, Pr=0.2, Sr =04,
T =0.2, Sc=0.3, Br =0.2.
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Fig. 5.20 Fig. 5.21

Fig. 5.20: Temperature 6 for Brinkman number Br when z = 0.2, e = 0.2, t = 0.1, £; = 0.3,
Ey=0.1,FE3=0.1,a=05T =02,y =2, Biy =2, Bio =5, Pr=0.2, H=0.3,
Du =04, Sc=0.3, Sr=0.4.

Fig. 5.21: Temperature 6 for Schmidt number Sc¢c when x = 0.2, e = 0.2, t = 0.1, E; = 0.3,
FEy=0.1, E3=0.1, H=0.3, as =0.5, a1 =2, Biy =2, Bio =5, Pr=0.2, Sr =04,
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T'=0.2, Du= 04, Br =0.2.

Fig. 5.22

Fig. 5.22: Temperature 0 for Prandtl number Pr when x = 0.2, e = 0.2, t = 0.1, E; = 0.3,
Ey=0.1,E3=01,H=0.3,a=0.5,a1 =2, Biy =2, Bios =5, S¢c=0.3, St = 0.4, T = 0.2,
Du=0.4, Br =0.2.

5.4.4 Concentration

This section provides the behavior of involved parameters in the expressions of concentration ¢.
For increasing fluid parameters a; and ag, decreasing effect in ¢ is noticed (see Figs. 5.23 and
5.24). Fig. 5.25 shows no variation for Bi; on ¢. On other hand in Fig. 5.26 the role of Bis
on the concentration field ¢ is increasing rapidly due to decrease in mass diffusivity. Similar
pattern is observed on ¢ for Soret Sr and Dufour Du numbers on ¢ in Figs. 5.27 and 5.28.

Concentration is decreased by Sr and Du.
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Fig. 5.23 Fig. 5.24

Fig. 5.23: Concentration ¢ for Prandtl fluid parameter cc; when x = 0.2, e = 0.2, t = 0.1,
Ey1=03,FE,=0.1,E3=0.1, H=0.3,7"=0.2, ag = 0.5, Biy =2, Bia =5, Pr =0.2,
Sr=0.4, Du=04, Sc=0.3, Br=0.2.

Fig. 5.24: Concentration ¢ for Prandtl fluid parameter acg when x = 0.2, e = 0.2, t = 0.1,
F1=03,FE,=01,FE3=0.1,H=03,7"=0.2, a0y =2, Biy =2, Bis =5, Pr =0.2,
Sr=0.4, Du=04, Sc=0.3, Br=0.2

_.M_\ Bii=2, 4, 6. 8 / RN Bip =1,4,8. 12

Fig. 5.25 Fig. 5.26

Fig. 5.25: Concentration ¢ for heat Biot number Bi; when x = 0.2, e = 0.2, t = 0.1, £; = 0.3,
Ey=01,E3=01, H=031T =02, a0, =05, a; =2, Bis =5, Pr=0.2, Sr =04,
Du =04, Sc=0.3, Br=0.2.
Fig. 5.26: Concentration ¢ for mass Biot number Bijs when x = 0.2, e = 0.2, t = 0.1,
E1=03,E,=0.1,E3=01, H=0.3,T7" =0.2, a1 =2, Biy =2, as = 0.5, Pr = 0.2,
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Sr=0.4, Du= 0.4, Sc = 0.3, Br =0.2.
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Fig. 5.27: Concentration ¢ for Soret number Sr when z = 0.2, e = 0.2, t = 0.1, E; = 0.3,
Ey=0.1,E3=01,a,=05T =02,y =2, Biy =2, Bio =5, Pr=0.2, H=0.3,
Du=04, Sc=0.3, Br=0.2.

Fig. 5.28: Concentration ¢ for Dufour number Dr when z = 0.2, e = 0.2, t = 0.1, E; = 0.3,
Ey =01, F3=0.1, H=03, as = 0.5, a1 = 2, Biy = 2, Bis = 5, Pr = 0.2, Sr = 0.4,
T'=0.2, Sc=0.3, Br =0.2.
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Fig. 5.29 Fig. 5.30

Fig. 5.29: Concentration ¢ for Taylor number 77 when z = 0.2, ¢ = 0.2, t = 0.1, E; = 0.3,
Ey =01, E3=0.1, E3=0.1, H=0.3, ay = 0.5, oy = 2, Bi; =2, Bis =5, Pr =0.2,
Sr=0.4, Du=04, Sc=0.3, Br =0.2.

Fig. 5.30: Concentration ¢ for Schmidt number Sc¢c when z = 0.2, e = 0.2, t = 0.1, E; = 0.3,
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Ey=0.1, Bs = 0.1, H=0.3, as = 0.5, a1 = 2, Biy = 2, Bis = 5, Pr = 0.2, 51 = 0.4,
T =0.2, Du= 0.4, Br =0.2.

5.4.5 Heat transfer coefficient

In Figs. 5.31 — 5.36, the heat transfer coefficient Z is plotted for parameters a1, as, H, 17,
Sr and Du. Heat transfer coefficient has oscillatory character. It is expected in view of waves
propagation along channel boundaries. Z shows a decreasing behavior for increasing a; and as
(see Figs. 5.31 and 5.32). The oscillatory nature is captured in Figs. 5.33 and 5.34 for Hartman
H and Taylor 7" numbers. Here Z decays for larger H due to strong magnetic strength whereas
it increases for larger 7”. In Figs. 5.35 and 5.36, Z increases for St and Du near the centerline

whereas it decays near boundaries.

Fig. 5.31 Fig. 5.32

Fig. 5.31: Heat transfer coefficient Z for oy when x = 0.2, e =0.2, ¢t = 0.1, By = 0.3,
Ey=01,E3=01 H=03,T =02, as = 0.5, Bi; = 2, Biy =5, Pr =0.2, Sr = 0.4,
Du=0.4, Sc=0.3, Br=0.2.

Fig. 5.32: Heat transfer coefficient Z for ag when x = 0.2, ¢ = 0.2, t = 0.1, £; = 0.3,
Ey=01,E3=01, H=03,T =02, a; =2, Bi; =2, Bip =5, Pr = 0.2, Sr = 0.4,
Du=0.4, Sc=0.3, Br=0.2
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Fig. 5.34

Fig. 5.33

Fig. 5.33: Heat transfer coefficient Z for H when z = 0.2, e = 0.2, ¢t =0.1, B4, = 0.3, By = 0.1,
Es=0.1,a: =05 T =02, a1 =2, Biy =2, Bio =5, Pr =0.2, St = 0.4, Du = 0.4,

Sc=0.3, Br=0.2.

Fig. 5.34: Heat transfer coefficient Z for 7" when x = 0.2, ¢ = 0.2, t = 0.1, £y = 0.3, E5 = 0.1,
FE3=0.1, H=03 a=0.5 a1 =2, Biy =2, Bio=5, Pr=0.2, St = 0.4, Du = 0.4,

Sc=0.3, Br=0.2.

Sr=10,2,815

Zl(x)

xz
Fig. 5.36

Fig. 5.35
Fig. 5.35: Heat transfer coefficient Z for Sr when x = 0.2, e = 0.2, t = 0.1, F; = 0.5,
E; =0.01, B3 =0.01, ap = 0.5, 7" = 0.2, ; = 2, Biy =2, Bijga =5, Pr =0.2, H = 0.3,
Du=0.4, Sc=0.3, Br=0.2.
Fig. 5.36: Heat transfer coefficient Z for Dr when x = 0.2, e = 0.2, t = 0.1, F; = 0.5,
Ey =0.01, B3 =0.01, H=0.3, g = 0.5, a1 =2, Biy =2, Bijg =5, Pr=0.2, Sr =04,
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T'=0.2, Sc=0.3, Br =0.2.

5.5 Conclusions

Influences of Soret and Dufour on peristaltic flow in a rotating channel subject to compliant

walls are discussed. Main observations are

e Decreasing behavior of ay, ag on (u, v), # and Z is noticed while for ¢ increasing effect

is observed.

e Velocity, temperature and heat transfer coefficient are decreasing functions of Hartman

number. However Hartman number leads to an enhancement of concentration.
e Both velocities shows opposite behavior for rotation parameter.
e Impact of wall parameters on both velocities are identical.
e For increasing Taylor parameter 7" the temperature decreases .
e Temperature increases for Sr, Du, Br, Sc and Pr.
e By increasing Biy, 6 decays whereas for Bisy, ¢ increases.

e Heat transfer rate is increasing function of Sr and Dwu while it is decreasing function of

H and 7.
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Chapter 6

Heat transfer analysis on peristalsis

of Ree-Eyring fluid

6.1 Introduction

The peristaltic activity of Ree-Eyring fluid in a rotating frame is studied. Heat transfer analysis
with viscous dissipation and heat source/sink is taken into account. Convective conditions for
heat transfer in the formulation are adopted. Closed form solutions for axial and secondary
velocities, pressure rise per wavelength, flow rate due to secondary flow and temperature are
obtained by considering small Reynolds number and long wavelength. The variation for different
physical parameters are shown through graphical illustrations. This study reveals that influence
of rotation parameter causes significant fluctuations in axial and secondary velocities. It is also
found that presence of non-uniform heat source in energy equation causes enhancement in rate

of heat transfer coefficient.

6.2 Problem development

Here we address an incompressible Ree-Eyring material in a channel of width 2d. Both the

channel and fluid rotates with a uniform angular velocity Q about the 2 — azis. Mathematical
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expression for wave propagation along the channel walls at (2 = £H) is given by

_ N 2 N
H(i,t):d—i—asin%(i—ct). (6.1)

z .
k%:_hl(TG_D

Fig. 6.1: Geometry of the problem.

Extra stress tensor of Ree- Eyring fluid model is defined as [56, 57] :

ov; 1 1 9V,
Sij = = + —sinh ™ [ —— | . 6.2
ij = M 0%, + T sin <A4 7%, ) (6.2)

Since sinh ™! % ~ & for | & |< 1 then

S Vi 1 (1 ‘31) 63)

i — M= =~ | ===
Y T0w T Ay \ Ay 024
where p is the fluid viscosity, 1213 and A4 are material constants and

vi = (’(AL, @7 ?,Z)),

).

N>

;= (2,9,

The governing equations of continuity, momentum and energy for incompressible fluid flow in

a rotating frame are

ou  ow
9% + 55 = 0, (6.4)
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du op n 0S5z + 85@ n 0Szz
22 oz oy 0z
d op 0Syz 0Sz; ~ OSg:
G = e T s Ty Tz
dip Op | 08z +352‘ +3522
Pai ~ oz "oz "oy T ez

i 82T+82T+82T +SM@+SM(@+@)+SM@
P T2z " ogr Tz | T 7%ar T 7\ T’ T 7 s
+Qo(T" — To). (6.8)

The conditions are

or
Az = s Az =Y, k — =0 at 2= 0, 6.9
) 0, 93 =0 T35 a (6.9)
N . or .
o = 0, 0=0, kT% —h(To—T) at Z2=h, (6.10)

in which 1011 indicates the heat transfer coefficient and Ty the temperature at walls.
Putting Egs. (6.8) and (6.9) in Egs. (6.6) and (6.7) and then using the wave frame trans-

formations

r = ij_Cf’ y:gv Z:£7 p:ﬁ(ifjv@aé)a

w(@,y,2) = a9, 2) - ¢ v(E,9,2) = 0(2,9,2), w(E,§,2) = 0,9, 2), (611)

Egs. (6.2) — (6.7) become

ou  Ow
u _Ou ou _ Op  0Szz | 08y | 0S:.
[(u+c)8—+vay +wo- —2Q) } =5 s oy Eya (6.13)
v ov 0 ~ Op  0Sy.  0Sy, 0S,.
[(u—i—c)aw+vay—i—wa + 29 —i—c)} =% o By 5 (6.14)

(6.15)
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dT PT T 0T du du  dw

—_ = k Txr o xz\"q_
P T\ oz T T | T T T e
+Qo(T — Tp).
Using dimensionless variables
o= Cogel Y e E ot L A
- A’ y - )\7 - d? - )\7 /,LCA’
* U * v * w * n T —1Tp
= _— = - = — = - 9:
(] C7 v c7 w c? 77 d? TO )
ds R d cd
S Y k== 6§=—, Re=—.
K uc d’ T
u=1,,w=—0,

and the Egs. (6.14) — (6.18) after invoking lubrication approach give

op 05,

— 2Ty =
ox 0z v=0
Op 0S8y , (O
—_—— 2T — +1] =0
oy Oz + 0z + ’
dp
Z_0
0z ’
%0
022
SZL"Z = (1 + a3)¢zz7
Syz = (1 + Otg)Uz.
The dimensionless conditions are
h = 1+ esin2rmz,
00
v = 0,v¢,,=0,v,=0, =— =0 at 2 =0,
0z

’(b = Fl, wZ:—l,’U:O, %—Bilﬁzo atz:h,
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ow

Dz

(6.16)

(6.17)

(6.18)

(6.19)

(6.20)

(6.21)

(6.22)

(6.23)

(6.24)

(6.25)
(6.26)

(6.27)



where

h
F = / . dz. (6.28)
0

Here a3 =

A y» denotes the fluid parameter. The pressure rise per wavelength Ap and the

flow rate Fy are

h
Ap = /dpdx B :/vdz. (6.29)
0

Equations (6.16) and (6.17) give

0 [0S:. s
08, oY B
—5 - 21" (8— + 1) =0. (6.31)

Here we neglect secondary flow pressure due to rotational effect.

6.3 Solution methodology

Egs. (6.30), (6.31) and (6.22) with boundary conditions (6.25) — (6.27) have the exact solutions:

2T 2RT . 2nTY NT 2T
P(z) = (sm\/T_a3 sinh m) '[—zsin e A1{(F1 + h) cosh \/7 m
NT 2T VT T
—F} cos ms N — hcos m \/7}+zsmh2h\/_
+(142)(F1 + h)Ax{sin(1 + z)ﬁ — sinh(1 +4 \/7}] (6.32)
. 2T .. 2T T 2T
v(z) = {(V1+a)sin ——= \/7 — sin \/7} 1Az + Ay cosﬁcoshm
—Assin VT sin VT ] (6.33)

Vitas Vitaz’
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0(z) = Cjcos V' Sz 4+ Cysin v/ Sz — C3 By [{(cos Dy z + cosh Dy z
+sin Dy z + sinh Dy, ) (sin vV/Sz 4 cos vV/S2)}] (6.34)

2h/T' 2T

L 2hT"! 2hvT"
—— — SIN] —/——
v1+as v1+ a3

m + cosh m}],
(6.35)

Ap ={(v/1+ ag)sin FU4(F + h)T% {cos

/ !
R = (T sin o P -2 T o
2hVT"

2h/T! 2hvT"
h—— V1 in ——— inh ——— 6.36
oo m)+ +a3(sm\/m+sm 1+a3)}]’ (6:50)

2hT"

14+ a3

where A; (i=1-15), C; (j =1—3), By, and Djy,,’s have been computed algebraically.

6.4 Discussion

Figs. (6.2 —6.6(a, b)) are plotted to observe the effects of fluid parameter ag and Taylor number
T’ on axial u and secondary v velocities, pressure per rise wavelength Ap and flow rate due
to secondary velocity Fy. Fig. 6.2(a) depicts that velocity is enhanced near centre of channel
whereas it decays near channel boundaries when ag increases. Since fluid parameter is inversely
proportional to viscosity therefore for larger ag the viscosity decreases and hence velocity decays
near walls. Opposite outcome is achieved for Taylor number 7" (see Fig. 6.2(b)). In fact the
secondary flow is responsible for decrease in velocity near centre of channel. Secondary velocity
via a3 is shown in Fig. 6.3(a). Here v decreases for increasing values of a3. The motion of
fluid particles becomes faster when we increase the rotation parameter 7" and thus secondary
velocity is enhanced (see Fig. 6.3(b)). It can be visualized from Figs. 6.4(a) and 6.4(b) that
pressure Ap rises for fluid parameter a3 and Taylor number 7" in retrograde pumping region
while it decays in augmented pumping region. It is because of the fact that for larger angular
velocity, the pressure does not rise in direction of peristaltic wave.. Further the Coriolis force is
responsible for fluid drag outwards in y-direction and consequently Ap reduces. Figs. 6.5(a,b)
plot variation of fluid parameter a3 on secondary velocity. In Fig. 6.5(a) when F} = —1, the
flow rate of the fluid is enhanced in wider portion of channel. However when F; = —0.5 the flow

due to secondary velocity becomes positive for larger values of fluid parameter over the whole
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length of the channel (see Fig. 6.5(b)). Opposite results of F» is observed in Figs. 6.6(a,b) for
larger values of Taylor number 7" when F; = —1 and —0.5.

Figs. 6.7(a — e) show temperature 0 variation versus different parameters. Fig. 6.7(a) is
plotted for fluid parameter against 6. It is noticed from this Fig. that temperature distribution
tends to rise when the fluid parameter enhances. It can be observed from Fig. 6.7(b) that for
larger rotation parameter 7" the temperature profile diminishes. In fact with the increase in
rotation, the motion of the fluid particles enhances which causes resistance to flow and ultimate
there is decrease in temperature profile. Fig. 6.7(c) is portrayed to analyze the variation of 6
for heat source/sink parameter S. It can be observed from Fig. that with the increase in S the
temperature profile is enhanced. Behavior of Biot number Bi; can be visualized through Fig.
6.7(d). Temperature rapidly decays as we increase Bij. It is due to enhancement in strength of
convecting heating which causes decrease in temperature. Temperature via Brinkman number
Br in Fig. 6.7(e). Here for larger values of Br the temperature increases. It is through
argument that less heat conduction occurs for viscous dissipation.

Now Z for different variable is demonstrated through Figs. 6.8(a —e). In Fig. 6.8(a) we
observed that heat transfer rate Z rises by increasing fluid parameter . The magnitude of
heat transfer coefficient Z near centerline decreases for Taylor number 7" whereas it enhances
near the channel boundaries (see Fig. 6.8(b)). Variation in heat transfer rate Z for heat
generation/absorption S is portrayed in Fig. 6.8(c). Rate of heat transfer of fluid increases
when we take larger values of S. Opposite result for Z via Biot number is observed in Fig.
6.8(d). Here Fig. 6.8(e) is plotted for viscous dissipation parameter Br on heat transfer rate
Z. It is noticed that larger values of Brinkman number Br increases Z for a small range.

The next interesting part of this section is trapping. Figs. 6.9(a — ¢) and 6.10(a — ¢) are
plotted for this purpose with the help of contours. It can be seen in Fig. 6.9 that when the
fluid parameter ag increases then the size of bolus enhances. Also for viscous fluid (ag = 0)
the trapped bolus vanishes. It depicts from Fig. 6.10 that due to the influence of rotation the
size of the bolus decreases slowly. It can also be observed from Fig. that the bolus disappears

when the rotation of the fluid particles increases.
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Fig. 6.3: Influence in secondary velocity v(z) for (a) Fluid parameter a3 and (b) Taylor

number T".
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Fig. 6.4: Variation in pressure rise per wavelength Ap for (a) Fluid parameter ag and (b)
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Fig. 6.5: Variation in dimensionless flow rate due to secondary velocity Fy for fluid parameter

when (a) F1 = —1 and (b) F}; = —0.5.
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Fig. 6.6: Variation in flow rate due to secondary velocity Fy for Taylor number 7" when (a)
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Fig. 6.7: Influence in (z) for (a) Fluid parameter as, (b) Taylor number 7", (c¢) non-uniform

source/sink parameter S, (d) Biot number Bi; and (e) Brinkman number Br.
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source/sink parameter S, (d) Biot number Bi; and (e) Brinkman number Br.
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Fig. 6.9: Variation in streamlines for fluid parameter a3 when (a) az =0 (b) ag = 0.9 and (c)

a3:2.
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Fig. 6.10: Variation in streamlines for Taylor number 7”7 when (a) 77 =0 (b) 77 = 0.5 and (c)
T =2.
6.5 Conclusions

Here simultaneous outcome of rotation and heat generation/absorption on peristalsis of Ree-

Eyring fluid have been pointed out. Major observations include:

82



Dual behavior of fluid parameter a3 and Taylor number 7” on the axial velocity is noticed.

Opposite effect is observed on secondary velocity for fluid parameter ag and Taylor number

T
Similar behavior of pressure rise Ap is observed for fluid a3 and rotation 7" parameters.

Variation in dimensionless flow rate due to secondary velocity F5 for fluid a3 and rotation

parameters 1" is quite opposite.

Temperature is an increasing function of fluid parameter ag, heat generation/absorption
S and Brinkman number whereas it is decreasing function of rotation parameter 7" and

Biot number Biqg.

Rate of heat transfer decreases for increasing 7" and Biy; but it enhances for ag, S and

Br.
Fluid and rotational parameters on trapped bolus have opposite contributions.

For viscous fluid, the present problem is reduced by taking ag — 0.
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Chapter 7

Numerical analysis for ionslip and
Hall current on peristaltic transport

of rotating Ree-Eyring fluid

7.1 Introduction

Ton-slip and Hall current in peristalsis of Ree-Eyring liquid are analyzed. In addition energy
equation contains Ohmic dissipation. Whole system is in rotating frame. Governing equations
representing flow of a fluid are reduced into ordinary differential equations. Problem formulation
is developed by small Reynolds number and long wavelength approximation. Shooting method
is applied to find numerical results. Variation of emerging dimensionless parameters of present
problem is illustrated through graphs. We observed that velocity and temperature distributions
in Ree-Eyring fluid are more than viscous fluid. Rotation and fluid parameters have opposite
effects on velocity. It is also found that influence of ionslip in momentum equation causes an

enhancement in velocity.

7.2 Problem development

Here we consider an incompressible Ree-Eyring fluid in a channel with width (d; + dg2). Both

channel and fluid rotate with uniform angular velocity ) about the 2 — axis. Travelling waves
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of speed ¢, amplitudes (aj,az) and wavelength A propagate along the channel walls (Hy, H).

Mathematically we represent such waves in the form

- 2 .
(3,0 = di+a sin%(ﬁv—ct), (7.1)

N 2 N
Hy(z,t) = —d2 —agsin TW(J% —ct), (7.2)

in which £ is the time. The governing equations for rotating flow are:

V.V =0, (7.3)
dV _ - _ .
pﬁ—i—p[QX(QxV)—i—QQxV]:—VP+d1vS+J><B, (7.4)
dT 1
— = k2T +L.S+—J.J 7.5
pcp dt T + +O_f ) ( )
where
o Wele weteﬁz‘
= 0(VxB)—-——(J xB)+ —5—((J x B) x B), (7.6)
By B2
B = (0,0,B) (7.7)

and extra stress tensor for Ree-Eyring fluid [28,29] is

1 1
S = pugradV 4+ — <\—gradV> )
Az \ Ay

L = gradV,

in which V = (4,0,%) denotes fluid velocity, J the current density [86,87], o fluid electric
conductivity, w, the cyclotron frequency, t. electron collision time, [3; ionslip parameter, L.S
the viscous dissipation term, %J .J Ohmic dissipation term and J x B the Lorentz force. Eq.

(6) can be solved in J to yield

2

IxB - —%[(5a—m@>,<m+ma>,o1, (7.8)
2B2

JJ = n;f—JrOB?(ﬂQ T ?), (7.9)
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where m(= wet.) the Hall parameter and 5 = 1+ (,;a.

Now using wave frame transformations and dimensionless variables

r = ﬁ:—cf,y:?],zzﬁ’,ﬁ:ﬁ@aﬁai)a
u(r,y,z) = 4(#,9,2) —c, v(&,9,2) =0(2,9,2), w(z,9,2) = 0(2,79,2),
TNV TN Ty X s
N TR H Hy
U - C’U_C’w_c’c_d’hl d17h2 dl’
_ T-Ty q_diS  di pecdy
o = Ty ST = pe' N Re = v
Eqgs. (7.3) — (7.5) become
ou ov  Ow
6% +5a—y e 0,
ou ou op .08 oS, oS, H?
ou U _opty = 2P Tx Ty rz 1) —
JRe [ua +waz] v ax+5 5 +9 7 FERI [B(u+ 1) —ma],
ov ov op .08 0Syy 85’ H?
il - 2T/ _ _ & yx Yz _ 1
5Re[ua +wa}+ 3y Lis o +0 a_ 5% a2+ﬁg[ﬂv+m(u+ s
ow ow|  0p 05z 08,y 08,
‘5Re[ oz J””az} =7z " oy oz
orT o*’T  9°T 2 0%0 0% 0% ou ou
- —_ = Tx B xz a_
Pr(SRe[ax+u58y + 82] [6 922 682 7.2 +4S n + BrS. (82
ow BrH?

2 2
‘HSSZZE—FWLQ—W [(u—i—l) +w )] s
in which bars have been suppressed. Defining stream function

U = wzaw = —57%

(7.11)

(7.12)

(7.13)

(7.14)

Lo
ox

(7.15)

(7.16)

and applying long wavelength and small Reynolds approximation, the Eqs. (14) — (17) become

dp 0S;. y H2 81# B B
% 92 —2T"v + 52 [ﬁ( av| =0,
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Op 08y,
oy 0z

022

, (OY 2 N _
+2T (a-i-l)ﬁ-m[ﬁ’l]*%'fﬂ(a-ﬁ-l)} =

op
2.
9%0 BrH? [0y 2
a o B Tz 5 0 a_ 1 =Y,
+ BrS. wzz+m2+52<az+) 0

Spz = (1+a3)wzz7

Sy: = (14 a3z)vs,

(7.18)

(7.19)

(7.20)

(7.21)

(7.22)

in which incompressibility condition is trivially satisfied. The appropriate boundary conditions

are

hi =
P =
P =

1+ €1 cos2mz, hy = —( — €3 cos(2mz + )

F 9
By 1 v=0 L Bio=0 at 2=,
2 0z

Fy 00 ,
—— =-1, v=0, — — Bi16 = =
5 Y, , v=0, ~ 110 =0 at z = hao,

ai

_rh _ 1 : __ai __ az
where F; = fo V,dz, ag = s the fluid parameter, ¢; = o and €5 = e

Egs. (7.19) and (7.20) give

9
0z

08y
0z

oS H? N
L2 Lo _— — 4+ 1] - =
5% + v+m2+62 <ﬁ< + > av)} 0,

0z

oY oY

/ H?
— 2T <£+1>+m2—+62[6v+m<£+1>} =0.

Here we neglect secondary flow pressure due to rotational effect.

7.3 Solution methodology

(7.23)

(7.24)

(7.25)

(7.26)

(7.27)

Analytical solution of the system of nonlinear partial differential Eqs. (7.28), (7.29) and (7.22)

seems difficult. Thus appropriate numerical method is employed to compute the solution.

Numerical technique via shooting method is applied to solve these equations with corresponding

boundary conditions (Egs. (7.25) — (7.27)).
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7.4 Discussion

Effect of Ree-Eyring fluid parameter a3 on w, v, § and Z are sketched in Figs. 7.1(a — d).
Fig. 7.1(a) depicts that axial velocity u is enhanced for increasing fluid parameter as. In fact
viscosity of the fluid decreases as a3 increases. It is also noteworthy to mention that in non-
Newtonian case velocity is greater when compared to viscous fluid (a3 = 0). Opposite behavior
of secondary flow v is captured in Fig. 7.1(b) for larger values of a3. In fact due to rotation
the fluid particles motion in secondary direction becomes faster and hence v rapidly decays.
Temperature 6 rises when fluid parameter is enhanced (see Fig. 7.1(c)). Similar result of ag is
observed in Fig. 7.1(d) for heat transfer rate.

Figs. 7.2(a — d) are demonstrated to see the effects of rotation parameter 7" on u , v, 6 and
Z respectively. Fig. 7.2(a) shows dual behavior of axial velocity for 7”. This Fig depicts that
rotation parameter decays the axial velocity at centre of channel and near the channel walls it
enhances u. At centre of channel, due to faster rotation the secondary flow is induced which
minimizes u. Impact of rotation parameter 7" on v is observed through Fig. 7.2(b). In fact
an increase in rotation enhances the motion of fluid particles and thus v has been increased.
Fig. 7.2(c) presents the influence of increasing 7" on . It is because of Coriolis force which
is responsible to drag the fluid outwards in the y-direction and subsequently it reduces the
temperature. Heat transfer rate decays for larger values of Taylor number (see Fig. 7.2(d)).

Effect of Hall parameter m through Figs. 7.3(a — d) can be visualized for u , v,  and
Z respectively. It is observed from Fig. 7.3(a) that u tends to rise when « enhances. It is
because of the fact that electrical conductivity of fluid particles reduced as we increase m.
Hence magnetic damping force diminishes and thus axial velocity is enhanced. For larger m
secondary velocity is enhanced (see Fig. 7.3(b)). Similar variation for m is noticed in study
of Hayat et. al [156]. Behavior of m on temperature 6 is observed through Fig. 7.3(c). The
application of magnetic field offers resistance to flow so kinetic energy decreases and hence there
is reduction in temperature. Fluctuation in heat transfer rate Z for Hall current m is portrayed
in Fig. 7.3(d). Rate of heat transfer decays as we increase Hall parameter m.

Impact of ionslip parameter 5, on u, v, § and Z is portrayed in Figs. 7.4(a — d). Addi-
tion of ionslip effect decreases the resistive force imposed by magnetic field and thus effective

conductivity decays. Thus decrease in conduction rate enhances the axial velocity (see Fig.
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7.4(a)). Fig. 7.4(b) shows increasing behavior of v for larger values of ionslip parameter. It
can be noticed from Fig. 7.4(c) that temperature profile decays with increase in 3. Physically
it means that kinetic energy of fluid particles decreases for smaller magnetic field. Such de-
crease in energy implies decay in Joule heating and hence temperature falls. Similar behavior
has been reported in [86, 87]. They solved the nonlinear governing equations by employing the
perturbation and numerical technique respectively when the system is non-rotating frame. In
Fig. 7.4(d) we noticed that near the centerline, the magnitude of heat transfer rate Z for (

decreases whereas near boundaries it enhances.

0.0p ' RSE=EDNg) ' ] 0.06}
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0.04F
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Fig. 7.1: Influence of fluid parameter a3 on (a) u(z) (b) v(z) (c) 8(z) (d) Z(x).
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Fig. 7.4: Influence of ionslip parameter 3; on (a) u(z) (b) v(2) (c¢) 6(z) (d) Z(z)
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7.5

Conclusions

The present study here investigated the influences of Hall current, Joule heating and ionslip on

MHD peristaltic motion of rotating Ree-Eyring fluid. Main salient features are listed below:

Magnitude of axial velocity u for Ree-Eyring fluid (ag # 0) is higher than viscous fluid
(043 e 0).

Effects of 7' on u and v are opposite.

Secondary flow for Ree-Eyring fluid is lower than viscous fluid.

Variation of m on u and v are similar to that of ;.

Temperature is an increasing function of ag whereas it decreases for T/, m and ;.

Heat transfer rate from walls to the fluid increases when fluid parameter ag is enhanced.
However it decreases by increasing rotation parameters 7", Hall parameter m and ionslip

parameter [3;.
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Chapter 8

Peristalsis of couple stress liquid in a

non-uniform rotating geometry

8.1 Introduction

Thermal radiation in peristaltic rotating flow of couple stress liquid in a non-uniform channel
is addressed. Slip boundary conditions for velocity and temperature are satisfied by channel
boundaries. Impact of non-uniform heat source/sink in heat transfer phenomena is also ac-
counted here. Complexity in mathematical formulation of problem is reduced by employing
assumptions of long wavelength and low Reynolds number. Resulting non-linear system of
equations is solved through numerical technique. The behavior of velocities and temperature

for different physical parameters has been displayed through graphs and interpreted physically.

8.2 Problem development

Here peristaltic pumping of incompressible couple stress liquid though a nonuniform channel of
width (dy + ds) is examined. Peristaltic transport is engendered by propagation of sinusoidal
wavetrains with constant speed ¢ along channel walls. A solid body rotation is observed in both
liquid and channel. The coordinates are chosen in such a way that z — axis is along centerline

and z — axis is normal to it. Geometrical representation of wall surface is given as
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2 )
Hi(2,8) = di+ K&+ ajcos HT(:L- - ct)} : (8.1)

. 2 .
Hy(3,8) = —dy— K& — ascos [Tﬂ(x —cf) + w] . (8.2)

The geometry of problem is presented in Fig. 8.1.

Fig. 8.1: Geometry of problem.

In which ¢ designates the time, ¢ is the phase difference, (a1, as) are the amplitudes, (Hy, Ho)
represent walls of channel and A is the wavelength.

Mathematical formulation is given as:

V.V =0, (8.3)
dVv = = ~ 2 4
A +p[Qx (QxV)+20x V] ==VP+uV?V — 1y V'V, (8.4)
dar 9
pepz = krVET+V.qr + Qo(T — To), (8.5)
where
4o* 4
r = T ) .
q iV (8.6)
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here u is the dynamic viscosity, 1, is couple stress constant, Qg is the coefficient non-uniform

heat source/sink, k* the mean absorption coefficient, o* is the Stefan- Boltzmann constant and
2 _ _0 0 9 . 4 _ x72v72

Vv —W-i—a—yz-i—WWlthv = V-V~

Laboratory and waves frames are related as:

r = ZL'—CI?, y:Q, Z:?S, p:ﬁ(i‘agﬂé)a

w(z,y,z) = (&9, 2) —c, v(2,9,2) = 0(Z, 9, 2), w(z,§,2) =w(L,g,2). (8.7)

Invoking above transformations, Egs. (8.3 — 8.5) take the form:

Uy +w, = 0, (8.8)

pl(u+ e)ug +vuy +wu, — 200] = —py + pViu+c) — 1y Viu + ), (8.9)
p(u+ e)vg +vvy, +wo, +2Qu + ¢)] = —p, + pV30 — p V4o, (8.10)
p(u+ Q)wy + vwy, +ww,] = —p, + pV2w — py Vi, (8.11)

pcp [Ty + 0Ty +wT%] = kr [Thw + Tyy + T22]) — (gr)- + Qo(T — To). (8.12)

Dimensionless quantities involved in problem are listed below:

oo T Y 2o Up o, H, M
- )\;y )\7 d17 _)\’p _,Uz()C)\’ 1_d17 2_d2>
B R . S RO S R N
1 — dla Q_dla _d17 _07 _07 C’T] _d17 _p7
T—1Ty d cdy m , ReQd
T, _T07 N € y 04 \/; 1, c
HCp 160" 5 Qod? . hid K . B
P — _Rn:—TaS:—aB __ak__a = T
" kr Skrk* 0 kr T Ty PR
. Bi o B
Bl = _1, 2 = _2, = ¢z7 w = —(Swm (813)
d dy
Adopting lubrication approach, Egs. (8.8) — (8.11) are reduced to
1 /
Pz = wzzz - _szzzzz +2T v, (814)
oy
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1 /
Py = Vzz — ?Uzzzz + 2T (T,ZJZ + 1) , (8.15)

1
p. =0, (8.16)
(1+PrR,)0..+56=0. (8.17)
Defining
F=n—1-d (8.18)
with
ha
F1 = ’(,Z)ZdZ,
h1
and the dimensionless conditions
hi = 1+kx+ecos(2nz), he = —d — kx — ez cos(2mz + ), (8.19)
F
b= S =0, U+ B, = 1 v =0,
vy + B = —1, 0+ (50, =1, at z = hy, (8.20)
Fy
Y = T Vo =0, ¥, — B, = —1, v, =0,
vy — B0y = —1, 0 — 50, =0, at z= ha, (8.21)

where 1) denotes stream function, § axial velocity slip, 8, secondary velocity slip and 85 tem-
perature slip parameters.

Eq. (8.15) indicates that p # p(z) and thus compatibility equation satisfies
wzzzzzz - aiwzzzz - 2T/aiv =0 (822)

and Eq. (8.14) becomes
Vszzs — 030, + 2T a3 (¢, + 1) = 0. (8.23)

8.3 Solution methodology

Built-in routine NDSolve in Mathematica is utilized to get numerical solution for reduced system

of equations. In this section graphical results are drawn to observe the impact of pertinent
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parameters on velocities and temperature.

8.4 Discussion

8.4.1 Axial velocity

"oty T'=0,15.30

Wiz)

Ui

!

Fig. 8.2: Graph of u(z) for (a) ayq (b) T (c) 5 (d) k*.

The axial velocity u against sundry variables are shown in Figs. 8.2(a — d). Fig. 8.2(a)
manifests the impact of couple stress parameter a4 on axial velocity. It is obvious that velocity
declines at the center of channel whereas it grows near channel walls. Physically for rising
values of oy stress among fluid particles increases which in turn produces a decay in velocity.
It can be seen through Fig. 8.2(b) that there is a decrease in velocity at center of channel for

increase in Taylor number T". In fact secondary flow along y — azis produced by rotation resists
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the flow and hence velocity declines. Variation in u for larger slip parameter § is manifested
in Fig. 8.2(c). Velocity decreases via increasing (3 because fluid experiences more slip at the
channel walls which in turn reduces u. Inverse relation between velocity and non-uniformity
parameter is illustrated in Fig. 8.2(d). A gradual increase in velocity is observed for increasing

values of k. It is due to decrease in frictional force offered by channel walls.

8.4.2 Secondary velocity

' —0.993F
. @s=05153
Lol e S R -1-71 i
i g T'=0,0205
y ~0.995} K
0.5} : - ] S
E;: K - A . E‘: -0 996
ool o7 DR -
7 N L | N TN
—05, B R 111 S R
e Y ) CA— . —
055 0.0 05 1.0 0.0 0.5 1.0
z KA
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Fig. 8.3: Graph of v for (a) ayq (b) T" (c) 8 (d) By (e) k*.

In this section, variation in secondary velocity for involved parameters in investigated
through Figs. 8.3(a — e). Fig. 8.3(a) indicates that secondary velocity grows for enhancing
values of fluid parameter ay4. Influence of Taylor number on velocity profile is displayed in Fig.
8.3(b). Tt is obvious that velocity increases via 7" because of enhancement in rotation of fluid
and channel. Effect of axial velocity slip parameter of secondary velocity is manifested through
Fig. 8.3(c). The resulting panel exhibit an increment in v for larger . Fig. 8.3(d) reveals that
velocity is an increasing function of secondary velocity slip parameter 5;. A very small rise in

secondary velocity is noticed for growing values of k as seen through Fig. 8.3(e).
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8.4.3 Temperature profile

' H(Q) |

H(?.)

5, (&)

/

Fig. 8.4: Graph of 0 for (a) as (b) T" (c) By (d) k* (e) S (f) Rn.
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This subsection is devoted to illustrate the behavior of pertinent parameters on temperature
profile through Figs. 8.4(a — f). Decreasing response of temperature towards growing fluid
parameter is depicted in Fig. 8.4(a). As viscosity of fluid enhances via larger values of v which
provides retardation to flow therefore temperature drops. Motion of fluid particles is related
with rotation of channel. When Taylor number is increased, fluid particle move rapidly without
experiencing any retardation. As a result, temperature decreases (see Fig. 8.4(b)). Fig. 8.4(c)
is plotted to observe the impact of temperature slip parameter on #. For growing values of
B kinetic energy of fluid particle increases which produces a rise in temperature. Increasing
impression of k£ on temperature profile is disclosed in Fig. 8.4(d). It is obvious from Fig. 8.4(e)
that temperature declines for negative values of heat generation/absorption coefficient (S < 0)
whereas a rise in temperature is noticed for its positive values (S > 0). In fact for S < 0,a
heat sink is produced which absorbs heat and for (S > 0) more heat is added to the system. A
decline in temperature for enhancing values of radiation parameter Rd is evident from Fig. 8.4
(f). As effect of natural convection is reduced by adding more radiations therefore temperature

declines.

8.4.4 Heat transfer rate

101



!

Fig. 8.5: Graph of Z for (a) aa (b) T (c) By (d) E* () S (f) Ry,

Figs. 8.5(a — f) are prepared to interpret the variation in heat transfer coefficient Z for
multiple values of various physical parameters. Fig. 8.5(a) characterizes increasing influence
of fluid parameter ay on Z. It is evident from resulting sketch that magnitude of heat transfer
grows for larger ay. It is noteworthy that heat transfer coefficient. Fig. 8.5(b) is portrayed
for observing the influence of Taylor number T" on heat transfer coefficient. Result clarifies
that heat transfer rate grows via 7". Fig. 8.5(c) indicates that there is an enhancement in heat
transfer coefficient for rising values of slip parameter 5. An increment in Z for growing values
of non-uniformity parameter k is reported in Fig. 8.5(d). Magnitude of heat transfer coefficient
decays for rise in heat generation/absorption coefficient as depicted in Fig. 8.5(e). Fig. 8.5(f)
depicts a decline in Z for rise in radiation parameter R,. A heat loss is generated for stronger

thermal radiations and hence Z decreases.

102



8.4.5 Streamlines

¥ .

Fig. 8.6: Streamlines for 7" with fixed values of k = 0.01, n=15a=02,b=0.1,d=1.2,
p=2,8=0,=02y=2for (a) T =0.0(b) T =05 (c) T =2.

0.0

(b)

Fig. 8.7: Streamlines for ay for (a) ay = 0.0 (b) oy = 2.5 (¢) aq = 5.
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Fig. 8.8: Streamlines for § for (a) 5 =0.2 (b) 8 =0.4 (c) = 0.6.

Figs. 8.6(a— c) are sketched to notice the effect of Taylor number on trapping phenomenon.
The size of trapping bolus decreases at lower channel for increase in rotation. It is also clear
that trapping bolus disappears for further rise in 7". A similar impact is observed for fluid

parameter and velocity slip parameter as seen through Figs. 8.7 and 8.8.

8.5 Conclusions

Peristaltic pumping of couple stress fluid under the influences of heat source/sink, thermal

radiation and slip conditions is examined. Key findings of investigation are given by:

e A decline in axial velocity distribution is observed for increasing values of velocity slip
parameter 3, fluid parameter oy and rotation 7" however velocity increases via non-

uniformity parameter k.

Similar outcomes of ay, T, 8 1 and k on secondary velocity are observed whereas (3 affects

v oppositely.

Temperature is increasing function of S, 3, and k.

. . . . . . !
There is an inverse relationship between temperature and rising values of ay, T', R,,.
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e Decaying response is depicted by heat transfer coefficient for growing values of S and 7.

e Heat transfer coefficient increases via R,,, B9, a4 and k.
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Chapter 9

Peristaltic motion of third grade

fluid subject to nonlinear radiation

9.1 Introduction

This chapter addressed nonlinear radiation effect on peristaltic motion of third grade liquid in
a tapered asymmetric geometry. System in rotating frame is entertained. Relevant problems
have been numerically solved. The velocity, temperature and heat transfer rate are physically

stressed.

9.2 Problem statement

An incompressible third grade liquid in a tapered channel is considered. The waves with
amplitudes (a1, az) and phase ¢ are taken. A case of rigid body rotation for channel and fluid
is considered. System rotates about Z — axis. Nonlinear version of radiation is considered. The

waves shapes are described by

_ . 2 .

Hi(2,0) = di+ K2+ aycos [%(x - ct)} , (9.1)
_ N 2r .

Hy(z,t) = —do— K& — agcos [T(a: —ct) + 4,0] . (9.2)
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The constitutive equations for third order fluid are
T=-pI+8S, (9.3)
S = pA; + ) Ay + ahA? + 1Az + Bh(A1A2 + AsAy) + By(traAs)A;. (9.4)
According to Fosdick and Rajagopal [67]:
p>0,01>0,6) =65 =0,08; >0, 0 +as |< /2453,

Eq. (9.4) becomes
S = A + of Ay + ahA? + Bh(traAs)Ay. (9.5)

Rotating flow is described by the equations

divV =0, (9.6)
oY% - - .
p[ﬁ—i—(V.V)V} +p[Qx (QxT)+20x V]| =divT, (9.7)
T
pcp% = krV?*T+V.q, + T.L. (9.8)

In above equations «j(i = 1,2) and 3%(j = 1 — 3) are material parameters, A; = (V.V) A;_; +
A; 1 L+L'A;,_;, Ay =L+L! L=VV,YV the velocity and T the position vector. Nonlinear
thermal radiation after using Rosseland approximation is given by

4ot ot _ 160,507
3k* 0z 3k* T 0z’

qr = (9'9)

in which o* and k* represents the Stefan- Boltzmann constant and the mean absorption coeffi-
cient respectively.

Applying below transformations

w(z,y,2) = (&9, %) —c, v(2,9,2) = 0(Z,9,2), w(z,§,2) =0(2,9,2), (9.10)
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Egs. (9.6 —9.8) become
(u), + (v), + (w), =0, (9.11)

p{u+e) (), +v @), +ww), =200} == (), + (Seade + (Seg)y + (S2)zs (9.12)

p{(u+) (), +0 (), +w (), +22ut )} = =), + (Spda + (Sply + (Sy2)s (9.13)

p{(u+ ) (@), +0(w), +w @)} == @), ++(S)e + (Saly + (S2)e, (9.14)

z

pep {(1), +0 (1), +w ().} = ke {(D),, + (@), +(@)..} (9.15)
—(qr)z + Sz (u), + Sz ((u), + (w),) + Sz (W), (9.16)

Consider dimensionless variables and stream function as

. T .Y . o ct . dip b H; b H
T = — =2 2Fr=—= = — = — = ,
)\’ y )\’ d? )\7 p MC)\’ 1 dl ) 2 dl
ai a2 * U * v * w * n K
€L = S, 2= —F, =—H U =— W =—, N =, V=
dy do c c c 1 p
T— T(] dl pcd1 ’ ReQd Tl
0 = 5=5L Re= T = O = =2,
T1 —T()’ )\7 1% ’ C ’ To
uC, 4o* 4 hid had K
pro= &2 R =27 73 piy =2 pi, =20 f
r kT ) Rn ka;* 0> 11 kT ) 2 kT ) d17
2By
as = —, u=1,, w=—0Y,. (9.17)
pady

Now applying lubrication approach, Egs. (9.10) — (9.14) can be reduced as follows:

Pz = (S:cz)z + 2T’7}7 (9.18)
py = (Sy2): — 2T ((¥), +1), (9.19)
Pz = 07 (920)

(1 B Pr (060 — 1)+ 1)°] (0)... + [3Ra Pr (00 — 1)+ 1)% (0 — 1)] (62), =0, (921)
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Sez = (V). +2a5((¢%)_, + (v*),) (¥)..,
Syz = (U)z + 20[5((77[}2)&2 + (U2)Z) (U)z )

with dimensionless conditions

hi = 1+4kx+ecos(2mzx), ha = —1 — kx — ea cos(2mz + ¢), (9.22)

v = % (W), =-1,v=0, (§), - Bia(1-6) =0, atz=/, (9:23)
F:

U= =5 W =-Lu=0, (0. Ba(l+0) =0, atz=hy  (924)

where

ha
R o= /h (). dz. (9.25)
Egs. (9.16) and (9.17) take the forms:
((sz)z + 2T’v) —0, (9.26)
(Sy): — 2T (¥), +1) = 0. (9.27)

9.3 Solution methodology

The Egs. (9.16) — (9.19) and conditions (9.20) — (9.22) have been numerically solved for (u,v),
0 and Z.

9.4 Discussion

9.4.1 Velocity profile

Figs. 9.1(a — ¢) are displayed for velocity against «s, k and T'. The velocity is generally
parabolic. It has maximum value at channel centre. Velocity has dual behavior for as. In

upper portion of channel, the axial velocity increases. Physical such increase corresponds to
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decay in fluid viscosity. In lower portion of channel, the situation is different (Fig. 9.1(a)). In
Fig. 9.1(b), u at channel centre is an increasing function of k. Fig. 9.1(c) represents effect of T
on axial velocity. There is generation of secondary velocity for rotation. It increases u. Effects
of a5, k and T' on secondary velocity are shown in Figs. 9.2(a — ¢). There is decay in v for as
(Fig. 9.2(a)). Also secondary velocity decays for k (Fig. 9.2(b)). The reason behind this fact is
that fluid rapidly compressed in narrow portion and induced frictional force at wall is reduced.
Fig. 9.2(c¢) indicates v against T' ". Gradual increase in v is observed for T". This happens due

to faster rotation of liquid particles.

z z (9.28)

Fig. 9.1: Influence of (a) a5 (b) k (¢) T on u(z) when k=02, 2 =0.1, 7 =1, ¢; = 0.7,
e2=05d=08, =2, a5=001 and T' = 0.5.
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Fig. 9.2: Effect of (a) as (b) k (¢) T" on v(z) when k= 0.1, z = 0.1, n = —1,
e1=0.7,66=05,d=08, p=12, a;5=0.01and T" = 0.5.

9.4.2 Heat transfer

Figs. 9.3(a — h) are sketched for temperature against s, T'. Ry, 0, Bii, Bis, Br and Pr.
Fluctuation in @ for greater «y is captured in Fig. 9.3(a). In fact viscosity of fluid decreases.
Decrease in 6 for larger T " is shown in Fig. 9.3(b). Physically such decrease in 6 corresponds
to faster motion of fluid particles. In Fig. 9.3(c¢), 6 is decreasing function of R,,. There is less
energy is absorbed by fluid for greater R,,, therefore temperature decays. Opposite behavior
of temperature ratio parameter 6,, on temperature distribution is noticed in Fig. 9.3(d). In

fact thermal state of fluid is enhanced with 6,, which is responsible for rise in 6. Also in the
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Fig. 9.3(d) solid line obtained for linear radiation problem (6,, = 1) and dotted lines are
computed through Eq. (9.19) with the variation in 6, for nonlinear radiation. It is worth
pointing here that when 6, ~ 1, temperature profiles are close to corresponding profiles for
the case of linear radiative heat flux. Figs. 9.3(e) and 9.3(f) compare the results of linear and
non-linear radiation for different values of radiation when 6, = 1.1 and 6,, = 3 respectively. It
is seen that linear and non-linear results match each other better at 6,, = 1.1 when compared
with 6,, = 3. The profiles show a significant decrease as the radiation parameter is gradually
increased. Similar response of Biot numbers (Biy, Biz) on 6 at both upper and lower walls
are demonstrated through Figs. 9.3(¢g) and 9.3(h). There is more convection generated with
higher values of (Biy, Big) and consequently temperature is enhanced. Variation for larger Br
on 6 is sketched in Fig. 9.3(¢). In fact viscous dissipation is responsible for enhancement in
temperature. Fig. 9.3(j) reveals that 6 decreases for different values of Pr. Thermal diffusivity
of fluid is reduced with an increase in Pr and consequently 6 decays. Figs. 9.4(a—c) are plotted
for Z against different flow physical parameters. We noticed from Fig. 9.4(a) that because of
heat loss, Z decays in magnitude when R, increases. For larger 8, and Br, the reversed trend

is followed (see Figs. 9.4(b) and (c)).
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Fig. 9.3: Effect of (a) a5 (b) T" (¢) Ry, (d) 0, () comparison between linear and nonlinear

radiation when 6, = 1.1 (f) comparison between linear and nonlinear radiation 6,, = 3 (g)

Biy (h) Biy (i) Br (j) Pron 0(z) when k=0.1,2=0.1,n=1, ¢, =0.7, e2 = 0.5, d = 0.8,
= a5=001, Biy =2 Big=4, Br=0.7, Pr = 1.5, R, = 3, 0, = 1.1 and T' = 0.5.

Fig. 9.4: Effect of (a) Ry, (b) 0, (¢) Br on Z(z) when k=0.1,n=1, ¢ = 0.7, e = 0.5,
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d=0.8, p=7%, a5 =0.01, Biy =2, Bip =4, Br =0.7, Pr= 1.5, R, = 3, 0, = 1.1 and
T =0.5.
9.5 Conclusions
Main points here are

e There is dual behavior of as velocity.
e Behaviors of k and 7" on u are opposite.

Effect of T" on v is reverse to that of k and as.

e There is decrease in temperature for T' l, R, and Pr.

Larger values of as, 0,, and Br give rise to temperature.

Heat transfer rate Z is enhanced for 6,,, and Br.

e 7 is decreasing function of R,,.
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Chapter 10

Entropy generation impact on
peristaltic motion in a rotating

frame

10.1 Introduction

This chapter intends to investigate the peristalsis of Casson fluid in rotating frame and entropy
generation. Constituitive equations are formulated by invoking thermal radiation and viscous
dissipation. Slip conditions for temperature and velocity are satisfied. Lubrication approach
is employed for reducing the system of equation in simplified form. Exact solutions for re-
sulting systems are obtained. Graphical results are prepared to observe the outcomes of fluid
parameter, Brinkman number, compliant wall parameters, Taylor, Bejan number and radiation
parameter. Entropy generation is also examined. It is noticed that slip effects can control

entropy generation.

10.2 Problem definition

Consider an incompressible flow of Casson fluid in channel with width 2d. Compliant prop-
erties of channel are studied. Rigid body rotation for fluid and channel through constant 2

is discussed. Flow is generated due to travelling waves by wavelength A and amplitude a.
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Mathematically one has
2m
z=dn(z,t) ==+ [d—i—acos{T(a:—ct)H . (10.1)

Here we also consider entropy generation through radiation and viscous dissipation effects. The

radiative term ¢, is defined as

4o* OT*
3k* 0z

qr =

in which ¢* and k* represent the Stefan-Boltzmann constant and Rosseland’s mean absorption
coefficient respectively. After expanding 7y about 7 and ignoring higher-order terms q, one

has
160* 0T
,=— T3—. 10.2
4 3 09, (10.2)

For Casson fluid the stress tensor is

T=—-pl+8S,

27,
S = (uB + p” > 25, (10.3)

where p, is yield stress and 7 = e;5, e;5 is the (¢, j) component of deformation rate and pp a

o 1 8%’ + 81)]'
61]72 axj 8yi '

Continuity equation for the flow consideration is

plastic viscosity of fluid. Here

ou Ow
7 T 5, =0 (10.4)

Components of momentum equation in rotating frame are

ou  du  du  ou ' 0p  0Sm 0S., 0S..
— 4 u— +v—Ffw— —20W| = —= Y 10.
p[8t+u8x+v8y+w82 V| ot s Ty T (109)
v o 1 05 0S8, . 0Sy . 05,
p[at +u8x+08y+w82+29u_ = 8y+ g + By + P (10.6)
ow ow  dw  Ow]  Op 0S. 0S., 0S..
”[at T Ty T T et e ey e 100
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Energy equation give

P |5 T TV TV a2 922 "o T 92| Tox
I <@ + 8—“’) +5.2% 0 (08

orT oT orT 8T} i [82T o0’T 82T} gy
= kr

oz 0z ' Ox 0z

Complaint walls equation can be expressed as

G(n):p_p07
with
o2 2 0
G = —T@—Fmﬁ—f‘da, (109)
9  Op S  0Sw  0S. [0u Ou Ou  ou
2z = T Ty Ta Par Tlax Tlay T Ve, 2| (1010)

Defining non-dimensional variables and stream function as

oo T Y et AP
- A’ y - )\7 - d’ - A? p - ILLC)\’
* u * v * wo n I
U = 5L U =W =—,N=5V=—
c c c d )
T-1Ty a pcd ., ReQd
Tl _TO7 d’ € # ) c )
4o* V2
pro= M pg— A8 g Py, ag = p¥2Te
kT ]{Tk‘* Dy
Td3 mied? d3d
E, = —33 Ey = 13 ’ E3:—27
A pe A% UA
HC & 7 B By = Bs
SZ] = 7 SZ]7 61 - 77 52 - 77 /83 - 77 (1011)
u = 1, w=—0,. (10.12)
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Egs. (10.3 —10.8) in view of large wavelength and small Reynolds are

0 /
r — 7 _Pxz 2T ) 10.1
D 8zS +2Tv (10.13)
0 /
Py = 55112 —2T 4, (10.14)
p. = 0, (10.15)
(1+RdPr)@+Br5 =0 (10.16)
62,’2 Tz T Y .
1\ 0%y
rz = 1 — | 5 9>
5 ( * 046> 022
1\ ov
, = 1+— ) =. 10.1
s, (+a6)az (10.17)
Boundary conditions in dimensionless form
oY 0%
+ 1 = ==+ 10.1
8 Bl( + a6)822 07 at z n, ( 0 8)
3 o3 0? 05y, /
[Elﬁ T Egae t E3axat] =~
1
vt By(l+ — )gz =0, atz=4%n, (10.19)
0+ B39 =1,
Psb: . atz=—n, (10.20)
0 — B2l =0
where
n=1+esin2r(z—1t), (10.21)

here a the fluid parameter. From Egs. (10.13) to (10.15), we have:

84711 1 Ov

<1 + > ot 5" =0, (10.22)
1 821) law

<1 + a—ﬁ) 52~ 2 5 =0. (10.23)
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10.3 Entropy generation

Dimensional form of the entropy generation is given as

2 2 w3 2
o - gl @
05 ox 0z 3k* 0z
g B g (O, o) o
o [Sm o S ( >+ ax> +8.57 ). (10.24)

In dimensionless form, entropy generation can be written as follows:

1"

Ngen 89 2 N
Ngen = N (1+ RdPr) % + ABr 1+
g

1) ikl (10.25)

o) 0227

A — 0o " _ kr(Ti—To)?
where A = Ti~To) and N, = e

represents the temperature difference parameter and
entropy generation characteristics. In Eq. (10.24) first and second terms corresponds to entropy
generation due to heat transfer (HT') and fluid friction (F'F) respectively. Now defining Bejan

number Be
HT

Be=mrvrr

(10.26)

10.4 Solution methodology

The exact solutions of equations (10.16, 10.22, 10.23 and 10.25) corresponding to boundary
conditions (10.18 — 10.21) are as follows

b = (6+ 24728807 + (6 + 8T B, (38, + ) ) B

Lz [*ag — 3n(2(1 + ag) By + aen)] , (10.27)

v = (401 +ag)(3+12T818,m° + (3 + AT B (38, + )
LT [2*of — 62%aen(2(1 + a6)B1 + aen) + 177 (12(1 + a6) B, (2(1 + a6) By

+agn) + agn(8(1 + ag) By + bagn))], (10.28)
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0 = i[%(ﬁs +1)" = (14 Pr Rd)(3(1 + ag) + 127 *(1 + a6) 31 821

+4Tl204662773)2)_13B1"L2z4046(1 +ag) —2(B3 + n)_l[SBrL2n3a6(l + ag) (B3 + 1) (485
+0)((1+ PrRd)(3(1 + ag) + 127" 2(1 + ag)B189n° + 4T *agBy1°)?)
—(=B1 — ) (=1 = 3BrL’nas(1 + ) (B3 + 1) (483 + ) ((1 + Pr Rd)

(3(1 + ag) + 1272 (1 + ag) B1.89m> + 4T 2 851°)2) M1, (10.29)

1 /
Ngen = 5(1+PrRA)[(B3+n)"" = (1 +PrRAB(L+ ag) + 127 *(1 + a6) 51 21’
+4T 206 891°)?) 16 BrL? 23 a1 4 a) + 9ABrL?z%ag(1 + ag)

((3 + 121728, 891 + (3 + AT 2 s B2 (36, +1)))2) 1. (10.30)

10.5 Discussion

Impact of various involved parameters on axial velocity is demonstrated in Figs. (10.1 — 10.5).
Fig. 10.1 depicts the variation in u for multiple values of Taylor’s number. It is obvious that
velocity declines via T" since a secondary flow is induced by increase in rotation which decreases
velocity of fluid in axial direction. Fig. 10.2 clarifies an enhancement in velocity for growing
values of fluid parameter ag. It is due to reduction in viscosity of fluid. Fig. 10.3 is plotted to
observe the impact of slip parameter 3; on axial velocity. Resulting sketch shows an increment
in velocity for larger 3;. In fact for larger slip parameter, less resistance is offered to the fluid
which tend to rise the velocity. It can be seen through Fig. 10.4 that axial velocity is a
decreasing function of secondary slip parameter (5. Impact of wall parameters (E1, Fa, E3) on
velocity profile is illustrated through Fig. 10.5. Wall elasticity parameters (F1, E2) accelerates
the flow of fluid however a reduction in velocity is observed for increasing damping parameter
E;s.

Variation in secondary velocity for embedded parameters is analyzed through Figs. (10.6 —
10.9). It is found from Fig. 10.6 that secondary velocity grows for larger fluid parameter .
Secondary velocity v is an increasing function of Taylor’s number as demonstrated in Fig. 10.7.
The reason lies behind the fact the fluid moves faster in secondary direction for increase in

rotation. Fig. 10.8 serves to manifest the impact of slip parameter 3, on v. Here velocity grows
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via 4. Impact of wall parameters on secondary velocity is similar as observed for axial velocity
(see Fig. 10.9).

Figs. (10.10 — 10.15) characterize the effect of physical parameters on temperature profile.
A decline in temperature is obtained for rise in Taylor’s number 17" as demonstrated in Fig.
10.10. Fig. 10.11 discloses that temperature of fluid decreases as fluid parameter grows. It
due to decrease in viscosity of fluid. Variation in 6 for larger (5 is portrayed in Fig. 10.12.
It is obvious from resulting graph that there is in increment in temperature for enhancing
slip parameter. Wall elasticity parameters F;(i = 1,2) tend to rise the temperature however
an opposite behavior is noticed for wall damping parameter E3 (see Fig. 10.13). Fig. 10.14
highlights the decaying outcomes of radiation parameter on temperature profile. Since for
higher R,,, absorbing power of fluid particle tend to reduce and hence temperature drops. Fig.
10.15 determines the behavior of temperature for rising values of Brinkman number Br. As
more heat is generated for stronger viscous dissipation therefore temperature rises.

Figs. (10.16 — 10.21) are captured to investigate the behavior of heat transfer coefficient
for variation in pertinent parameters. Decaying response of heat transfer coefficient towards
growing Taylor number is recorded in Fig. 10.16. Fluid parameter produces an increment in
magnitude heat transfer coefficient as depicted in Fig. 10.17. Physically for larger ag, the
strength of viscous forces increase. As a result, Z grows. Fig. 10.18 clarifies that heat transfer
coefficient is an increasing function of thermal slip parameter 55. Since heat transfer coefficient
and temperature are in direct relation with each other therefore wall parameters Fy, Fs and
Es affect Z is same manner as that of temperature profile (see Fig. 10.19). Upon increasing
radiation parameter, heat transfer coefficient declines as shown in Fig. 10.20. Fig. 10.21

characterizes an inverse relationship between Z and Brinkman number Br.
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Fig. 10.1 Fig. 10.2

Fig. 10.1: Effect of 7" on u(z)
Fig. 10.2: Effect of ag on u(z).

u

Fig. 10.3 Fig. 10.4

Fig. 10.3: Effect of 5; on u(2)
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Fig. 10.4: Effect of 35 on u(z).
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Fig. 10.5: Effect of Ey, Es, E3 on u(z).

Fig. 10.6 Fig. 10.7

Fig. 10.6: Effect of ag on v(z).
Fig. 10.7: Effect of 7' on v(z).
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Fig. 10.8: Effect of 55 on v(z).
Fig. 10.9: Effect of Eq, Eo, E3 on v(z).

Fig. 10.10 Fig. 10.11

Fig. 10.10: Effect of " on 6(z).
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Fig. 10.11: Effect of ag on 6(z).
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Fig. 10.15: Effect of Br on 6(z).

Fig. 10.18: Effect of 53 on Z(x).
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Fig. 10.19: Effect of E1, F2, E3 on Z(x).
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Fig. 10.20: Effect of R,, on Z(x).
Fig. 10.21: Effect of Br on Z(x).

10.5.1 Entropy generation

Figs. (10.22 — 10.26) reveal the impression of sundry parameters on entropy generation. Fig.
10.22 displays a growing outcome of fluid parameter on entropy generation. A less entropy is
produced at center of channel as compared to channel walls. A reverse relationship is noticed
with the larger values of thermal slip, rotation and thermal radiation and can be viewed through
Figs. 10.23 — 10.25. When channel is rotated at high speed, more heat is generated and hence
entropy declines. Fig. 10.26 indicates a rise in entropy generation via larger values of Brinkman

parameter BrA~!. It is obvious that more disturbance in fluid is generated through larger

Brinkman parameter which tend to enhance Nj.

Figs. 10.27 and 10.28 show that for larger Taylor number and thermal radiation parameter
the heat transfer irreversibility is high when compared with total irreversibility for heat transfer
and fluid friction. A reduction is demonstrated by Be for increasing values of fluid and thermal
slip parameter (see Figs. 10.29 and 10.30). Figs. 10.29 and 10.30 reveal a development in
magnitude of Bejan number for growth in Taylor number and radiation parameter. Kinetic

energy of fluid rises via 7" and Rd which produces an enhancement in Be. A growing impression

of Brinkman number on Bejan number is portrayed in Fig. 10.31.
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Fig. 10.23: Effect of 83 on Ns.

Fig. 10.24

Fig. 10.24: Effect of T on Ns.

Fig. 10.25: Effect of R, on Ns.
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Fig. 10.26: Effect of BrA~—! on Ns.
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Fig. 10.27: Effect of T" on Be.
Fig. 10.28: Effect of R, on Be.
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Fig. 10.29: Effect of ag on Be.
Fig. 10.30: Effect of 33 on Be.
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Fig. 10.31: Effect of BrA~—! on Be.

10.5.2 Trapping

In Figs. 10.32 and 10.33, trapping phenomenon is observed for various involved parameters.
Fig. 10.32 elucidates that size and number of trapping bolus reduces for larger values of Casson
parameter ag. It is due to decrease in kinetic energy of fluid particles. It is clear from Fig.

10.33 that size of trapped bolus decreases for rising values of rotation parameter T
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Fig. 10.33: Streamlines for ag (a) a =0 (b) « =0.2 (¢c) a = 1.

10.6 Conclusions

Here peristaltic transport Casson fluid under the influence of entropy generation through a

rotating channel in examined. The key findings of investigation are
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There is a reduction in axial velocity for growing Taylor number 7".

Impact of fluid parameter ag on u, 6, Z, Ns is opposite when compared with Bejan

number Be.
A significant rise in secondary velocity via larger wall parameter, T, ag and B4 is observed.
There is an inverse relationship between axial velocity and the slip parameters.

Increasing outcomes of elastic parameters (F1, Fo) towards u are noticed however impact

of E3 on u is quite opposite.

Temperature distribution is decreasing function of T' and Rd however it is directly related

with ag, 85 and Br.
Multiple values of A~!Br, 35 and ag tend to raise entropy generation.
Decaying impression of T' and R, is observed on entropy generation.

Increasing values of ag and 33 have tendency to reduce Bejan number. However T' and

R, have a growing impact on Be.

Heat transfer coefficient is directly related with «ag, 83 and Br. However Z declines via

T and R,.
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...... 132 Chapter 1 Literature review and basic laws This chapter deals with literature review related to
peristalsis and transfer of heat with different effects in a rotating frame. Some fundamental equations for
fluids flow are also presented in this chapter. 1.1 Literature survey Peristalsis in human physiological
systems has gained much attention of the researchers. Engel- mann [1] was the first to investigate the
existence of peristaltic waves in ureter. After his initial work, several other researchers like Lapides [2], Kiil
[3] and Boyarsky [4] put their efforts to ex- tend this study. The phenomenon of peristaltic pumping was
discussed by Latham [5]. Shapiro et al. [6] presented experimental work by considering the inertia free flow
in a flexible tube.

54The pioneer work of Latham [5] and Shapiro et al.

[6] opened new ways for further advancements in peristaltic transport. After the confirmation of Shapiro’s
theory based on

98long wavelength and low Reynolds number approximation by Eckstein [7]

and

Weinberg [8], a number of attempts have been made for advancements in this direction. Further the ureteral
system as peristaltic pump by imposing different waves on ureteral walls was analyzed by Weinberg et al. [9]
and Lykoudis [10]. Zein and Ostrach [11] investigated significance of peristalsis in ureteral system.
Afterwards, Fung [12? 13] discussed the effect of biomechanical forces on dynamics of urethral muscles.
Peristalsis of viscous liquid in both symmetric and asymmetric configurations is ex- plored by Burns and
Parkes [14]. Lubrication approach was adopted by Hanin [15] along with consideration of small amplitude
ratio. An investigation on studying the impact of low Reynolds number on peristalsis in a tube of roller pump
is carried out by Megininiss [16].
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5Peristaltic flow of viscous fluid through circular tube is addressed by Yin and

Fung

[17]. Lew and Fung [187 19] explored asymmetric flow of viscous fluid in a cylindrical tube. Their
investigation presents the importance of fluid motion inside vessels of living organisms. Barton et al. [20]
discussed the peristaltic motion in tubes. An analysis on peristalsis of viscous fluid subject to inertial and
streamline curvature is conducted by Jaffrin [21]. Tong and Vawter [22] adopted finite element method to
analyze the peristaltic transport through a tube.

1Movement of spermatozoa in tube is mathematically investigated by

Semleser et al.

[23]. Mitra and Parsad managed to determine

43the impact of Poiseuille flow on peristalsis in a two dimensional channel

[24]. Liron [25] developed the series solution by double expansion about long wavelength and Reynolds
number for peristalsis in pipe and channel. He studied the efficiency of biological functions in terms of
peristaltic flow. Assumption of small wave number is invoked in his analysis. Impacts of wave amplitude and
wavelength on flow field was first presented by Brown and Hung [26]? He observed that reflux occurs on the
axis of the tube for short wavelengths. However reflux occurs off the axis for longer wavelengths. A detailed
examination of peristaltic flow through pipe and channel is carried out by Srivastava and Srivastava [27].
Nakanishi [28] numerically investigated a two-dimensional model of peristalsis of viscous fluid through a
channel with pro- gressive waves of wall contraction. Takabatake et al. [29] adopted finite difference scheme
for analyzing the peristaltic pumping through a tube. Peristalsis of incompressible viscous

92

elaborated by Makheimer [30]. Inertia and curva- ture effects on peristalsis in asymmetric geometry is
explored by Rao and Mishra

1[31]. Viscous fluid flow subject to complaint walls has been analyzed by Hayat
et al. [32].

There is no doubt that many realistic liquids are different then viscous fluids. Non-Newtonian characteristics
have been exhibited by peristalsis transport of chyme in [33] and contraction and expansion of blood vessels
in [34].

25The classical Navier Stokes relations are unable to describe the nature of

rheological complex
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liquids such as lubricants, hydrocarbons, industrial oils, shampoo, muds, petroleum and blood etc. Non-
Newtonian fluids have wide utility in many phenomena. In order to investigate the non-Newtonian behavior
of fluids, many models have been formulated by the investigators. Patel and Timol [35] mentioned the stress
strain relation- ship for non-Newtonian fluids. Akbar et al. [36] performed an analysis for

105flow of Carreau fluid through asymmetric channel. A

study on peristaltic transport of Jeffrey fluid through rectangu- lar duct is commenced by Ellahi and Hussain
[37]. Jeffrey fluid flow with simplest mathematical form is capable of relating the retardation and relaxation
times effects. Bhatti and Abbas [38] investigated peristaltic blood flow by considering Jeffrey model
saturating porous medium. Ap- plication of low Reynolds number on peristaltic motion of micropolar fluid
was discussed by Devi and Devanathan [39]. Adomian decomposition method was adopted by
Sheikholeslami et al. [40] in order to investigate Jeffrey-Hamel flow analytically. Long wavelength
assumption is employed on two-dimensional peristalsis of non-Newtonian fluid by Rahakrishnamacharya
[41].

5Srivastava and Saxena [42] observed the peristaltic transport of blood through a
tube of uniform diameter. They employed constitutive relation of Casson fluid

for blood.

5Elshehawey et al. [43] scrutinized the peristaltic motion of Carreau fluid by
invoking the lubrication approach and employing the perturbation technique for

small Weissenberg number.

An analytical discussion on flow properties

300of Carreau fluid in a compliant rectangular duct

is commenced by Riaz et al. [44]? Sisko fluid is one of the most important non-Newtonian fluids comprised
of shear thinning as well as shear thickening attributes. Sisko fluid model has tendency to represent the
proper- ties of Newtonian and non-Newtonian fluids for suitable choice of material fluid parameter. An
analysis for porosity and

53magnetic field effects on flow of Sisko fluid

23provided by Hayat et al. [45? 46]. Zaman et al.

file:///C:/Users/qau1/Documents/Turnitin_Originality_Report_993693712.html 13/66


javascript:openDSC(59732585, 37, '93460');
javascript:openDSC(902089611, 1, '86906');
javascript:openDSC(902089611, 1, '86913');
javascript:openDSC(58945667, 37, '93454');
javascript:openDSC(91948782, 4, '93857');
javascript:openDSC(59044374, 37, '93465');

Turnitin Originality Report

[47] managed to study blood flow through vessel by assuming the blood as Sisko fluid. Hayat et al. [48]
reported a numerical investigation of peristalsis of non-Newtonian Carreau-Yasuda fluid under the influence
of Hall effect. Mernone and Mazumdar [49] provided a detailed theoretical investigation of Casson fluid
through an axisymmetric channel. Eytan and Elad [50] inspected the motion of intrauterine fluid motion due
to myometric contraction as peristaltic transport. Nadeem and Akram [51] scrutinized two-dimensional

peristaltic flow of hyperbolic tangent fluid and simplified the problem under lubrication approach.

1Hina et al. [52] examined the wall properties on peristalsis in a curved channel

by considering pseudo- plastic fluid and

1heat and mass transfer. They discussed the shear-thinning/thickening
effects followed by lubrication approach. Akbar et al. [53] employed non-

Newtonian Williomson fluid for numerical study of peristalsis

in an axisymmetric channel. Peristalsis of Prandtl

1fluid under long wavelength assumption has been reported by Riaz et al.

[54]? This work is extended by Hayat et al. [55] with Hall and chemical reaction effects. Viscoelastic non-

Newtonian fluids have tremendous applications in physiology and industry.

shear rates. Also its constitutive equation can be obtained from kinetic

theory of fluids instead of empirical relation.

17Ree- Eyring can be reduced to Newtonian fluid model for both high and low

Ketchup, polymer solutions, ketchup, nail polish and wiped cream are some of the relevant examples.
Physiological fluids movement like blood also contains such characteristics. Pulsatile flow of Ree-Eyring

102fluid in a channel is discussed by Shawky et al.

[56]. Bhatti et al. [57] discussed blood flow in a vessel by considering Ree-Eyring fluid. Abbasi et al. [58]

worked out

54flow of Eyring Powel liquid in curved channel.

This work was extended by Hina et al. [59] in

14presence of heat and mass transfer. Theory of micropolar fluid
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was explained by Eringen [60] and characteristics like body couples, microinertial effects, couple stresses
and microrotation are illustrated in details. Johnson and Segalman [61] introduced the theory for viscoelastic
fluids expressing non-affine deformation. Chaturani and samy [62] analyzed the blood flow through arteries.
Bohme and Friedrich [63] modeled a problem for investigating attributes of an incompressible viscoelastic
fluid in a planar channel without any inertial force. Chaturani and Samy performed an analysis for peristalsis
of blood through stenosed artery [64].

23Flow of Eyring Powell fluid model through straight channel

is demonstrated

23by Hayat et al. [64]. Alvi et al.

[65] examined impact of non-constant viscosity on peristaltic activity of Jeffrey fluid containing nanoparticles.
Latif et al. [66] discussed the peristalsis of third order liquid with variable properties. Also Fosdick and
Rajagopal [67] presented thermodynamics analysis for third grade fluid. Tripathi et al. [68] explored the
peristalsis of fractional Maxwell fluid in a channel. Couple stress fluid model is intended for the body couples
and couple stresses in the medium of fluid. It has applications to understand many physical problems as it
possesses the rheological convoluted fluid phenomena. Coating of paper, plasma, nuclear fuel slurries,
polymers, fossil fuels, lubrication with heavy oils and greases carry such rheological characteristics. From
industry point of view, many applications e.g., colloidal fluids, extrusion of polymer fluids, exotic lubricants,
metallic plate cooling in bath and solidification of liquid crystals are related to this fluid. In the lubrication of
engine rod bearings and tribology of thrust bearings, this fluid is also important. Couple stress model has
been used to discuss biomedical phenomena such as infected urine from a diseased kidney and human and
animal blood. Peristalsis of couple stress liquid in an endoscope was investigated by Mekheimer and Abd
elaboud [69]. Then his work is extended by Shit and Roy [70] through inclined

24channel. The problem is solved analytically by taking long wavelength and low

Reynolds number assumptions. Ramesh [71] stated the rheology of

couple stresses in transport of fluids. Importance of heat transfer in medical and industrial applications
cannot be ignored.

5Par- ticularly, the heat transfer phenomenon in human body is an important

area of research.

Due to its wide spread significance in human tissues, many biomedical engineers are attracted to- wards
human thermoregulation system [72] and thermotherapy [73]. In humans heat transfer take place as
conduction in cancer tissues, metabolic heat generation,

10dilution technique in examining blood flow,
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10perfusion of arterial-venous blood through the pores of the

tissues and vasodilation. Transfer of heat with the interaction of peristaltic fluid flows is significant in
hemodialysis, oxygenation, laser therapy and thermal energy storage. Radhakrishnamacharaya

63et al. [74] and Vajravelu et al. [75] analyzed the heat transfer on peristaltic flow

of viscous

fluid in non-uniform channel and tube. Peristaltic flows of

9viscous and non-Newtonian fluids in the presence of magnetic field

is significant in physiological processes such as medicine and bio- engineering. Many phenomena are
based on MHD principles such as

36design of heat exchangers, flow meters, radar systems, MHD compressor

operation etc. Such

effects is useful in the de- velopment of magnetic devices, hyperthermia [76], blood reduction during
surgeries and cancer tumor treatment, MHD drug targeting [77], micro-circulation flows [78] and biomedical
flow control, separation devices [79], in treatment of the pathologies e.g., gastroenric pathologies,
rheumatisms, constipation and hypertension. Another important aspect of MHD is related to Hall and ionslip
effects. Hall current is much more significant for higher externally applied magnetic field. Further when the
electron-atom-collision frequency is high then ionslip effect cannot be ignored. Some applications which
basically lie on Hall and ionslip currents include MHD generators, electric transformers, power generators,
Hall accelerators, heating elements, refrigeration coils and flight MHD. In addition flow of fluid is much
affected by the presence of Joule heating.

21The study of heat transfer with Joule heating effects has immense applications

in

biomedical engineering and food industries. Effect of Joule heating arises from the fluid elec- trical resistivity
and applied electric field.

190ne of the applications of electro osmosis is the fluid delivery in lab-on-a-chip
devices, where one deals with thermally labile samples. Temperature rise
due to Joule heating can result in low column separation efficiency, reduction

of analysis resolution and even loss of injected samples.

file:///C:/Users/qau1/Documents/Turnitin_Originality_Report_993693712.html 16/66


javascript:openDSC(57723907, 37, '93373');
javascript:openDSC(987897337, 1, '95261');
javascript:openDSC(57639890, 37, '82160');
javascript:openDSC(596884530, 37, '93346');
javascript:openDSC(51502357, 37, '93420');
javascript:openDSC(440634044, 1, '96001');

8/29/2018 Turnitin Originality Report

Therefore several investigations regarding these effects in peristalsis are performed. Sud et al. [80]
discussed the magnetic field effect for blood flow. Peristaltic activity of blood flow in equally branched
channel is investigated by Agrawal et al. [81]. Their study concludes that during cardiac surgeries the
magnetic field may be used in blood pump. Radhakrishnamacharya and Murty [82] examined the MHD
aspects of

9peristaltic flow in a non-uniform

channel. Wang et al. [83] discussed magnetohydrodynamics effects on

57peristaltic motion of Sisko fluid in symmetric channel. Hayat et al. [84]

canvassed the peristaltic flow of MHD hyperbolic tangent fluid

55with Joule heating and slip conditions.

Awais et al. [85] examined convective

40heat transfer on MHD peristaltic flow in a

symmetric channel. Abbasi et al. [86] observed MHD

24peristaltic flow of Carreau fluid in curved channel under long wavelength

and low Reynolds number

assumptions. Further his work was extended by Ellahi et al. [87] by employing a uniform duct of rectangular
cross section. Analytical solutions are obtained by employing a perturbation method. They also compared
their results by numerical solutions. Heat transfer phenomenon with Ohmic heating is discussed by Asghar
et al. [88]. They also considered the Hall and ionslip effects in their analysis. Hayat et al. [89] extended the
work of Asghar et al. [88] for Jeffrey nanofluid. Nowar [90] investigated peristaltic flow of nanofluid saturating
porous space inside the channel with Hall effect.

9In a non-uniform rectangular duct

Pop et al. [91] observed

12the peristaltic flow of non-Newtonian fluid with

magnetic and ionslip effects.
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94Blood flow of Powell Eyring fluid in a porous

medium with ionslip effect

11is studied by Bhatti et al. [92]. Noreen and Qasim [93] analyzed the flow of

pseudoplastic fluid in presence of Hall current. In many environmental and scientific processes,

20thermal radiation plays a significant role. Radiative heat transfer

occurs when electromagnetic waves propagate across pore-air spaces. Heating and cooling of chambers,
astrophysical flows, solar power technology and water evap- oration from open reservoirs are useful
applications of this effect. Thermal insulation, cooling of nuclear reactors, combustion, fluidized bed heat
exchanger,biological tissues, turbid water bodies, furnace design, gas turbines, power generation systems,
high temperature plasmas, fire spreads, solar fans, solar collectors, cancer therapy are such significant
examples of thermal radiation. In addition heat generation/absorption effect is quite useful in thermal
performance of working fluids.

20Radiation can control the excess heat generation inside the body since
high temperatures pose serious stresses for the human body placing it in

serious danger of injury or even death.

Further the involvement of heat generation/absorption effect in heat transfer is encountered frequently in
many fields such as engineering, aerosol technology and industrial sector. It is also quite useful in the
manufacture of plastic and rubber sheets, food stuff storage, disposal of radioactive waste material and
dislocating of fluids in packed bed reactors.

1Having all such in mind the representative studies for

non-uniform heat source/sink and

1radiation of nonlinear fluids have been addressed by number of

researchers

[94 - 102]. Mass transfer mechanism involves transfer of mass from one location to another. Mass transfer
occurs in variety of engineering process. Specifically in chemical industry, mass trans- fer has widespread
applications such as diffusion of chemical impurities, distillation process, reverse osmosis and membrane
separation process. The rate of mass transfer rely on diffusivity and flow pattern of fluid. Investigation of
combined heat and mass transfer species is impor- tant in seeking better understanding of various physical
phenomena. Heat and mass transfer is not only responsible for energy distribution in the system but these
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also influence the system mechanics. Peristalsis with heat and mass transfer has vital position in biomedical
sciences and industry. Few relevant applications are food processing [103], fog dispersion [104], metal
purification [105], vasodilation, perspiration in hot weather, blood transfusions [106], heat con- vection
occurring due to blood flow through pores of tissues, food drying [107], nuclear power generation [108],
underground disposal of nuclear waste and extraction of geothermal energy. Energy flux induced by

13concentration gradient is referred as Dufour effect whereas mass flux

produced by temperature gradient is known as Soret effect.

Importance of Soret-Dufour effect cannot be neglected in isotopes separation, catalytical reactor, reservoir
engineering and paper industry. Ogulu [109] put forward his efforts in investigating

79fluid and mass transfer flow of blood through single vessel.

Nadeem and Akbar [110] discussed peristalsis of Jeffrey-six con- stant fluid filled

11with heat and mass transfer simultaneously. Hayat et al.

[111] scrutinized

12heat and mass transfer effects on peristaltic transport of pseudoplastic in the

presence of in- duced magnetic field. Shaaban and

Abou-zeid [112] performed a comprehensive study on MHD

23peristaltic flow of Eyring-Powell fluid. Hayat et al.

[113] examined Joule heating aspects

9on mixed convective peristaltic flow of viscous nano fluid with Soret -Dufour

effects.

Mustafa et al. [114] focused their attention on study of peristalsis of

13fourth grade fluid under the influence of Dufour and Soret effects.

They adopted Keller-box method for numerical solution of non-linear boundary value problem. Hayat et al.
[115] discussed
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13Soret and Dufour effects on peristalsis of pseudoplastic fluid through a

tapered channel.

Farooq et al. [116] considered the mathematical aspects of

52Soret and Dufour phenomena on MHD peristalsis of

Jeffrey fluid. He performed his analysis subject to variable viscosity.

13Hayat et al. [117] accounted the Soret-Dufour

impacts on peristalsis of Bingham plastic fluid by regular perturbation technique for series solution of
problem. Chemical reaction is another phase of mass transfer. Investigation of heat and mass transfer
problems with chemical reaction has promising applications in industry such as burning of fuels, making
cheese, solar collector, combustion system, smelting iron and brewing beer. Chemical reactions are integral
part of many complicated processes of living organisms. Mustafa et al. [118] addressed

40heat and mass transfer on mixed convective peristalsis of fourth grade fluid.

Hayat et al. [119] attempted to investigate

85the peristaltic transport of Casson fluid under the influence of

chemical reaction and Soret-Dufour effect. Sankad and Dhange [120] modeled

30peristaltic transport of incompressible viscous fluid with flexible walls and

chemical reaction. He computed the mean effective coefficient of dispersion through Taylor’s limit and long
wavelength hypothesis. Muthuraj et al. [121] performed a comprehensive examination

390n peristaltic pumping of dusty fluid in the presence of

chemical reaction and wall properties. Impact of thermal deposition and chemical reaction on peristalsis of
Carreau-Yasuda fluid is reported by Hayat et al. [122]. Machireddy and Kattamreddy [123] commenced a
study for Joule heating and chemical reaction effects on

104peristaltic flow through porous medium. Influence of chemical reaction
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on hydromagnetic peristaltic pumping of radiating and reacting couple stress fluid passing through an
inclined

52channel is explored by Reddy et al. [124]. Mishra et al.

[125] explained impact of chemical reactions on peristalsis of physiological fluids with temperature
dependent properties. Thermophoresis is a kind of mass transfer that occurs due to movement of colloidal
par- ticles due to macroscopic temperature. Small suspended particles are more likely to travel in the
direction of decreasing

10temperature when temperature gradient is maintained in the gas.

10This phenomenon arises due to difference of average velocities of particles.

The most common

applications of thermophoresis are stone statue erosion, eliminate the particles from gas stream, silicon thin
film deposition and

10blackening of glass of kerosene lantern. The

novel features of Joule heating

10and thermophoresis on MHD peristaltic pumping of

viscous nanofluid are elabo- rated by Shehzad

53et al. [126]. Hayat et al. [127] scrutinized the effects of thermophoresis and

rotations on MHD peristalsis of Jeffrey fluid with non-uniform heat source/sink and flexible wall channel. Ali
et al. [128] considered fourth grade for peristaltic transport through asymmetric channel of convective walls
with concentration and thermophoresis effects. Analytic solution of problem is approximated through
perturbation technique. Analysis of heat transfer in fluid flow by movement of particles is known as
convection. In many physical processes such as gas turbines, thermal storage and nuclear fluid transport,
macroscopic fluid transportation produces development in heat transfer. Transfer of heat be- tween static
fluid and solid boundary through physical contact is referred as conduction. In case of moving fluids, heat
transfer occurs through conduction as well as convection. For such problems boundary conditions can be
modified by

5Fourier law of heat conduction and the New- ton’s law of cooling. These
conditions are referred as convective
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boundary conditions [129? 130]. Hemodialysis and oxygenation, hypothermia treatment,

60sanitary fluid transport, blood pump in heart-lung machines, transport of

corrosive fluids,

laser therapy and coldness cryosurgery are some practical applications. In view of such importance various
researchers studied the peristaltic flow subject to convective boundary condition [131 — 135]? Flow pattern
with

18slip boundary characteristics has special significance in many applications.

Undoubtedly due to the wetted wall, a loss of adhesion

by fluid is presented

18which compels it to slide along the wall.

In fluid-solid interaction situations, slip effect is meaningful in describing the macroscopic effects of certain
molecular phenomena. Some daily life applications of slip are rarefied fluid, polishing of internal cavities and
artificial heart valves,

42fluid motion within human body, flow on multitudinal interfaces

and thin film.

1However less devotion towards slip relative to peristalsis is shown in the

literature.

18Ali et al. [136] examined the slip effects on MHD peristaltic flow of viscous
fluid with variable viscosity. Hayat et al. [137? 138] captured the effect of slip

under peristaltic flow of Jeffrey and

viscous materials respectively. Couple stress fluid flow with peristalsis through porous medium comprising
slip effects has been reported by Ramesh [139]. Hina et al. [140] studied peristalsis of Johnson-Segalman
fluid in curved geometry subject to slip conditions. Yildirim and Sezer [141] discussed

76partial slip on MHD peristalsis of viscous fluid in an asymmetric channel.

Peristaltic motion of

file:///C:/Users/qau1/Documents/Turnitin_Originality_Report_993693712.html 22/66


javascript:openDSC(902089611, 1, '86922');
javascript:openDSC(94584004, 4, '95500');
javascript:openDSC(735115311, 1, '91894');
javascript:openDSC(735115311, 1, '91898');
javascript:openDSC(59992020, 37, '91881');
javascript:openDSC(986474556, 1, '86693');
javascript:openDSC(735115311, 1, '91899');
javascript:openDSC(144703589, 2909, '65115');

8/29/2018 Turnitin Originality Report

power-law model is analyzed by Kumar et al. [142]. Ellahi and Hussain [143] discussed peristaltic flow in a
rectangular duct with slip effects. Some more investigations for slip effect are reported via studies [144 -
149]. Existing literature on peristaltic mechanism were done in straight or curved channels. How- ever
literature peristalsis of viscous and non-Newtonian fluids in rotating channel is scarce. Flow of fluid in
rotating frame has gained much importance amongst the researchers. It is because of its vast applications in
ocean circulation, gas turbines, medical equipment, galaxies formation, aircraft, rotational spectroscopy,
rotational air cleaner and geophysical flows. This phenomenon through rigid body rotation give rise to effects
of centrifugal and Coriolis force in addition of inertial forces. Few aspects for peristalsis with rotating frame
are discussed in the attempts [150 — 156]. 1.2 Basic equations Here the basic laws for mass, momentum,
energy and concentration are presented. 1.2.1 Mass conservation The mass conservation equation in
differential form is ?? ?? +V?(?V)=07? (1.1) Here ? denotes the density, V the velocity and V represents
gradient operator. For incom- pressible material V?V = 0? (1.2) 1.2.2 Momentum conservation Generalized
equation of motion is ? ?V ?? = V?1 +?f ? 1= -?1 + S? (1.3) (1.4) where T represents Cauchy-stress tensor, f
body force, | identity tensor, S extra stress tensor, ? the material time differentiation, and ? the pressure .
Equation of momentum in rotating is ?? written as: ? ?V ?? +?2[2 (Qx V) + Q x (Q x )] =V?1 +?f ? (1.5)
where on left hand side second and third terms present the Coriolis and centrifugal force re- spectively. Here

second term on right side stands for energy flux and source term related to transport of energy. For the
modification of heat transport characteristics the source term is responsible for consideration of velocity
components, radiative heat flux, surface heating cooling, and viscous dissipation. Moreover, it also stands
for other physical phenomena such as Joule heating and Dufour effects. 1.2.4 Concentration conservation
Suppose ? be the mass concentration of fluid per unit volume, then equation of mass can be given as: ?? =
V27 + ???? V2?7 (1.7) ?? ?? in which ?? presents the thermal-diffusion ratio, ?? stands for mass diffusion
coefficient and ?7? is the mean temperature. 1.2.5 Transformations and volume flow rate In present thesis we
use Galilean transformations for flow analysis from laboratory to wave frames of reference. The variables
are designed as ? =

8) where ?? ?? ?? ? are the pressure and velocity components with respect to wave frame.

69The dimensionless volume flow rate for asymmetric channel in fixed and wave

frames is given by

"?) ?2Z(?) Using Eq. (1?

8), the volume flow rate can be related by 7 =7 + 2?1 (?) - 2?2 (?) ?

11The time mean flow at a fixed position ?” over a period (say ??) is
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??1 + ??2? Now defining nondimensional mean time flow in fixed and wave frames respectively @ ? ? =
??1 7?71 =271 ?finally we obtain ? =71 + 1+ ?? (1.10) (1.11) (1.12) (1.13) (1.14) in which ?1(?) ?1 = ?(??
?? ?)?7?? (1.15) ?2Z(?) Similarly for symmetric channel the flow rate is given by ?(?) ?1 = ?(?? ?? ?)??7?
(1.16) Z0 1.2.6 Dimensionless parameters The non-dimensionless parameters occurring in whole thesis are

??=??27272?=2???20??=7?17?7?=77(1.17) Here Re denotes the Reynolds number, Q the angular
velocity, ?? the displacement, ? the wave speed, ? the wavelength, ? the fluid density, ? the kinematic
viscosity, ? the electrical conductivity, 70 the magnetic field strength, ? the electron, ?? the cyclotron
frequency? ? the dynamic viscosity, 70 concentration at walls? ?0 temperature at walls, ?? the specific heat,
?? thermal conductivity, ?? the amplitudes, °?1, “?2heat and mass transfer coefficient, ?

5the elastic tension, ?+1 the mass per unit area, 70 the damping coefficient, ?*
the

Stephen Boltzman constant, ?« the mean absorption coefficient, ?0

101non-uniform heat source/sink coefficient, ?++ the thermophoretic coefficient,

?7? the

reference temperature, ? the mass diffusivity coefficient, ?? concentration susceptibility? ?? mean fluid
temperature? ?0 thermal diffusion ratio, ?1 the chemical reaction coefficient, ? non-uniform channel
coefficient, ? 0 denotes

7the Taylor number, ? the Hall parameter, ? the Hartman number, ?? Brinkman

number, ? Eckert number, Pr Prandtl number,

?? amplitude ratio variable, ??1

99heat transfer Biot number, ??2 mass transfer Biot number,

22(? =

361?727?3) the wall parameters, ?? the radiation variable, ? the non-

uniform heat source/sink parameter, ?0 thermophoretic parameter, ? wavelength, Re Reynolds number, ??
Schmidt number, ? non-uniform channel parameter, ?? Dufour number, ? chemical reaction parameter and
?? Soret number. Chapter 2 Hall current and Joule heating impacts in peristaltic transport of rotating liquid
2.1 Introduction The present chapter is
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6arranged to study the Hall current and Joule heating effects on peristaltic

flow of viscous fluid. Channel with flexible

boundaries is considered. System consisting of liquid and channel behaves like a rigid body.

6Convective conditions for heat transfer in the formu- lation are adopted.
Viscous dissipation in energy expression is taken into account. Resulting
differential systems after invoking small Reynolds number and long
wavelength considerations are numerically solved. Runge-Kutta scheme of

order four is implemented

temperature, ax- ial and

6secondary velocities and heat transfer coefficient. Comparison with
previous limiting studies is shown. Outcome of new parameters of interest is

analyzed.

2.2 Problem development We choose channel with compliant boundaries. Viscous liquid is electrically
conducted. Electric field effect is not considered. However the Hall and Joule heating effects are accounted.
Both the channel and

82fluid rotates with a uniform angular velocity Q about the ?-????. The

channel walls are convectively heated. Viscous dissipation impact is accounted. The sinusoidal waves
propagating along the channel walls (at ? = +?)are ? =£?(?? ?)=+?+?sin2?? (? - ??)? (2.1) -, Fig.
2.1: Geometry of problem. where ?? ?? ? and ?7? represent the wave amplitude, wavelength, wave speed
and time respectively. The equations in rotating frame can be put as follows: ?? ?? ?? ?? =07 + (2.2) ? ?7?7??

conditions for present problem are ?? ?? ?? = -"?21(? - ?0)at ? =?? (2.7) ?? ?7??7?=-"?21(?0-? )at ? =
-?7?(2.8)?=0?77?=0at?=17?(2.9) and compliant wall condition is ? ?? ?? + 22 + ?2 ???(?)=?? =-7? 7?7
2?27?22+ 27202 (=7 +??)+2?2Q ?at?=1?? -, 1+ 22 (2.10) 2 = =2 2?2?22 + ?x1 22?22 + 20 ??? ?
where 7?7 =7 - 12 ?2Q2(?2 + ?2)? If 7 (?? ?? ?) is the stream function then ? = ??? ? = =???7 (2.11) ?? = ??7?
=1 +72722 (7 + ??7?) - 2?7 0?77 (2.14) ?? = 0?7 (2.15) Define the dimensionless variables as: ?* = 7+ =7 =7

(2.12) The problems

44subject to long wavelength and small Reynolds number become ?? = ???? -
1
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+77222 77+ 2?2 0+ 124272722 27 u (2.13) [ 2?7 + 272?727 = 1 +?27?22 7?72 =07 (2.16) ? =1+ ? sin 2?7 (? -
N?22A7)?7?7+2?21?7=0at?=?7?-?71?=0at?=-??(218)??=0?77?=0at? =177 (2.19) 21 72?3 +

22?7?77 =0?7?27??7?7 - 1+7722 (? + ???) - 2? 0?? = 07 (2.22) Here the pressure term is neglected because
of secondary flow which is produced due to rotation. 2.3 Solution methodology Now our interest is to solve
equations (2?16), (2721) and (2722) subject to the conditions (2?17)- (2?20)? Therefore we apply a
numerical technique (shooting technique

50 built in command Mathematica.

graphical outcomes of velocities (?? ?), temperature (?) and

96heat transfer coefficient (?) have been discussed in detail for the sundry

parameters. 2.

4 Discussion 2.4

27.1 Axial velocity Figs. (2 ?2 - 275) are plotted to see the effects of

?? 70?7 ?and ?1? ?2? ?3 on axial velocity ?(?).

56The impact of Hartman number ? on

velocity profile ?

37is sketched in Fig. 2?7 2? Result in Fig. shows decaying behavior of ? via

larger

?. It is due to the resistive nature of Lorentz force. Impact of Taylor number ? 0 on velocity profile

5is displayed in Fig. 2?3. It is evident from Fig. that velocity is enhanced by

increasing rotation. The

5reason behind this fact is that the rotation of fluid

induced the secondary flow which causes decrease in velocity. The result matches with the study [155]. On
the other hand Fig. 2?4 shows the increasing impact of axial velocity for increasing Hall parameter ?. In fact

file:///C:/Users/qau1/Documents/Turnitin_Originality_Report_993693712.html 26/66


javascript:openDSC(607663187, 4, '96260');
javascript:openDSC(1420633111, 3265, '77184');
javascript:openDSC(984120310, 1, '95411');
javascript:openDSC(596311739, 37, '93441');
javascript:openDSC(596391069, 37, '91876');
javascript:openDSC(902089611, 1, '86934');
javascript:openDSC(902089611, 1, '86964');

8/29/2018 Turnitin Originality Report

for larger values of ?

49the effective conductivity decreases. It causes decrease in magnetic

damping force

and hence axial velocity enhances. Variation in ? for wall parameters is depicted in Fig. 275. The velocity
increases for larger ?1 and ?2 while it decays for increasing damping parameter ?3.

26Fig. 2.2 Fig. 2.3 Fig. 2.2:

Axial velocity ? for ? with ? = 0?2? ?=072??=07?1??1=07?3?7?2=0?1??3=0?1? ?=07?57? 0= 0727
7?71 =27 7?7 =0737 Fig. 2.3: Axial velocity ? for ? 0 with ? =072? ? =072? ? =0?1? 71 =073? ?2=071??
3=071?77=075?7?=072? 7?71 =2?7??=073?

26Fig. 2.4 Fig. 2.5 Fig. 2.4:

Axial velocity ? for ? with ? =0?2? ? =072? ?=0?1? 21 =07?3? ?2=0?1? ?23=0?1? ?=07?2? ? 0 = 0?27
??1 =27 7?7 =0737? Fig. 2.5: Axial velocity ? for ?1? ?2? ?3 with ? =0?2? ?=0?2??=0?1??=0?5? 7=
072? ?70=0727???1 =27 ?? =0737 2.4.2 Secondary velocity Figs. (276 — 279) are sketched for the
outcome of emerging parameters on secondary velocity ?(?). In Fig. 2?76 secondary velocity decreases for
increasing Hartman number ?. Fig. 2?7 depicts that for larger Taylor number ? 0 the secondary velocity
increases. It is because of the fact that secondary velocity is enhanced due to an increase in rotation. This
result also agrees with previous studies of Hayat et al. [155] and Mahmoud [154]. Also Fig. 2?7 shows no
variation when ? 0 = 0. In Fig. 2?8 the effect of Hall current parameter ? on ?(?) is depicted. Larger ? lead to
secondary velocity enhancement. The result shows that ? resists the change in fluid caused by

41an increase in the applied magnetic field strength. Fig.

279 witnesses that ? is enhanced for greater values of ?1 and ?2 whereas it has reversed behavior for ?3.

26Fig. 2.6 Fig. 2.7 Fig. 2.6:

Secondary velocity ? for ? with ? = 0?57 ?=0?1??=0?1??1=07?3772=0?1??3=0?1?7?7=0?74??0=
0?2? 7?71 =27 ?? = 0737 Fig. 2.7: Secondary velocity ? for ? 0 with 7 = 075? ? =0?1? ? =0?1? ?1 =073? ?
2=071?7723=0?1?77?=07?577?=07?577??1=2?7??=073?

3Fig. 2.8 Fig. 2.9 Fig. 2.

8: Secondary velocity ? for ? with ? =0?5? ?=0?1??=0?1?7?1=0?3?7?2=0?1??3=0?1?7?=075??0
= 0727 ??1 =27 ?? = 07?37 Fig. 2.9: Secondary velocity ? for ?1? ?2? ?3 with ? = 0?5? ? =07?2? ? =0?1? ?
=07?4?7?=07?5?7?0=072? 7?7?21 =27 ?? =073? 2.4.3 Temperature Variations of temperature distribution ?
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plotted against ? for several interesting parameters are observed through Figs. 2?10- 2?14. Temperature
decays as we increase Hartman number ? and rotation parameter ? 0 (see Figs. 2?10 and 2?11). In Fig. 2?
12 the temperature reduces when heat transfer Biot number ??1 increases. The obtained result indicates
that

97the thermal conductivity of the fluid reduces with the

increase in 7?1 and thus temperature decreases. Fig. 2?13 reveals that temperature increases for larger
Brinkman number ??. In fact minimum heat conduction is produced by viscous dissipation. The increasing
behaviors of temperature for elastic parameters ?1 and ?2 and decreasing behavior for damping parameter
?3 are shown in

3Fig. 22 14. Fig. 2.10 Fig. 2.1 Fig. 2.

10: Temperature ? for ? with ? =072? ? =0?1? ?=071? 71 =07?3??2=0?1?7?3=0?1?7?=0?4?7?0=07?
2?7?71 =27 7?7 =073? Fig. 2.11: Temperature ? for ? 0 with ? =072? ?=0?1? ? =0?1? ?1=073? ?2=07
1?2 23=071?77?=07?4??7=07?57???1=277?7=0737?

88Fig. 2.12 Fig. 2.13 Fig. 2.

12: Temperature ? for ??1 with ? =072? ? =0?1? ?=0?1??1=073? ?2=071??73=071?7?=075? 70 =
0?72? ? =0747? ?? = 0727 Fig. 2.13:Temperature ? for ?? with ? =0?2? ? =0?1? ?=0?1? 21 =0?37 72 =07?
1?7?23 =071?7=0757??0=072? ? =07?4? ??1 = 2? Fig. 2.14 Fig. 2.14: Temperature ? for ?1? ?2? ?3 with
?2=072?77?=071?77?=0?1?7?=07?4?7?=07?1??0=0727 ??1 =27 ?? = 0?37 2.4.4 Heat transfer
coefficient The impacts of ?? ?0? ?? and ?17? ?2? ?3 on rate of heat transfer at channel walls are portrayed
in Figs. 2715 — 2?18. Fig. 2?15 shows oscillatory behavior for increasing Hartman number ?. Here ? shows
decreasing behavior for increasing Taylor number (see Fig. 2716). In Fig. 2?17 the rate of heat transfer
coefficient ? is enhanced for larger Brinkman number ?? due to stronger viscous dissipation effect. The
magnitude of heat transfer coefficient ? near centerline increases for wall parameters whereas it decreases
near the boundaries of the channel (see

3Fig. 2? 18). Fig. 2.15 Fig. 2.16 Fig. 2.

15:

1Heat transfer coefficient ? for ? with ? =0?2? ?2=0?1??21=0?3??2=0?1?

?3=0?71?77=075?

?0=072? ??1 =27 ??=073? Fig. 2.16:
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1Heat transfer coefficient ? for 7 0 with 2 =0?2??=0?1? ?21=0?3?2?2=07?

1?723=0?

17?2 =0757??7=072? ??1 =27 ?? =073 Fig. 2.17 Fig. 2.18

1Fig. 2.17: Heat transfer coefficient ? for ?? with ?=0? 1?7 ?=0?1? 21 =0? 3?
?2=0?7177?3=0?1?7=07?5?

?0=072?7?=0747? ??1 = 2? Fig. 2.18: Heat transfer coefficient ? for ?1? ?2? ?3 with ? = 072? ? =07?1? ?
=074??=07577?0=072? ??1 =27 ?? =0737? 2.5 Conclusions

6Hall current and Ohmic heating effects on peristaltic flow in a rotating

frame are analyzed. The major key findings are: « Impact of Hartman and Taylor numbers on the axial
velocity are found similar. « Both axial and secondary velocities are increasing functions of Hall parameter. ¢
Opposite behavior of Taylor number on axial and secondary velocities is observed. « The axial and
secondary velocities show similar behavior for wall parameters. « Rotation parameter leads to an
enhancement of temperature. « Temperature decays for increasing ??1 while it enhances for Brinkman
number, Hartman number and wall parameters. « Hartman and Taylor numbers outcomes on heat transfer
rates are opposite to that of Brinkman number and wall parameters. Chapter 3 Impact of thermal radiation
and thermophoresis on peristalsis in rotating frame 3.1 Introduction

4Thermal radiation effect on peristaltic activity of rotating flow in a channel

is addressed in this chapter.

4The influences of thermophoresis and chemical reaction are taken into
account. Convective heat and mass transfer conditions in formulation are
adopted. In addition, the non- uniform heat source/sink effect is included in
heat transfer analysis. Exact solutions for stream function and temperature
are obtained. Numerical solution for concentration of developed
mathematical model are obtained by considering low Reynolds number and
long wavelength. The effects of emerging physical parameters are analyzed
through graphical illustrations. It is found that influences of thermophoretic
and thermal radiation parameters on temperature and concentration are
quite opposite. Further heat transfer coefficient decays when rotation is

increased.

3.2 Problem development Consider an incompressible
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oviscous fluid in a channel with width 2?. Both the channel and

fluid rotates with a uniform angular velocity Q  about the ? — ???7?. Mathematical expression for wave
propagation along the channel walls at ?" = +?7"

48is given by 2 (272 ?) = ? + 2sin 22 (2" - 2°2)?

? (3.1) In a rotating frame the governing equations are given by

1627° 2?27 27" 27" =0?7+(3.2)? 27" 27 =2?2Q 7" ==27"+?7-2772 277 72?2?22 + 772

?22'2,+ 772 (3.3)2 272 2274 22Q 2°=-27"+7

7

29 P+ (3.4)?2077 27 7?70 =77

++?°?(3.5)?? 27?27 +27° 27

+? "p

9127° + 27" [ # - 2(22)?" 27" +20(? -20)? (3.6) 2222222 2

=2:2722772?272  ++ 22?7 (?-70))? 7" - ?21(? — ?0)? (3.7) Using Rosseland heat flux
approximation we have ?? = -437??xx ???°?47 (3.8) where ?* and ?+represent the Rosseland mean
absorption coefficient and Stefan-Boltzmann respectively. Expanding ? 4 about ?0 and ignoring higher order
terms of (? — ?0). Then ?? = = 2?2 ??" ?xx? ?? ? (3.9) where ?? ?+x and ?? denote the kinematic viscosity,
thermophoretic coefficient and reference temperature respectively. The conditions for present problem are

32?77?7=0?777=0?77?7?27=0??227=0at?7°=0?7?2?22??7"=0?7=0???

2297 =-"21(20- 2)? 2 22227 = =22 (20 - ?) at 2" = "??

(3.10) (3.11) in which *?1 and °?2 indicate the heat and mass transfer coefficients respectively. Putting Egs.
(3?8) and (379) in Egs. (376) and (3?77) and then using the wave frame transformations ? =

become ?? ?? ?? ?2? =0?
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+ (7+2)?2?2+2°040°?7-2Q7? ==+ 2?2022 M M 200227204+ 7 -, - [ MM 02?7727
S(END?HH2Q7 == 2002724+ 7 - - ()24, MM =427 7277
wx 203 272+ 20(? —?0)? 22?7?7222 2?2 2? =22?2 02+ + 27?727+ 27?7?72 (?-720)-21(?
-20)? u 1. (3.12) (3.13) (3.14) (3.15) (3.16) (3.17) (3.18) Using

7dimensionless variables 2+ =?? 2« =22 ?2x=2?2??2x=????2«=72?7?7 7?7
=?20?77?=??7Re =272 7?=27?7?=-72??? and applying lubrication approach,

the Eqgs.

(3?714) — (3718) give 7?7 = 2?7?77 =272 0?7=0??? =277+ 2?2 0(??+1)=0? ??2 =07 (1 + ?? Pr)??? + +??7
2?27+ 2?7 =0?72?? -2 0??[???? + ?2??7?] - ?? = 0 and the conditions in non-dimensional form are (3.19)
(3.20) (3.21) (3.22) (3.23) (3.24) (3.25) ?2(?) =1+ ?sin 2?2?2272 7?2 ?2=07?7???7=0?7??=0?7?=0?77??=0
at?=0??=M???=-1?2?2=0???-?21?=0?7?? - ??72? =0 at ? = ?? ?? ?? where the stream function ?

(3.28) (3.29) and due to rotational effect, we neglect pressure term caused by secondary flow. Therefore Eq.
(3?22) becomes ??? - 2? 0(?? + 1) = 0?7 (3.30) 3.3 Solution methodology The closed form solutions of Egs.
(3729)? (3730) and (3724) and boundary conditions (3726) — (3?727) are ?(?) =sin 2? ? 0 — sinh 2? ? 0 [-?
sin2??20-?1(2(?1+?)cosh??0sin??20VV-1Vv¥+2-221cos??0sinh??0-2?2cos??0sinh??
0)+?sinh 2?2 20V VNV +(1+2)(21 +2)?22(sin(1 + 2)? 2 0 = sinh(1 + ?)? 2 )]? Vv 0 (3.31) 2(?) = sin 2?
?20-sinh2??20[2(?1 + ?)(cos 22 20 - cosh2? 2 0 Vv =1V =273 cos ? ? 0 cosh 24? 0")+ sinh2 2 2 0 +
?4 sin ? ? 0 sinh 24?2 0]? 3V V'V (3.32) 2(?) = (?1 + ?2) cosh ?3? + (21 — ?2) sinh ?3? + ?4[(cosh ?5 - sinh ?
5) (?? cos ??? + ?? cosh ??? + ?? sin ??? + ?? sinh ??7?)]? (3.33) where ?? (?=1-4),?? (?=1-5)?
?2???(??7?=1-32),?2??7?(?=1-32),??(?=1-32)and ?? (? = 1 - 32) have been computed
algebraically. Eq. (25) is solved numerically using NDSolve built in MATHEMATICA. 3.4 Discussion The
Taylor number ? 0 effect on

11axial velocity is sketched in Fig. 3?1. It is noticed from Fig. that

velocity is decreasing function of ? 0 in the upper half of the channel whereas it shows an increasing
behavior in lower half of channel. It is because of the fact that the secondary flow is produced by rotation
which causes decay of velocity. Fig. 3?72 depicts that for increasing Taylor number ? 0 the secondary velocity
increases. In fact secondary velocity is enhanced due to an increase in rotation. Figs. 3?3- 3?7 are plotted
to observe the effect of temperature distribution ? for several parameters. Temperature rapidly decays as we
increase rotation parameter ? 0 (see Fig. 373). The reason behind this fact is that as we increase ? 0 the
motion of the fluid particles increases which causes decrease in ?? Effect of increasing non-uniform
source/sink parameter ? on ? is observed in Fig. 3?4. We noticed that temperature distribution rises for
larger ?. The distribution of temperature is portrayed

67for different values of ?? in Fig. 3? 5. It is noticed that

for larger radiation parameter ?? the temperature decreases. It is in fact due to the loss of heat. Effect of
Brinkman number ?? is shown in Fig. 376. Here temperature enhances for increasing Brinkman number ?7.
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Involvement of viscous dissipation effect in ?? produced minimum heat conduction which results rise in ?. In
Fig. 3?7 the temperature reduces when heat transfer Biot number ??1 increases. The obtained result
indicates that the thermal conductivity of fluid reduces with an increase in ??1and so decay in ? is noticed.
The impacts of ? 0?7 ?? ?? ?? and ??1 on heat transfer rate ? at channel walls are portrayed in Figs. 378 -
3?7127 Fig. 378 predicts that ? increases for larger ? 0 when rotation increases. Opposite behavior for heat
generation/absorption ? is shown in Fig. 3?9. This indicates that ? is higher for ? A 0. In Fig. 3?10 the
magnitude of heat transfer coefficient ? near centerline enhances for radiation parameter whereas it
decreases near the channel boundaries. In Fig. 3?11 due to stronger viscous dissipation effect the rate of
heat transfer coefficient ? rises for larger Brinkman number ??. Influence of ??1 on heat transfer rate ? is
illustrated in Fig. 3?12. Decrease in ? is seen for larger values of ??17? Effect of different emerging
parameters on dimensionless concentration ? are demonstrated through Figs. 3?13 — 3?17. As temperature
and concentration have inverse relation so con- centration shows opposite behavior for sundry parameters.
In Fig. 3713 we observed that concentration ? increases for larger Taylor number ? 0. An enhancement of ?
is shown in Fig. 3?14 for increasing values of heat generation/absorption ?. Similar graphical result of
concen- tration field ? is obtained in Fig. 3715 for growing values of chemical reaction parameter ?. Since
chemical effect increases the rate of interfacial mass transfer and thus reduces the local concentration which
in turn increases concentration flux when we have constructive chemical reaction. Here Fig. 3716 is plotted
to analyze the behavior of thermophoretic parameter ? on concentration ?? It is noticed that larger values of
thermophoresis parameter increases the concentration for a small range? In fact larger temperature gradient
increases ? 0 which causes an enhancement in concentration profile. Fluctuation in ? for mass transfer Biot
number ?7?2 is portrayed in Fig. 3?17. Concentration of fluid increases when we take larger values of

73?722. Fig. 3.1 Fig. 3.2 Fig. 3.

1: Plot of ? via ? 0 when ? = 0?7? ? =0?1? ? = 0?57 Fig. 3.2: Plot of ? via ? 0 when ? =077? ?=075? 7 =
0757

71 Plot

?via? 0when?=07?7?7?=07?1?7?=07?7? Pr=075? ??1 =57 ?? =27 ?? = 0737 ? = 0757 Fig. 3.4: Plot of
?via?when?=07?7?7?=0?1??=07?7? Pr=0?5? ??1 =57 ??=2???=073? 70 =0727?

3Fig. 3.5 Fig. 3.6 Fig. 3.

5: Plot of ? via ?? when ? =0?7? ? =0?1? ? =0?7? Pr=075? ??1=5? ?? =27 ?=075? ? 0 = 0727 Fig.
3.6: Plot of ? via ?? when ? =077? ?=0?1? ? =0?7? Pr=07?5? ??1 =57 ?? =07?3? ?=07?5? 7 0 = 0?27
Fig. 3.7 Fig. 3.7: Plot of ? via ??1 when ? = 0?7? ? =0?1? ? = 0?7? Pr=075? ?? =072? ?? =07?3? ? =07
5??0=072?

3Fig. 3.8 Fig. 3.9 Fig. 3. 8: Plot of

?via?0when?=073?7=0?1? Pr=1757??1 =57 7?7 =27 ?=1747? ?? = 0737 Fig. 3.9: Plot of ? via ?
when ?=073??=0?1? Pr=1?5? ??71 =567 7??7=2???=073?7?0=0727?
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3Fig. 3. 10 Fig. 3. 11 Fig. 3.10: Plot of

?via ?? when ? =073? ?=0?1? Pr=17?57 7?1 =57 ?? =27 ? 0= 0727 ? = 0?57 Fig. 3.11: Plot of ? for via
??when ? =07?3? ?=0?1? Pr=1?5? ??1 =57 ??=073? 70 =072?7 ? = 0?5? Fig. 3.12 Fig. 3.12: Plot of ?
via ??1 when ? =07?3? ?=0?1? Pr=1?5? ?? =27 ??=07?3?7?0=072? ? = 0757

3Fig. 3.13 Fig. 3.14 Fig. 3.

13: Plot of ? via 70 when ? = 0?3? ?=07?27? ?=077???1 =107 ??2=10? Pr=0?7???=2???=1? 7=
078? 7?0 =077? ?? =072? ? = 073? Fig. 3.14: Plot of ? via ? when ? = 0?37 ? =072? ? =0?7? ??1 =107
??2=10? Pr=07?7???=2?7??=1?7?0=07?7? ?? =072? ?=0737? 70 = 0727

3Fig. 3.15 Fig. 3.16 Fig. 3.

15: Plot of ? via ? when ? =0?3? ?=072? ?=1?5???1=10?7??2=10? Pr=0?7???=2?7?7?=1?70 =
0?7? ?? =0727? ? = 07?57 ?0 = 0727 Fig. 3.16: Plot of ? via 70 when ? = 0?3? ? =072? ? =0?7? 7?1 =107
??2=10? Pr=07?7???=2?7??=078??=073? ??=07?2? ?=07?57 ?0 = 2? Fig. 3.17 Fig. 3.17: Plot of ?
via ??2when ?=0?3?7?=07?2?77?=0?7???1=10??=0?21? Pr=0?7???=2?7??=07?8?7?=07?3? ?7? =
0?27? ?=07?57 ? 0 = 2? 3.5 Conclusions Influences of thermal radiation and thermophoresis on peristaltic
rotating flow are focused. Key findings of present analysis are: « Dual effect of Taylor number on ? is
observed. « Secondary velocity is an increasing function of Taylor number. * Similar behavior of temperature
is noticed for rotation and radiation parameters. « Temperature is an increasing function of heat
generation/absorption and Brinkman num- ber. « Opposite behavior of temperature and concentration is
noticed for emerging parameters. « Heat transfer rate decreases by increasing ? 0, ?? and ??1 whereas it
enhances for ? and ??. Chapter 4 Peristaltic activity of rotating Prandtl fluid 4.1 Introduction Peristaltic
motion of MHD rotating

21flow of Prandtl fluid in channel with flexible characteristics is discussed.

Constant angular velocity is adopted. Channel is convectively heated. Numerical results are obtained.

6Axial and secondary velocities, temperature and heat transfer coefficient

are examined. 4.2 Definition Consider

12peristaltic motion of MHD Prandtl fluid in a uniform channel

of thickness 2?. Uniform magnetic field ?0 is applied. Effect of electric field is not retained. Convectively

heated channel has flexible walls. The wall surface satisfies ? = £?(?? ?)=+?+?sin2??(?-??)? (4.1) -
, For Prandtl fluid, the general constitutive equations are represented as: 1 S?? where = =?| + S? (4.2) = ?7°1
[ sin—1(2=12=1 2222222222 112333 P3 P | 222 2 (4.3) (| 2=1 2=1 222227722272 ) 12l PP | | 222 =12
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?2?2722+7?2u7?7??7?72?9 Using Patel et. al. [35] we have ??? = 2?7 =71 sin—1[ 7712 [( 77?7 )2 + ( ??7?7
2]1?22] 2?2 [(???? )2 + (???7?)2]1?2 2?2 ?2 21 sin=A[ 712 [( 2?7?77 )2 + (??7?7)2]1?2] ?? [( ??7?7? )2 + (??7?7?
)2]1?2 ?? ? where ?°1 and ?°2 are material constants relating to Prandtl fluid. Considering velocity compo-
nents ?? ?? ?in ?? ?? ? directions, we have V = [?(?7? ?? ?)? ?(?? ?? ?)? 2(?? ?? ?)]? (4.4) Mass,
momentum and energy conservation equations in rotating frame are ?? ?? ?? ?? =07 + ? ?? ?? -2?Q?=-7?

17?7 + 2?2?7737 6 7?77 =07 (4.20) (4.21) (4.22) with the dimensionless conditions ? =1 + ? sin 2?7 (? - ?) ?
(4.23)?? 2?2 +?2?217=0at?=??2????-?7M?7=0at?=-??(4.24)?7?=0??=0at ? = +?? (4.25) (4.26) -

2?7 07?7 =07 (4.27) (4.28) Our interest is now to find numerical solution by shooting technique with

50 4.3 Analysis pertinent

effects on ?(?) are concluded via Figs. 4?1 (? — ?). Figs. 4?1(?) and (?) depict a visible reduction in velocity
profile with the increase in ?1 and ?2 respectively. Higher Prandtl fluid parameters ?1 and ?2 characterize
an increase in viscosity. Consequently a decreasing velocity profile is captured. Same results are reported
by Riaz et al. [54] and Hayat et al. [55]. Externally applied magnetic field helps in aligning the fluid particles.
Fluid velocity is decreased. This effect of magnetic field makes it valuable in biomedical applications like
GMR (see Fig. 4?1(?)). A numerical study

100 presented by Akbar [52] approves

present finding via larger Hartman number. Velocity against wall parameters is presented via Fig. 4?1(?).
The obtained result illustrates velocity enhancement against ?1 and ?2. However velocity is decreased by ?
37 Larger ?1and ?2 give less resistance to flow and so velocity decreases for 73?7 Results of [53] also
confirm these outcomes. Rotation in system induces a secondary flow. This secondary flow is perceived to
yield decrease in axial velocity (shown by Fig. 4?1(7?)). Accordingly the

10axial velocity is quite high in the absence of rotation

parameter ? 0. The
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31Taylor number (? 0) is a dimensionless quantity which characterizes the
importance of centrifugal forces due to rotation of fluid relative to viscous

forces.

Figs. 4?2(? — ?) indicate secondary velocity ? by rotation about ?—axis. Secondary velocity for ?1 and ?2
has similar behavior to that of axial velocity (see Figs. 4?2(?) and 472(?)). Fig. 4?2(?) depicts decay in
secondary for larger Hartman number ?. Externally applied magnetic field acts as drag force and so resists
the fluid flow. In Fig. 4?2(?) the wall parameters have similar impact on secondary velocity when compared
to that of axial velocity. Impact of Taylor number ? 0 on ? is shown via Fig. 4?2(?). An interesting fact worth
mentioning here is the opposite behavior of secondary velocity in response to rotation. Secondary velocity,
in contrast to axial velocity, enhances in the presence of rotation. For authenticity the results of ? 0 can be
compared with Mahmoud [154] and Hayat et al. [155]. However secondary velocity vanishes for ? 0 = 0.
Figs. 4?3 (? — ?) are included to elaborate the behavior of temperature distribution ?? From Figs. 4?3(?) and
(?) it is observed that fluid cools down for fluid parameters ?1 and ?2. Parabolic temperature profile is
observed in these figures, referring to the fact that fluid has the highest velocity and temperature, at centre
of channel. Fig. 4?3(?) concludes a decreasing behavior when ? is enhanced. Fig. 4?3(?) illustrates the
impact of wall parameters. Variation of wall parameter leas to temperature enhancement. Average kinetic
energy is known as temperature. The velocity and temperature have similar effects. Temperature is
decreased for larger 7?1 (see Fig. 4?3(?)). Note that dissipation effect leads to Brinkman number. Clearly
such dissipation generates heat in channel. There is temperature enhancement when Br enhances (see Fig.
473(?)). Temperature is decreased via 70 (see Fig. 4?73(?)). Behavior of heat transfer coefficient ? for
parameters ?1, 72?7 ?? ??1? ??? ?0 and wall parameters ?? are shown through Figs. 4?4 (? — ?). Heat
transfer coefficient defined by ? = ???(?)? involves temperature of the fluid as well as position of channel
walls. It is found from Figs. 4?4(?) and (?) that larger fluid parameters ? and ? ensure lower heat transfer
rate. Hartman number ? decays magnitude of heat transfer coefficient ? near channel centre whereas it
increases near the boundaries (see Fig. 4?4(?)). From Fig. 4?4(?) it is noticed that ? increases for ?1 and ?
27 Effects of 73 on ? is different to that of ?1 and ?2. Fig. 4?4(?) depicts no absolute value of heat transfer
coefficient when ??1 varies. The obtained result from Fig. 4?4(?) shows increasing behavior of ??. Heat
transfer rate between wall and fluid decays for larger rotation (see in Fig.

87424(?)). (a) (b) (c) (d) (e) Fig. 4.

1: Axial velocity ? for (a) Prandtl fluid parameter ?1 when ?1 = 0?03? 7?2 = 0?7027 ?3 =0701? ?=072? ? =
0?1,?=072,?2=07?577??=07?3???1=2770=072, ? =073 (b) Prandtl fluid parameter ?2 when ?1 = 0?
037 72=0702? ?3=0701?77?=072?7?=071,7=072,?71=2?7??=0?73?77??21=2?7?20=072??=0?3 (c)
Hartman number ? when ?1 = 07037 ?2 = 0?02? ?3 =0?01? ?=07?2? ? =071, 7 =072, ?72=07?5? ?? =0?
3???1=2??20=072,?1 =2 (d) wall parameters ?1? ?2? ?3 when ?1 =27 ?=0?1,? =072, ?2 =075? ??
=073?7??1=2?70=072?? =073 (e) Taylor number ? 0 when ?1 = 0703? ?2 = 0?02? ?3 =0701? ? =07?
2?27=071,7=072,72=0757???7=073? ??1=2?7?=07?3??1 =27 (a) (b) (c) (d) (e) Fig. 4.2: Secondary
velocity ? for (a) Prandtl fluid parameter ?1 when 7?1 = 0?5? 72 =0747? ?3=073??=072??=0?1,7? =-0?
2,72=075?77??=07?3?7??1=2?770=072, ? =073 (b) Prandtl fluid parameter ?2 when ?1 = 0?5? 7?2 =07
4?7?3=073?7=072?7=0?1,?7=-072,?71=2?7??=073?7??1=2?70=072? ? =073 (c) Hartman
number ? when ?1 =075? ?2=074? ?3=0737??=072??=071,?=-072,72=075? ?? =073? ??1 =27
?0=072, ?1 = 2 (d) wall parameters ?1? ?2? ?3 when ?1 =27 ? =071, ? =-072, ?2 =075? ?? =07?3? ??1
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=2?770=072?? =073 (e) Taylor number ? 0 when ?1 =075? ?2=074? ?3=07?3?7=07?2?7=071,7=
-072,72=07577??=07?3???1=2??=073??1=27

45(a) (b) (c) (d) (e) (F) (g) Fig. 4.

3: Temperature ? for (a) Prandtl fluid parameter ?1 when ?1 = 0?3? 7?2 = 0727 ?3=0?1? ? =072? ? =071,
?=072,72=07?57?7??=07?3???1=2770=072, ? =073 (b) Prandtl fluid parameter ?2 when ?1 = 0?37 ?2
=07273=071?7=072?7=0?1,?=072, 71 =2???=073? ??1=2?70=072? ? =073 (c) Hartman
number ? when 7?1 =07?3? ?2=072??3=0?1?77?=072?77?=071,7=072,72=075???=07?3???1=2?"7
0=072, ?1 = 2 (d) wall parameters ?1? ?2? ?3 when ?1 =2??=071,7?=072,72=075???=07?3???1 =
2?7 70 =072? ? = 07?3 (e) Biot number ??1 when ?1 =073? 72 =072? ?3=0?1? ?=072? 7?7 =071, ? = 072,
?2 =0757??77=073? ?=073? 70 =072, 71 = 2 (f) Brinkman ?? when ?1 =073? ?2=072? ?73=0?1?7? =
0?72? ?7=0?1,7=072,72=07?57??1=277?=073? 70 =072, ?1 = 2 (g) Taylor number ?0 when ?1 = 0?3?
?22=072?7?3=0?71?77=0?2?7?=0?1,7=072,?2=0?577??=07?3???1=2?7?=073??21=27

45(a) (b) (c) (d) (e) () (g) Fig. 4.

4: Heat transfer coefficient ? (a) Prandtl fluid parameter ?1 when ?1 = 0?57 ?2 = 07?47 ?3 =07?37? ?=072??
=0?1,?7=072,72=07?57?7??=073? 7?1 =27 70=072, ? =073 (b) Prandtl fluid parameter ?2 when ?1 =
0?75?72 =0?4??3=073?7=0?2?7?=0?1,7=072,?1=2???=07?3?7??1=2??20=07?2? ?=07?3 (c)
Hartman number ? when ?1 = 0?5? ?2 =07?4? ?3=07?3? ?=072??=0?1,? =072, ?2=07?5? ?? =0737?
?7?1=2770=072, ?1 =2 (d) wall parameters ?1? ?2? ?3 when ?1=2??=07?1,? =072, ?72=075? ?? =
073?771 =27 70 =072? ? = 0?3 (e) Biot number ??1 when ?1 = 0?5?72 =074? ?3=073??=072?? =
0?1,?=072,?2=07?5???=073??=073? 720 =072, ?1 = 2 (f) Brinkman ?? when ?1 = 0?5? 7?2 = 0?47? ?3
=0?3?77?=072?77?=0?1,?=072,72=075???1=2?7?=073? 7?0 =072, ?1 = 2 (g) Taylor number ?0
when 7?1 = 0?57 ?2=0?47??3=073?7?=072?7?=071,7=072,?72=0?5???=073???1=2??=073? 21
= 2? 4.4 Conclusions Important findings here are » Axial and secondary velocities via rotation have opposite
effects. « Similar response of Prandtl fluid parameters on ?, ?, ? and ? is seen. * Both velocities are
enhanced for flexible characteristics. « Decay in ?, ? and ? is observed for Hartman number. « Brinkman and
Biot numbers for temperature and heat transfer coefficient have opposite effects. Chapter 5

9MHD peristaltic flow of rotating Prandtl fluid with Soret and

Dufour effects 5.1 Introduction

9The purpose here is to examine Soret/Dufour effects in MHD peristaltic flows

of

rotating Prandtl liquid in a channel with flexible boundaries. Formulation for heat and mass transfer is
arranged using convective conditions.
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43Large wavelength and small Reynolds number are utilized. The numerical

solution of

resulting problems are obtained and analyzed in detail. 5.2 Problem development We examine

5peristaltic flow of Prandtl liquid in a rotating system. Channel of width 27 is

considered. The channel

and liquid rotate by constant angular velocity Q = Q™? (°? is unit vector parallel to ? - ???7?). Magnetic field of
strength ?0 is applied. The wall surface in mathematical formis ? =x?(?? ?)=+?+?sin2?? (?-7?7)7?
(5.1) -, Fig. 5.1: Sketch of problem. For Prandtl fluid, the Cauchy stress tensor ? is represented by: 1= 7?1 +
S?3387?=71 [sin—1(?=1 ?=17272??7°722?? )12 [2222 ( | 221 221 2222222227 Y123 P3P lppll

which ??? 7?7 ?0? ??7? represent mean fluid temperature, mass diffusivity coefficient, thermal diffusion ratio
and concentration susceptibility respectively. The conditions are ?? ?? ?? = -"?21(? = ?0)at ? =?? 2?2 ?2? ??
=="21(?0-?)at?=-??(5.10) (5.11)? ??2??=-"?2(? - ?0) at ?=??(5.12) ? 27?2 7?2 =-"22(?0 - ?)at ? =
2?7Q0? at? =177 + (5.15) ? = -2 2?2722 + ?+1 7?7?22 + 20 ? ? ?? where "?17°?2 and ? represent the
coefficient of heat and mass transfer and fluid temperature. Em3ploying” ?x =2+ =?=22 2% =272 2% =277
??7?7=7Re=?27?7?07?7=277(5.16) ? =????=-7??? (5.17) Egs. (575) - (579) takes the given form
after

103using long wavelength and low Reynolds nhumber

are (5.18) (5.19) (5.20) (5.21) (5.22) ??? = 21??? + ?2 23?77 (5.23) ?2?? = ?1?? + 22 ??3? 6 6 (5.24) with ?
1=2?7712 and 7?2 = ??7°1227?722 are Prandtl fluid parameters. The corresponding dimensionless conditions
are?=1+7?sin2?(?-?)?(5.25)?7??2?2+??21?7=0at?=7????2?-?271?=0at?=-2??7??? + 7727 =
0at?=2?27??7??-??72?7=0at?=-??(5.26) (5.27) ??=0? ? =0 at ? = £?7 (5.28) 21?7?73 +727?772 +?
3?7???°,?2=23723727°7?7-722?7+ 2?07?77 ?=4+7??(5.29) - ?? From equation (5720) ? =6 ?(?), equation

07 (5.31) Here we neglect

7the pressure term due to secondary flow which is caused by rotation.

5.3 Solution methodology We solve equations (5721), (56722), (56730) and (5731) numerically in Mathematica
using built in command ND-Solve. Physical quantities of interest with respect to emerging parameters are
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discussed. 5.4 Discussion 5.4.1 Axial velocity First of all axial velocity ?(?) is displayed in Figs. 572 — 576.
Impact of ?1 and ?2 on velocity is presented in Figs. 572 and 5?37 The obtained results show the
decreasing behavior of velocity via larger parameters. Fig. 5?74 is portrayed

7to observe the behavior of Hartman number ? on ?. It is evident that

velocity decreases by increasing

?. As expected the magnetic field resists the flow. For increasing Taylor number ?0? the axial velocity
decays as shown in Fig. 5?5 . In fact secondary flow due to rotation decayed the velocity. In absence of
rotation, we observed that velocity is maximum. In Fig. 576 variation in velocity is depicted for wall
parameters. For increment in elastic parameters ?1 and 7?2, ? increases while for enhancement in damping
parameter ?3, ? decays.

74Fig. 5.2 Fig. 5.3 Fig. 5. 2: Sketch of

? versus 71 when ? =072? ? =072? ?=0?1? 71 =07?3?7?2=0?1?7?3=0?1??=07?3??0=072? ?2 = 07?
5?7?71 =2?7?2=5?77°=072? ?? =0747? ?? = 0747 ?? = 0737 ?? = 0727 Fig. 5.3: Sketch of ? versus 72
when ? =072? ?=07?2? ?=0?1?7?1=073?72=0?1??73=0?1??=07?3?7?20=072? 71 =27 7?71 =27 7?7
2=577?7=072?77=074? 7?7 =0?4? ?? =073? ?? = 0727

3Fig. 5.4 Fig. 5.5 Fig. 5.

4: Sketch of ? versus ? when ? =0?2? ? =07?2? ?=071??71=0?3?7?2=0?1?7?3=0?1?772=0?75??0=
0?72?21 =2?27??1=2?27?72=5?77?=07277?=074? ?? = 0?47 ?7? =073? ?? = 072? Fig. 5.5: Sketch of ?
versus ? 0 when ? =07?2??=072??=07?1?7?1=0?3?7?2=0?1?77?3=0?1??=073?72=07?57??1 =27
?7?71=2?772=577?7?=072? 7?77 =0747? ?? =074? ?? = 07?3? ?? = 0?2? Fig. 5.6 Fig. 5.6: Sketch of ?
versus ?1? ?2? ?23 when ? =0?2? ?=072? ?7=071? 71 =27 ?=0737 7?0 =072? 72 =075? 7?1 =27 7?72
=5?27?27°=072?7??=0747 7?7 =07?4? ?? =073? ?? = 0?27 5.4.2 Secondary velocity Influence of emerging
physical parameters on secondary velocity ? are sketched in Figs. 5?77 — 5?11. For increasing ?1 and 72?
axial velocity shows decreasing behavior (see Figs. 5?7 and 578). Secondary velocity decreases for
increasing Hartman number ? as depicted in Fig. 5?79 . In Fig. 5?10 the effect of Taylor number ? 0 on ? is
depicted. Increasing rotation enhances secondary velocity. Also we observe that there is no secondary
velocity when ? 0 = 0. From Fig. 5711 we see that ? is increased by ??(? = 1? 2)and reverse effect is noticed
for

837?3. Fig. 5.7 Fig. 5.8 Fig. 5.

7: Secondary velocity ? for Prandtl fluid parameter 71 when ? = -072? ? =072? ?=0?1? ?1 =075? ?72=07?
3?7723=0?1?772=0?3?720=072?772=07?5? 7?7?21 =2?7??2=572727?2=072? ?? = 0?47 ?? =07?4? ?? = 0?3?
?? = 0727 Fig. 5.8: Secondary velocity ? for Prandtl fluid parameter ?2 when ? = -072? ? =072? ? =0?1? ?
1=075?772=07?3?7?3=0?21?27=0?3?220=072?7?21=2?27??21=2?7??2=527?272=07?2?7??=0724? 7?7 =
0?47? 7?7 =07?3? ?? =072?
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3Fig. 5.9 Fig. 5.10 Fig. 5.

9: Secondary velocity ? for Hartman number ? when ? = -072? ? =072? ?=0?1? ?1 =0?5? ?2=07?3? 7?3
=0?1?77?2=0?5?720=072??21=2?27??21=2?27??2=52727?=072? 7?2 =07?4???=0?4? ?? =0?3? ?? =07
2? Fig. 5.10: Secondary velocity ? for Taylor number ? 0 when ? = -0727 ? =072? ?=0?1? ?1 =0?57? 72 =
0?73??23=0?1?7?=073?72=075??21=2?7??1=2?27?72=5?277?2=072? 7?7 =0?4? 7?7 =0?4? ?? =073?
?? = 0727 Fig. 5.11 Fig. 5.11: Secondary velocity ? for walls parameter ?1? ?2? ?3 when ? = -072?7 ? = 0?
2?2?2=07M7?21=2?7?=073?720=072?7?2=07?5? 7?71 =2?27??2=52727=072???=0?47? 7?7 =074? ??
= 07?37 ?? = 0?2? 5.4.3 Temperature The temperature ? with ? for ?1? ?2? ??1? ??2? ? 0? ??? ?2?2? ?2?? ??
and Pr are plotted in Figs. 5712—- 5722. As we increase fluid parameters ?1 and ?2? ? decays (see Figs. 5?
12 and 5?13). The effects of ??1 and ??2 on temperature are shown in Figs. 5714 and 5?15. For increasing
heat transfer Biot number ??1? temperature decays. In fact thermal conductivity of fluid is reduced. No
variation in ? is seen for increasing mass transfer Biot number ??2. Due to fluid resistance, temperature falls
for larger ? (see Fig. 5716). In Fig. 5?17 temperature decreases for increasing ? 0. In Figs. 5?18 and 5719
temperature rises by increasing Soret ?? and Dufour ?? numbers. It is due to increase in thermal diffusion.
Impact of Brinkman number ?? on ? is portrayed in Fig. 5720. Temperature increases due to less heat
conduction produced by viscous dissipation. Temperature is increasing function of ?? and ? ? as exhibited in
Figs. 5721 and 5?722. It is because of the fact that for larger ??? mass diffusivity decays and hence ?
enhances. Specific heat of fluid enhances when we increase ? ? which results in rise of temperature.

81Fig. 5.12 Fig. 5.13 Fig. 5.12:

Temperature ? for Prandtl fluid parameter ?1 when ? = 072? ? =072? ?=0?71??1=07?3?7?2=0?1? 7?3 =
0?71?7?=07?3?7720=072??2=07?5???21=2?27?72=577?77?7=072?77?7?7=0747 7?7 =0?4? ?? =07?3? ?? =07
27? Fig. 5.13: Temperature ? for Prandtl fluid parameter ?2 when ? = 0?2? ? =072? ?=0?1? 21 =073? 72 =
0?71?7723 =071?7?=07?73?7720=072??21=2?2??21=2?2772=577?77?7=072?7?7?7=0747 7?7 =0?4? ?? = 0737
?7?=0727

80Fig. 5.14 Fig. 5.15 Fig. 5.14:

Temperature ? for heat Biot number ??1 when ? = 0?2? ? =072? ?=0?1? ?1=073?7?2=0?1? 2?3 =07?1?
?=073?770=072?72=07?5?77?1=2?772=5?77=072?7 7?7 =07?47 7?7 =0747? ?? =073? ?? = 0727 Fig.
5.15: Temperature ? for mass Biot number ??2 when ? = 072? ? =0?2? ?=0?1??1=0?3?72=0?1? 7?3 =
0?71?7?7=0?73?2720=072?7?21=2?27??1=2?272=0?5?7?7=072? 7?2 =07?4? ?? =0?4? ?? =073? ?? =07
2?

3Fig. 5.16 Fig. 5.17 Fig. 5.

16:

1Temperature ? for Hartman number ? when ? =0?2? ?=0?2??=0?1??21 =

0?3??2=0?1??3=0?

file:///C:/Users/qau1/Documents/Turnitin_Originality_Report_993693712.html 39/66


javascript:openDSC(717342230, 3265, '71026');
javascript:openDSC(37628224, 943, '74104');
javascript:openDSC(1493978181, 43, '74086');
javascript:openDSC(717342230, 3265, '71029');
javascript:openDSC(986474556, 1, '86696');

8/29/2018

Turnitin Originality Report

1?772=075?770=072?721=2?7??1=2?772=577?7=072? 7?7 =07?4? ?? = 0?4? ?? = 073? ?? = 0727

Fig. 5.17: Temperature ? for Taylor number ? 0 when ? = 0?2? ?=07?2? ?=0?1? ?1=07?3? ?2=0?1? ?3 =
0?71??7=073?72=0?75??1=2?27??1=2?27??2=5?7?72=072???=0747? ?? =0?4? ?? =0?3? ?? = 0727

3Fig. 5.18 Fig. 5.19 Fig. 5.

18: Temperature ? for Soret number ?? when ? = 0?2? ? =0?2? ? =0?1? ?1 =0?3? ?22=0?1? ?23=0?1? ?
2=0?5?720=072??1=2???21=2?7??2=5227=07?2?7?=07?3???=07?4? ?? =073? ?? = 0727 Fig.
5.19: Temperature ? for Dufour number ?? when ? = 072? ? =07?2? ? =0?1? ?1=0?3? ?2=0?1? ?23 =07
122=0?3?72=0?5??1=2?2??21=2?27?7?2=5?2?27?=072???=0?4??0=072? ?? =0?3? ?? = 0727

3Fig. 5.20 Fig. 5.21 Fig. 5.

20:

1Temperature ? for Brinkman number ?? when ? =0?2? ?2=0?72??=0?1? 1

=0?73?7?2=0?1?7?3=0?1? 7?2

=075?770=072??1=2?7??1=2?7?2=5?77?=072?7?=073? ?? =0747 ?? = 0737 ?? = 0747 Fig.
5.21: Temperature ? for Schmidt number ?? when ? = 072? ? =072? ?=0?1? ?1 =0?3? ?72=0?1? ?3 =07
1?2?2=0?3?72=0?57?1=2?27??1=2?27?72=5?27?7?=072???=0?4??0=072? ?? =0?4? ?? = 0727
Fig. 5.22 Fig. 5.22: Temperature ? for Prandtl number Pr when ? = 0?2? ? =07?2? ?=0?1? 7?1 =073? 72 =
0?71?7723 =0?1??=073?72=075??1=2?7??1=2?27?7?2=5?27??=07?377??=07?47??0=072? ?? = 074?
?? = 0727 5.4.4 Concentration This section provides the behavior of involved parameters in the expressions
of concentration ?. For increasing fluid parameters ?1 and ?2? decreasing effect in ? is noticed (see Figs. 5?
23 and 5724). Fig. 5725 shows no variation for ??1 on ?. On other hand in Fig. 5726 the role of ??2 on the
concentration field ? is increasing rapidly due to decrease in mass diffusivity. Similar pattern is observed on

? for Soret ?? and Dufour ?? numbers on ? in Figs. 5727 and 5728. Concentration is decreased by ?? and
7.

35Fig. 5.23 Fig. 5.24 Fig. 5.23:

Concentration ? for Prandtl fluid parameter ?1 when ? = 0?72? ? =07?2? ?=0?1? ?1=073??72=071? 73 =
0?71??=073?7720=072?72=075?7??21=2?7?2=5?7272=072?7??=0?4???=07?4?7??=0?73???7=07?
2? Fig. 5.24: Concentration ? for Prandtl fluid parameter ?2 when ? = 0?2? ? = 07?2? ? =0?1? ?1 =0?37? ?2
=071?773=071?77?=073?70=072??1=2?7??1=2?772=5?7?27?=072?7??=07?4???=074??? =07
3?77 =072

35Fig. 5.25 Fig. 5.26 Fig. 5.25:

file:///C:/Users/qau1/Documents/Turnitin_Originality_Report_993693712.html

40/66


javascript:openDSC(986474556, 1, '86696');
javascript:openDSC(717342230, 3265, '71030');
javascript:openDSC(717342230, 3265, '71031');
javascript:openDSC(986474556, 1, '86702');
javascript:openDSC(2049160047, 943, '66619');
javascript:openDSC(2049160047, 943, '66620');

8/29/2018

Turnitin Originality Report
Concentration ? for heat Biot number ??1 when ? = 07?2? ? =07?2? ?=0?1? ?1=07?3? ?2=0?1? ?3=0?17
?=073?770=072?72=07?5?71=2?7?72=5?77=072? 7?7 =07?47 7?7 =0747?? =073? ?? = 0727 Fig.
5.26: Concentration ? for mass Biot number ??12 when ? = 0?2? ? =0?2? ?=0?1? ?1=0?3? ?2=0?1??
3=0?71?77?2=07?3?7720=0?2??21=2?27??21=2?2722=0?5?27?7?2=0?2?27??=0?24???=0?4??? =07?3??? =
072?

3Fig. 5.27 Fig. 5.28 Fig. 5.

27: Concentration ? for Soret number ?? when ? = 0?2? ? =07?2? ?=0?1? ?1=0?3? ?72=0?1? ?3=0?17
?2=0?757720=0?2??1=2?7??1=2?27??2=5??7?=072?7?=07?3???=07?47? ?? =07?3? ?? = 0?2? Fig.
5.28: Concentration ? for Dufour number ?? when ? =0?2? ? =0?2??=0?1??1=0?3??2=0?1??3 =07
12?2=073?772=07?5?221=2?272?21=2?27??2=527272=072?7??=0?4?7?20=07?2???=07?3? ??=0727

3Fig. 5.29 Fig. 5.30 Fig. 5.

29: Concentration ? for Taylor number ? 0 when ? = 072? ? =072? ?=0?1? 7?1 =0?3??2=0?1? 7?3 =0?1?
?23=071?7?2=073?72=0?5??21=2???21=2?7?72=5?7?72=072?7??7=074?7??=0?74??7?=0?3? 7?7 =
0?27 Fig. 5.30: Concentration ? for Schmidt number ?? when ? = 07?27 ? =072? ?=0?1? ?1=073? 72 =
0?71?77?3=0?71?77?=073?772=0?7577?1=2?27??1=2?27??2=572772=072?7?7?=0?4?7?0=072? 7?7 = 0747
?? = 0727 5.4.5 Heat transfer coefficient In Figs. 5731 - 57367 the heat transfer coefficient ? is plotted for
parameters ?1? ?2? ?? ? 0? ?? and ?7?. Heat transfer coefficient has oscillatory character. It is expected in
view of waves propagation along channel boundaries. ? shows a decreasing behavior for increasing ?1 and
?2 (see Figs. 5731 and 5732). The oscillatory nature is captured in Figs. 5733 and 5734 for Hartman ? and
Taylor ? 0 numbers. Here ? decays for larger ? due to strong magnetic strength whereas it increases for
larger ? 0. In Figs. 5735 and 5736, ? increases for ?? and ?? near the centerline whereas it decays near
boundaries.

84Fig. 5.31 Fig. 5.32 Fig. 5.31:

Heat transfer coefficient ? for 71 when ? =0?2? ? =0?2? ?=0?1? ?1=0?3??2=0?1??3 =0?1? ? = 0?37
?20=07?2?7?2=0?5?7??1=2?7?72=5?7?7?=072???=0?47??? =0?4? ?? =07?3? ?? = 0?2? Fig. 5.32:
Heat transfer coefficient ? for 22 when ? = 0?2? ?=0?2? ?=0?1??1=0?3? ?2=0?1??3=0?1? ? =073?
20=072?77?11=2?27??21=2?27?7?2=52727=072?7??7=0?4? ??=0?24???=07?3??? =072

89Fig. 5.33 Fig. 5.34 Fig. 5.

33:

1Heat transfer coefficient ? for ? when ?7=0?2??=0?277=0?1??21=0?3?7?

2=0?71?77?3=07?
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1?722=075?70=072?7?21=2?7??21=2?7?72=5?7?7=072? 7?7 =0747 7?7 =07?47? ?? =073? ?? =0727?
Fig. 5.34: Heat transfer coefficient ? for ? 0 when ? = 0727 ? =072? ? =0?1? ?1 =073? ?2=071? ?3 =07
1?7?2=073772=075?21=2?7??21=2?772=5777?=072? 7?7 =07?4? 7?77 = 07?4?77 = 0737 ?? = 0727

3Fig. 5.35 Fig. 5.36 Fig. 5.

35:

1Heat transfer coefficient ? for ?? when ?=0?2?7?=0?2??7=0?21??21=0?5?

?2=0701??3=0?

01?77?2=075770=072?7?1=2?7??1=2?7??12=577?7=072??=073? 7?7 =0747? 7?7 =073? ?? = 0727
Fig. 5.36:

1Heat transfer coefficient ? for ?? when ?7=0?2??=0?2?7=0?1??1=0?5?

?2=07?701??73=07

01?7?2=07?3?772=07?5721=2?27??21=2?27??12=527272=07?2?7??2=0?4?77?20=07?2???=07?3???=0727?
5.5 Conclusions Influences of

41Soret and Dufour on peristaltic flow in a rotating channel

subject to compliant walls are discussed. Main observations are * Decreasing behavior of ?1? ?2 on (?? ?),
? and ? is noticed while for ? increasing effect is observed. « Velocity, temperature and heat transfer
coefficient are decreasing functions of Hartman number. However Hartman number leads to an
enhancement of concentration. * Both velocities shows opposite behavior for rotation parameter. « Impact of
wall parameters on both velocities are identical. * For increasing Taylor parameter ? 0 the temperature
decreases . *« Temperature increases for 7?7, ??, ??, ?? and ? ?. « By increasing ??1, ? decays whereas for
7?27 ? increases. * Heat transfer rate is increasing function of ?? and ?? while it is decreasing function of ?
and ? 0. Chapter 6 Heat transfer analysis on peristalsis of Ree-Eyring fluid 6.1

90Introduction The peristaltic activity of Ree-Eyring fluid in a rotating frame is

studied. Heat transfer analysis with viscous dissipation and heat source/sink is

4taken into account. Convective conditions for heat transfer in the

formulation are adopted.

Closed form solutions for axial and secondary velocities, pressure rise per wavelength, flow rate due to
secondary flow and temperature
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4are obtained by considering small Reynolds nhumber and long wavelength.
The variation for different physical parameters are shown through graphical

illustrations. This study reveals that influence of

rotation parameter causes significant fluctuations in axial and secondary velocities. It is also found that
presence of non-uniform heat source in energy equation causes enhancement in rate of heat transfer
coefficient. 6.2 Problem development Here we address an incompressible Ree-Eyring material in a channel
of width 27?. Both the channel and fluid rotates with a uniform angular velocity Q  about the ?° = 2??7?.
Mathematical expression for wave propagation along the channel walls at (?" = +?" )

48is given by 7 (22 "?) = 2 + 2 sin 22 (2" 2°7)?

? - (6.1) Fig. 6.1: Geometry of the problem. Extra

12stress tensor of Ree- Eyring fluid model is defined as

[66? 57]:S?? =27 ?2?2V?7"?? 2°3 sinh—-1 A 2714 ?2?2V?™?2 1 + 1 ? (6.2) Since sinh

2-1?"=? for| ?7|€1then S??=222"2 73A 2742?22

1?2V™?2 + 11 72V™? ? (6.3) where ? is the fluid viscosity, ?°3 and ?°4 are material constants and

77The governing equations of continuity, momentum and energy for

incompressible fluid

flow in a rotating frame are

2277272727 =0?+(6.4)?2 277?277 - 27

8 +220
2227° 27 277"
+ 2277 (6.5) (6.6) (6.7) 22 222 722 222 + +

=?2?0?°°2?72 7?7772
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+20(? - 20)? -, (6

8.8) The conditions are T = e =0at? =07?7?7?(6.9)

=0? ?? = —21(?0 - ? ) at

(6.10) in which °?1 indicates the heat transfer coefficient and ?0 the temperature at walls. Putting Egs. (678)
and (679) in Egs. (676) and (6?7) and then using the wave frame trans- formations ? =

- (6?7) become ?? ?? ?? ?2? =07 + (6.12) ?? 2?2 ?? (?2+2)?2+7 2?2+2?7-2Q07? ==?? 2?2 2?2 2?7?27 1?7?77 +
+, 27+ 2?27(6.13) - 2?22?2222 20?0 2027 2007 (P40)?42040742Q(7+7) ==?7 7 + + 7?7+ 27 7 (6.14)
2,070 ()N =000 000NN+ + 2?7+ 0?0 (6.15) -, 020 20 20+ + 77

?2?7?=(1+723)??2?? (6.23) ??? = (1 + ?3)??7? (6.24) The dimensionless conditions are ? =1 + ? sin 27?7
(6.25)?7=0?7??7?7=0?7??=0?7??7=0at?=0?7??(6.26)?=?1?7??7=-1?2?2=0?7?7?-??21?=0at?=7?

secondary flow pressure due to rotational effect. 6.3 Solution methodology Egs. (6730)? (6?731) and (6722)
with boundary conditions (6?25) — (6?27) have the exact solutions: ?(?) = (sin ¥21? +2?203 - sinh V21?2 +2?
03 )-1[-? sin V21?2 +2203 VYV 22 0V N - 21{(?1 + ?) cosh Vsin V220?220V ?2?20V? 20V 1+ 231+ 7?3
-?1cos V1 + 23 sinh V1 + 23 -2 cos V1 + 23 sinh V1 + 23} + ?2sinh2220220VV220V?2 20 +(1+?)
(21 + 2)22{sin(1 + ?) V1 + 23 = sinh(1 + ?) V1 + 23 }]? (6.32) ?(?) = {( 1+?)sinV21?+2?03 —-sinh"221+2?
03}-1[?3+?4cosV?1+2203 Y\ V2?2 20V cosh V2?20V 1+ 23 -25sinV1+?3sinV1+23]2??20(6.33)
?(?) = 21 cos ?? + ?2 sin ?? — ?2322?[{(cos 2?22 + cosh 2222 \ \ + sin 2222 + sinh 2???)(sin ?? + cos ??)}]
\V (6.34) A? = {( 1 + ?3) sin V2?1 +??03 - sinh V21?7 +??03 }-1[4(?1 + ?)? 32 {cos V2?1 +??203 VYV V +
cosh V2?2 20V 1+ ?3}]? (6.35) 22 = —{( 1+?3)sinV21?+2203 -sinhv21?2+??203}-1[(?1+?){-2? ?0(cosV21?
+2?203 VAV V2?220VV2?220v2?220++cosh\1+23)+1+23(sin V1 + 23 + sinh V1 + 23 )}]? (6.36)
where ?? (? =1-15), ?? (? =1 -3)? ??? and ???’s have been computed algebraically. 6.4 Discussion Figs.
(6?2 - 676(?? ?)) are plotted to observe the effects of fluid parameter ?3 and Taylor number ? 0 on axial ?
and secondary ? velocities, pressure per rise wavelength A? and flow rate due to secondary velocity ?2. Fig.
672(?) depicts that velocity is enhanced near centre of channel whereas it decays near channel boundaries
when ?3 increases. Since fluid parameter is inversely proportional to viscosity therefore for larger ?3 the
viscosity decreases and hence velocity decays near walls. Opposite outcome is achieved for Taylor number
? 0 (see Fig. 672(7)). In fact the secondary flow is responsible for decrease in velocity near centre of
channel. Secondary velocity via ?3 is shown in Fig. 6?3(?)? Here ? decreases for increasing values of ?3?
The motion of fluid particles becomes faster when we increase the rotation parameter ? 0 and thus
secondary velocity is enhanced (see Fig. 673(?)). It can be visualized from Figs. 6?74(?) and 674(?) that
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pressure A? rises for fluid parameter ?3 and Taylor number ? 0 in retrograde pumping region while it decays
in augmented pumping region. It is because of the fact that for larger angular velocity, the pressure does not
rise in direction of peristaltic wave.. Further the Coriolis force is responsible for fluid drag outwards in ?-
direction and consequently A? reduces. Figs. 6?5(?? ?) plot variation of fluid parameter ?3 on secondary
velocity. In Fig. 6?75(?) when ?1 = -1? the flow rate of the fluid is enhanced in wider portion of channel.
However when ?1 = —0?5 the flow due to secondary velocity becomes positive for larger values of fluid
parameter over the whole length of the channel (see Fig. 675(?)). Opposite results of ?2 is observed in Figs.
676(?? ?) for larger values of Taylor number ? 0 when ?1 = =1 and —-075. Figs. 6?7(? - ?) show temperature
? variation versus different parameters. Fig. 6?7(?) is plotted for fluid parameter against ?? It is noticed from
this Fig. that temperature distribution tends to rise when the fluid parameter enhances. It can be observed
from Fig. 677(?) that for larger rotation parameter ? 0 the temperature profile diminishes. In fact with the
increase in rotation, the motion of the fluid particles enhances which causes resistance to flow and ultimate
there is decrease in temperature profile. Fig. 6?7(?) is portrayed to analyze the variation of ? for heat
source/sink parameter ?. It can be observed from Fig. that with the increase in ? the temperature profile is
enhanced. Behavior of Biot number ??1 can be visualized through Fig. 6?7(?). Temperature rapidly decays
as we increase ??1. It is due to enhancement in strength of convecting heating which causes decrease in
temperature. Temperature via Brinkman number ?7? in Fig. 677(?). Here for larger values of ?? the
temperature increases. It is through argument that less heat conduction occurs for viscous dissipation. Now
? for different variable is demonstrated through Figs. 678(? — ?). In Fig. 678(?) we observed that heat
transfer rate ? rises by increasing fluid parameter ?. The magnitude of heat transfer coefficient ? near
centerline decreases for Taylor number ? 0 whereas it enhances near the channel boundaries (see Fig. 6?
8(7?)). Variation in heat transfer rate ? for heat generation/absorption ? is portrayed in Fig. 678(?). Rate of
heat transfer of fluid increases when we take larger values of ?. Opposite result for ? via Biot number is
observed in Fig. 678(?). Here Fig. 678(?) is plotted for viscous dissipation parameter ?? on heat transfer rate
?? It is noticed that larger values of Brinkman number ?7? increases ? for a small range. The next interesting
part of this section is trapping. Figs. 6?79(? — ?) and 6?10(? — ?) are plotted for this purpose with the help of
contours. It can be seen in Fig. 679

12that when the fluid parameter ?3 increases then the size of bolus

enhances. Also for viscous fluid (7?3 = 0) the trapped bolus vanishes.

171t depicts from Fig. 67 10 that due to the influence of rotation the size of the

bolus decreases slowly.

It can also be observed from Fig. that the bolus disappears when the rotation of the fluid particles increases.
(a) (b) Fig. 6.2: Influence in ?(?) for (a) Fluid parameter ?3 and (b) Taylor number ? 0? (a) (b) Fig. 6.3:
Influence in secondary velocity ?(?) for (a) Fluid parameter ?3 and (b) Taylor number ? 0? (a) (b)

14Fig. 6.4: Variation in pressure rise per wavelength A? for

(a) Fluid parameter ?3 and (b) Taylor number ? 0? (a) (b) Fig. 6.5: Variation in
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7dimensionless flow rate due to secondary velocity ?2 for fluid parameter when
(a) 21 =-1 and (b) ?1 =-0?57 (a) (b) Fig.

6.6: Variation in

7flow rate due to secondary velocity ?2 for

Taylor number ? 0

7when (a) 71 = -1 and (b) ?1 =-0?57? (a) (b) (c) (d) (e) Fig.

6.7: Influence in ?(?) for (a) Fluid parameter ?3, (b) Taylor number ? 0? (c) non-uniform source/sink
parameter ?, (d) Biot number ??1 and (e) Brinkman number ?7?. (a) (b) (c) (d) (e) Fig. 6.8: Influence in ?(?)
for (a) Fluid parameter 7?3, (b) Taylor number ? 0?7 (c) non-uniform source/sink parameter ?, (d) Biot number
??1 and (e) Brinkman number ??. (a) (b) (c) Fig. 6.9: Variation in streamlines for fluid parameter ?3 when (a)
?3=0(b)?3=079 and (c) ?3 = 2? (a) (b) (c) Fig. 6.10: Variation in streamlines for Taylor number ? 0 when
(a)?0=0(b)?0=07?5and (c) ? 0 =27 6.5 Conclusions Here simultaneous outcome of rotation and heat
generation/absorption on peristalsis of Ree- Eyring fluid have been pointed out. Major observations include:
* Dual behavior of fluid parameter ?3 and Taylor number ? 0 on the axial velocity is noticed. « Opposite effect
is observed on secondary velocity for fluid parameter ?3 and Taylor number ? 0. * Similar behavior of
pressure rise A? is observed for fluid ?3 and rotation ? 0 parameters. ¢« Variation in dimensionless flow rate
due to secondary velocity ?2 for fluid ?3 and rotation parameters ? 0 is quite opposite. « Temperature is an
increasing function of fluid parameter ?3? heat generation/absorption ? and Brinkman number whereas it is
decreasing function of rotation parameter ? 0 and Biot number ??11. « Rate of heat transfer decreases for
increasing ? 0 and 7?11 but it enhances for 73?7 ? and ??. « Fluid and rotational parameters on trapped bolus
have opposite contributions. ¢ For viscous fluid, the present problem is reduced by taking ?3 — 0? Chapter 7
Numerical analysis for ionslip and Hall current on peristaltic transport of rotating Ree-Eyring fluid 7.1
Introduction lon-slip and Hall current in peristalsis of Ree-Eyring liquid are analyzed. In addition energy
equation contains Ohmic dissipation. Whole system is in rotating frame. Governing equations representing
flow of a fluid are reduced into ordinary differential equations. Problem formulation is developed by small
Reynolds number and long wavelength approximation. Shooting method is applied to find numerical results.
Variation of emerging dimensionless parameters of present problem is illustrated through graphs. We
observed that velocity and temperature distributions in Ree-Eyring fluid are more than viscous fluid. Rotation
and fluid parameters have opposite effects on velocity. It is also found that influence of ionslip in momentum
equation causes an enhancement in velocity. 7.2 Problem development Here we consider an incompressible
Ree-Eyring fluid in a channel with width (?1 + ?2). Both channel and fluid rotate with uniform angular velocity
Q  about the ?” — ????. Travelling waves of speed ?, amplitudes (?1? ?2) and wavelength ? propagate
along the channel walls (?” 1? ?° 2)? Mathematically we represent such waves in the form ? 1

2(2°2°2) =21+ Msin222 (22222 - (7.1) 272(2°2°?) = =22 - 72 sin 22 (2" = ?

*2)?
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? (7.2) in which ?" is the time. The governing equations for rotating flow are: V?V =0? ? 2?2V?"+?2 Q x (Q

Ree-Eyring fluid [28? 29]is S=7?gradV+11grad V?L=grad V? 23 y 774 fin which V = (?"? 77? ?")
denotes fluid velocity? J the current density [86? 87], ? fluid electric conductivity, ?? the cyclotron frequency,
?? electron collision time, ?7? ionslip parameter, L?S the viscous dissipation term, ?1 J?J Ohmic dissipation
term and J x B the Lorentz force. Eq. (6) can be solved in J to yield J x B = =?727+77022

75[(22° = 2272 (22" + 227)2 0] ? (7. 8) J2J = 22272 2+202 22 (?°2

+ ?°2)? (7.9) where ?(= ???7) the Hall parameter and ? = 1 + ???. Now using wave frame transformations
and dimensionless variables ? =

16
(7.10) 2% =22 2% =

PP =? == 21200202100 =00 =20 =00 =0021 7 =

02 (7.17) 22 -p g, 22 2222 22 22 — + 220 2222 + 1 + 222+222 22 + 22222 + 1= 02 (7.18) p - p . 22 22 =

(1 + ?3)??? (7.22) in which incompressibility condition is trivially satisfied. The appropriate boundary
conditions are 71 =1+ ?1c0os 2????72=-7-7?2c0os(2?7?7+7)?=217??727?7?=-1?77?2=0?7?7?7+7??21?7=0
at?=??7?2=-?1??227?7?=-1?2?7=0?7?-??1?=0at ? = ?2? where ?1 = 0? ????? 723 =??"37'4 the
fluid parameter, 71 = ??11 and 72 = ?722 . 1 Egs. (7?1R9) and (7720) give ? ???? +2?0?7+ ?2 ?2+72? ?7?
we neglect secondary flow pressure due to rotational effect. (7.23) (7.24) (7.25) (7.26) (7.27) 7.3 Solution
methodology Analytical solution of the system of nonlinear partial differential Egs. (7728)? (7729) and (7722)
seems difficult. Thus appropriate numerical method is employed to compute the solution. Numerical
technique via shooting method is applied to solve these equations with corresponding boundary conditions
(Egs. (7?725) — (7?27)). 7.4 Discussion Effect of Ree-Eyring fluid parameter ?3 on ?, ?, ? and ? are sketched
in Figs. 7?1(? — ?)? Fig. 7?1(?) depicts that axial velocity ? is enhanced for increasing fluid parameter ?3. In
fact viscosity of the fluid decreases as ?3 increases.

42lt is also noteworthy to mention that in non-
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Newtonian case velocity is greater when compared to viscous fluid (?3 = 0)? Opposite behavior of
secondary flow ? is captured in Fig. 7?1(?) for larger values of ?3. In fact due to rotation the fluid particles
motion in secondary direction becomes faster and hence ? rapidly decays. Temperature ? rises when fluid
parameter is enhanced (see Fig. 7?1(?)). Similar result of ?3 is observed in Fig. 7?1(?) for heat transfer rate.
Figs. 7?2(? — ?) are demonstrated to see the effects of rotation parameter ? 0 on ?, ?, ? and ? respectively.
Fig. 7?2(?) shows dual behavior of axial velocity for ? 0. This Fig depicts that rotation parameter decays the
axial velocity at centre of channel and near the channel walls it enhances ?. At centre of channel, due to
faster rotation the secondary flow is induced which minimizes ?. Impact of rotation parameter ? 0 on ? is
observed through Fig. 7?2(?). In fact an increase in rotation enhances the motion of fluid particles and thus
? has been increased. Fig. 772(?) presents the influence of increasing ? 0 on ?. It is because of Coriolis
force which is responsible to drag the fluid outwards in the ?-direction and subsequently it reduces the
temperature.

49Heat transfer rate decays for larger values of

Taylor number (see Fig. 772(?)). Effect of Hall parameter ? through Figs. 77?3(? — ?) can be visualized for 7,
?,? and ? respectively. It is observed from Fig. 7?3(?) that ? tends to rise when ? enhances. It is because of
the fact that electrical conductivity of fluid particles reduced as we increase ?? Hence magnetic damping
force diminishes and thus axial velocity is enhanced. For larger ? secondary velocity is enhanced (see Fig.
7?3(?)). Similar variation for ? is noticed in study of Hayat et. al [156]. Behavior of ? on temperature ? is
observed through Fig. 7?3(?). The application of magnetic field offers resistance to flow so kinetic energy
decreases and hence there is reduction in temperature. Fluctuation in heat transfer rate ? for Hall current ?
is portrayed in Fig. 7?3(?). Rate of heat transfer decays as we increase Hall parameter ?. Impact of ionslip
parameter ?? on ?, ?, ? and ? is portrayed in Figs. 7?4(? — ?). Addi- tion of ionslip effect decreases the
resistive force imposed by magnetic field and thus effective conductivity decays. Thus decrease in
conduction rate enhances the axial velocity (see Fig. 88 7?4(?)). Fig. 7?4(?) shows increasing behavior of ?
for larger values of ionslip parameter.

21It can be noticed from Fig. 7?4(?) that temperature profile decays with

increase

in ?. Physically it means that kinetic energy of fluid particles decreases for smaller magnetic field. Such de-
crease in energy implies decay in Joule heating and hence temperature falls. Similar behavior has been
reported in [867 87]. They solved the nonlinear governing equations by employing the perturbation and
numerical technique respectively when the system is non-rotating frame. In Fig. 7?4(?) we noticed that near
the centerline, the magnitude of heat transfer rate ? for ? decreases whereas near boundaries it enhances.
(a) (b) (c) (d) Fig. 7.1: Influence of fluid parameter ?3 on

22(a) ?(?) (b) 2(?) (c) ?(?) (d) 2(?)? (a) (b) (c) (d) Fig. 7.

2: Influence of Taylor number ? 0 on

22(a) ?(?) (b) ?(?) (c) 2(?) (d) 2(?)? (a) (b) (c) (d) Fig. 7.
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3: Influence of Hall parameter ? on

22(a) 2(?) (b) ?(?) (c) 2(?) (d) 2(?)? (a) (b) (c) (d) Fig. 7.

4: Influence of ionslip parameter ?? on (a) ?(?) (b) ?(?) (c) ?(?) (d) ?(?)? 7.5 Conclusions The present study
here investigated the influences of Hall current, Joule heating and ionslip on MHD peristaltic motion of
rotating Ree-Eyring fluid. Main salient features are listed below: « Magnitude of axial velocity ? for Ree-
Eyring fluid (?3 =6 0) is higher than viscous fluid (?3 = 0). « Effects of ? 0 on ? and ? are opposite. *
Secondary flow for Ree-Eyring fluid is lower than viscous fluid. ¢ Variation of ? on ? and ? are similar to that
of 7?7 « Temperature is an increasing function of ?3 whereas it decreases for ? 0? ? and ??. « Heat transfer
rate from walls to the fluid increases when fluid parameter ?3 is enhanced. However it decreases by
increasing rotation parameters ? 0? Hall parameter ? and ionslip parameter ??. Chapter 8 Peristalsis of
couple stress liquid in a non-uniform rotating geometry 8.1 Introduction Thermal radiation in peristaltic
rotating

39flow of couple stress liquid in a non-uniform channel

is addressed. Slip boundary conditions for velocity and temperature are satisfied by channel boundaries.
Impact of

4non-uniform heat source/sink in heat transfer

phenomena is also ac- counted here. Complexity in mathematical formulation of problem is reduced

27by employing assumptions of long wavelength and low Reynolds number.
Resulting non -linear system of equations is solved through numerical technique.

The behavior of velocities and

temperature for different physical parameters has been displayed through graphs and interpreted physically.
8.2 Problem development Here peristaltic pumping of incompressible couple stress liquid though a
nonuniform channel of width (7?1 + ?2) is examined. Peristaltic transport is engendered by propagation of

56sinusoidal wavetrains with constant speed ? along channel walls.

A solid body rotation is observed in both liquid and channel. The coordinates are

5chosen in such a way that ? — ???? is along centerline and ? = ???? is normal

to it. Geometrical representation of

wall surface is given as ? 1
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8 cos ==-72 - - ?2 cos

(7 -

+?7?-,-?, The geometry of problem is presented in Fig. 8.1. (8.1) (8.2) Fig. 8.1: Geometry of problem. In
which ?” designates the time, ? is the phase difference, (?1? ?2) are the amplitudes? (?” 1? ? 2) represent
walls of channel and ? is the wavelength. Mathematical formulation is given as: V2V =0? ? - ?2?V?" , +?2 Q"

47 V? 47 37+ (8.3) (8.4) (8.5) (8.6) here ? is the dynamic viscosity, ?1 is couple stress constant, ?0 is the
coefficient non-uniform heat source/sink, ?+ the mean absorption coefficient, ?« is the Stefan- Boltzmann
constant and V2 = 7?72 + 7?7?72 + 7?7?72 with V4 = V2V2? Laboratory and waves frames are related as: ? =

Invoking above transformations, Egs. (873 — 875) take the form: ?? + 2?7 =0? ? [(? + ?)?? + 2?7 + 7?77 -
20?1 ==72+ W27+ ?) = MVAQR + )22 [(?+ N7+ 2?7+ 2+ 2Q(? + ?)] = =77 + V2?7 = 211V4?? ? [(?

1)?0(8.15) ?? =07 (8.16) (1 + Pr ??)??? + ?? =07 (8.17) Defining 71 =? - 1 — ?? (8.18) with 72 ?1 = ??
??? Z?1 and the dimensionless conditions ?1 =1 + ?? + ?1 cos (2?7?) ? 72 = -7 - ?? — 72 cos(2?? + ?)?

denotes stream function, ? axial velocity slip, ?1 secondary velocity slip and ?2 tem- perature slip
parameters. Eq. (8?15) indicates that ? =6 ?(?) and thus compatibility equation satisfies ??????? - ?

methodology (8.22) (8.23) Built-in routine NDSolve in Mathematica is utilized to get numerical solution for
reduced system of equations. In this section graphical results are drawn to observe the impact of pertinent
parameters on velocities and temperature. 8.4 Discussion 8.4.1 Axial velocity

93(a) (b) (c) (d) Fig. 8. 2: Graph of ?(?) for

(a) 74 (b) ?0 (c) ? (d) ?«? The axial velocity ? against sundry variables are shown in Figs? 8?2(? - ?). Fig.
872(?) manifests the impact of couple stress parameter ?4 on axial velocity. It is obvious that velocity
declines at the center of channel whereas it grows near channel walls. Physically for rising values of 74
stress among fluid particles increases which in turn produces a decay in velocity. It can be seen through Fig.
872(?) that there is a decrease in velocity at center of channel for increase in Taylor number ?07? In fact
secondary flow along ?-?7??? produced by rotation resists the flow and hence velocity declines. Variation in
? for larger slip parameter ? is manifested in Fig. 8?72(?). Velocity decreases via increasing ? because fluid
experiences more slip at the channel walls which in turn reduces ?? Inverse relation between velocity and
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non-uniformity parameter is illustrated in Fig. 8?2(?). A gradual increase in velocity is observed for
increasing values of ?7? It is due to decrease in frictional force offered by channel walls. 8.4.2 Secondary
velocity

46(a) (b) (c) (d) (e) Fig. 8.3: Graph of ? for (a)

?4 (b) 7 0 (c) ? (d) ?1 (e) ?+? In this section, variation in secondary velocity for involved parameters in
investigated through Figs. 8.3(? — ?)? Fig. 8?3(?) indicates that secondary velocity grows for enhancing
values of fluid parameter ?4? Influence of Taylor number

61on velocity profile is displayed in Fig. 8 ?3(?). It is obvious that velocity

increases

via ? 0 because of enhancement in rotation of fluid and channel. Effect of axial velocity slip parameter of
secondary velocity is manifested through Fig. 8?3(?). The resulting panel exhibit an increment in ? for larger
?? Fig. 8?3(?) reveals

28that velocity is an increasing function of secondary velocity slip parameter

?1. A very small rise in secondary velocity

28is noticed for growing values of ? as seen through Fig.

873(?). 8.4.3 Temperature profile

47(a) (b) (c) (d) (e) (f) Fig. 8.4: Graph of

2 for (a) 24 (b) 20 (c) 22 (d) 7+ (e) ? (f) 22?

44This subsection is devoted to illustrate the behavior of pertinent parameters on

temperature profile

through Figs. 8?4(? — ? ). Decreasing response of temperature towards growing fluid parameter is depicted

in Fig. 8?4(7?). As viscosity of fluid enhances via larger values of ? which provides retardation to flow

therefore temperature drops. Motion of fluid particles is related with rotation of channel. When Taylor number

is increased, fluid particle move rapidly without experiencing any retardation. As a result, temperature

decreases (see Fig. 8?4(?)). Fig. 8?4(?) is plotted to observe the impact of temperature slip parameter on ??

For growing values of ? kinetic energy of fluid particle increases which produces a rise in temperature.

Increasing impression of ? on temperature profile is disclosed in Fig. 8?4(?). It is obvious from Fig. 8?4(?)

that temperature declines for negative values of heat generation/absorption coefficient (? ? 0) whereas a rise

in temperature is noticed for its positive values (? ? 0). In fact for ? ? 0? a heat sink is produced which
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absorbs heat and for (? ? 0) more heat is added to the system. A decline in temperature for enhancing
values of radiation parameter ?? is evident from Fig. 8?4 (? ). As effect of natural convection is reduced by
adding more radiations therefore temperature declines. 8.4.4 Heat transfer rate

47(a) (b) (c) (d) (e) (f) Fig. 8.5: Graph of

? for (a) ?4 (b) 7?0 (c) ?2 (d) ?* (e) ? (f) ??? Figs. 8?5(? — ?) are prepared to interpret

11the variation in heat transfer coefficient ? for multiple values of various

physical parameters.

Fig. 8?5(?) characterizes increasing influence of fluid parameter ?4 on ?? It is evident from resulting sketch
that magnitude of heat transfer grows for larger 747

9lt is noteworthy that heat transfer coefficient. Fig. 875(?) is

portrayed for observing

7the influence of Taylor number ?0 on heat transfer coefficient. Result clarifies

that heat transfer

rate grows via ?0? Fig. 8?5(?) indicates that there is an enhancement in heat transfer coefficient for rising
values of slip parameter ?2? An increment in ? for growing values of non-uniformity parameter ? is reported
in Fig. 8?5(?). Magnitude of heat transfer coefficient decays for rise in heat generation/absorption coefficient
as depicted in Fig. 8?5(?). Fig. 8?5(?) depicts a decline in ? for rise in radiation parameter ??? A heat loss is
generated for stronger thermal radiations and hence ? decreases. 8.4.5 Streamlines (a) (b) (c) Fig. 8.6:
Streamlines for ?0 with fixed values of 7 =0?01? ? =1?5??=072??=0?71?7?=17?2?7?=22?7?7=71=07?
2?7 ? =2for (a)

6820 =02 0 (b) 20 = 0? 5 (c) 20 = 2. (a) (b) (c)

Fig. 8.7: Streamlines for ?4 for (a) 74 = 070 (b) 7?4 = 275 (c) 7?4 = 5. (a) (b) (c) Fig. 8.8: Streamlines for ? for
(@) ?=072(b) ? =074 (c) ? =076. Figs. 8?76(? — ?) are sketched to notice the effect of Taylor number on
trapping phenomenon. The size of trapping bolus decreases at lower channel for increase in rotation. It is
also clear that trapping bolus disappears for further rise in ? 0 ? A similar impact is observed for fluid
parameter and velocity slip parameter as seen through Figs. 8?7 and 878. 8.5 Conclusions Peristaltic
pumping of couple stress fluid under the influences of heat source/sink, thermal radiation and slip conditions
is examined. Key findings of investigation are given by: ¢ A decline in axial velocity distribution

70is observed for increasing values of velocity slip parameter ?, fluid

parameter ?4 and
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rotation ?0 however velocity increases via non- uniformity parameter ?? « Similar outcomes of ?4, 70, ?1 and
? on secondary velocity are observed whereas ? affects ? oppositely. « Temperature is increasing function of
?? ?2 and ?? « There is an inverse relationship between temperature and rising values of 7?4, 70, ?7?. «
Decaying response is depicted by heat transfer coefficient for growing values of ? and ?0?  Heat transfer
coefficient increases via ??? 7?27 ?4 and ?? Chapter 9 Peristaltic motion of third grade fluid sub ject to
nonlinear radiation 9.1 Introduction This chapter addressed nonlinear radiation effect on

9peristaltic motion of third grade liquid in a

tapered asymmetric geometry. System in rotating frame is entertained. Relevant problems have been
numerically solved. The

55velocity, temperature and heat transfer rate are physically

stressed. 9.2 Problem statement An incompressible third grade liquid

37

with amplitudes (?1??2) and phase ? are taken. A case of rigid body rotation for channel and fluid is
considered. System rotates about ?°-?7?77?. Nonlinear version of radiation is considered. The waves shapes
are described by

8 cos 2? 2-2(9.1) =-72-27"-

?2 cos 27 +?272.7-(09

-, The constitutive equations for third order fluid are T = =?1 + S? S = ?A1 + ?01A2 + ?02A21 + ?01A3 + ?
02(A1A2 + A2A1) + ?203(???A2)A1? According to Fosdick and Rajagopal [67]: ? 2 0? 701 =07 ?01 =702 =
0?7 703 =207 | ?01 + 7?02 |£ 247?037 q Eq. (974) becomes S = ?A1 + ?201A2 + ?202A21 + ?03(???A2)A1?
Rotating flow is described by the equations divV =0? ? - ?2?2V?" + (V2V)V+?2Q x(Q x nN+2Q xV-=

1? 2) and ?0?(? = 1 — 3) are material parameters, A? = (V?V) A?-1 + A?-1L + L?A?-1? A1 =L+ L??L =
VV? V the velocity and " r the position vector. Nonlinear thermal radiation after using Rosseland
approximation is given by q? = — 43?7+% ????4 = — 13677*x ? 3 ???? 7 (9.9) in which ?+ and ?* represents

11the Stefan- Boltzmann constant and the mean absorption coeffi- cient

respectively.

Applying below transformations ? =
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Egs. (976 - 978) become (?)? + (?)? + (?)2 =02 (9.11) 2 (2 +?2) ()2 + 2 ()2 + 2 (2)?2 - 2Q? = - (2)? +
(222)2 + (222)2 + (222)22n 02 (24 2) ()2 + 2 ()2 + 2 (2)? + 2Q(2 + ?) = = (2)2 + (222)2 + (222)2 +

(??22)?2?2no?(?+2)(N)?+2()?2+2(7)=—-(N)?++(??2?7)?2+ (???7)? + (??7?7)??n0?(9.12) (9.13) (9.14)
07?2 +2(2)?2+2()?2=22()??+(?2)?2?7+(?)??2(9.15)n 0 —(?7)?+ 22?2 (7?7 + 2?72((?)? + (?)?) +
??? (?)? (79.16) n o Consider dimensionless variables and stream function as ?* = 7?1 = 7= 7??= 75 = 7?7 7«
?2?22=22=22=22?21222?21?-20?21?Re=???210Re Q 2?21 -20?7?2=2222=2222=20?1
22 =407 203?21 ="M 2272272="02222=22?2? 21 ?272?722103 2 2 =0 2 = =7
(9.17) Now applying lubrication approach, Eqgs. (9710) - (9?14) can be reduced as follows: ?? = (?7?)? + 2?
?2?20(9.18)??2=(???)?-2?20((?)?+1)?(9.19)??=07?(9.20) 1+ ?? Pr (?2(?? — 1)+ 1)3 (?)?? + 3?? Pr (?
??-1)+1)2(??-1)7?27?=07(9.21)

95hihij¢?2?2=(?)?2+27?5(2222+227)(?)?? 2222 =(2)? +2?

5( 7?12 ?7¢? +?i2 ?¢) (?)? ? i ¢ | ¢ with dimensionless conditions ?1 =1+ ?? + ?1 cos (2??)? ?72=-1-7? -
?22c0s(2?7?+7)??=M2?2(MN?=-1?22=0?(N)?-??71(1-?)=0?at?=21?2=-2122(?)?=-1?7=
0? (?)? = 7??2(1 + ?)=0? at ? = 72?7 where (9.22) (9.23) (9.24) 71 =7 -1 -?? 7?2?21 = (?)? 7?7 (9.25) Z?1
Egs. (9716) and (9717) take the forms: (???)? +2?0? =07 (9.26) 2 " ? (???)? - 27 ((?)? + 1) =07 0 (9.27)
9.3 Solution methodology The Eqgs. (9716)-(9?19) and conditions (9720)—(9722) have been numerically
solved for (??7?), ? and ?. 9.4 Discussion 9.4.1 Velocity profile Figs. 9.1(? — ?) are displayed for velocity
against ?5, ? and ?0. The velocity is generally parabolic. It has maximum value at channel centre. Velocity
has dual behavior for ?5. In upper portion of channel, the axial velocity increases. Physical such increase
corresponds to decay in fluid viscosity. In lower portion of channel, the situation is different (Fig. 971(?)). In
Fig. 9?1(?)? ? at channel centre is an increasing function of ?? Fig. 971(?) represents effect of ?0 on axial
velocity. There is generation of secondary velocity for rotation. It increases ?. Effects of ?5, ? and 7?0 on
secondary velocity are shown in Figs. 9?2(?-7?)? There is decay in ? for ?5 (Fig. 9?2(?)). Also secondary
velocity decays for ? (Fig. 972(?)). The reason behind this fact is that fluid rapidly compressed in narrow
portion and induced frictional force at wall is reduced. Fig. 9?2(7?) indicates ? against ?0. Gradual increase in
? is observed for ?0. This happens due to faster rotation of liquid particles. (9.28)

46(a) (b) (c) Fig. 9.1: Influence of (a) ?5 (b) ? (c)

?00n?(?)when?=072?77?=0?1?77?=1??21=0?7?7?2=075?7=078?7=7?47?7?5=0701and ? 0 =07
5. (a) (b) (c) Fig. 9.2: Effect of (a) ?5 (b) ? (c) ? 0 on ?(?) when ? =0?1??2=0?1??=-1?27?21=0?7? 7?2 =
0?75?7?7=078?7=7247?75=0701and ? 0 =075. 9.4.2 Heat transfer Figs. 9?3(? — ?) are sketched for
temperature against 75, ?0, ??, ??, ??1, ??2, ?? and ??. Fluctuation in ? for greater ?5 is captured in Fig. 97
3(?). In fact viscosity of fluid decreases. Decrease in ? for larger ?0 is shown in Fig. 9?3(?). Physically such
decrease in ? corresponds to faster motion of fluid particles. In Fig. 9?3(?)? ? is decreasing function of ?7?.
There is less
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15energy is absorbed by fluid for greater ??? therefore temperature

decays. Opposite behavior

150f temperature ratio parameter ?? on temperature distribution is

noticed in Fig. 973(?). In fact thermal state of fluid is enhanced with ?? which is responsible for rise in ?.
Also in the Fig. 973(7?) solid line obtained for linear radiation problem (?? = 1) and dotted lines are computed
through Eq. (9?19) with the variation in ?? for nonlinear radiation. It is worth pointing here that when ?? = 1,
temperature profiles are close to corresponding profiles for the case of linear radiative heat flux. Figs. 973(?)
and 973(?) compare the results of linear and non-linear radiation for different values of radiation when ?? =
1?1 and ?? = 3 respectively. It is seen that linear and non-linear results match each other better at ?? = 1?1
when compared with ?? = 3. The profiles show a significant decrease as the radiation parameter is gradually
increased. Similar response of Biot numbers (??1? ??2) on ? at both upper and lower walls are
demonstrated through Figs. 9?3(?) and 973(?). There is more convection generated with higher values of
(??17 ??2) and consequently temperature is enhanced. Variation for larger ?? on ? is sketched in Fig. 97
3(?). In fact viscous dissipation is responsible for enhancement in temperature. Fig. 9?3(?) reveals that ?
decreases for different values of ??. Thermal diffusivity of fluid is reduced with an increase in ?? and
consequently ? decays. Figs. 9?74(?-7?) are plotted for ? against different flow physical parameters. We
noticed from Fig. 9?4(?) that because of heat loss, ? decays in magnitude when ?? increases. For larger ??
and ??? the reversed trend is followed (see Figs. 9?4(?) and (?)).

51(a) (b) (c) (d) (e) (F) (g) (h) (i) () Fig. 9. 3: Effect of (a) 25 (b) 20 (c) 2? (d) 2?7 (e)

comparison between linear and nonlinear radiation when ?? = 1?1 (f) comparison between linear and
nonlinear radiation ?? = 3 (g) ??1 (h) ??2 (i) ?? (j) ?? on ?(?) when ? = 0?17 ?=0?1??=1?2?21=0?7? 72 =
0?75?7=078?7=24?75=07?01???1=2?27?2=4?27??=0?7?Pr=175???=3?7?? =171 and 70 = 0?5.
(a) (b) (c) Fig. 9.4: Effect of (a) ?? (b) ?? (c) ?? on ?(?) when ? =0?1? 2 =17 7?1 =0?7??2=075? ? = 0787
?2=2477°5=0701?7??1=2?7?72=4?7??7=0?7?Pr=1?5?77??=3?7??=1?1and ?0=07?5.9.5
Conclusions Main points here are * There is dual behavior of ?5 velocity. * Behaviors of ? and ?0 on ? are
opposite. * Effect of 70 on ? is reverse to that of ? and ?5. « There is decrease in temperature for ?0? ?? and
??. « Larger values of 7?5, ?? and ?? give rise to temperature. » Heat transfer rate ? is enhanced for ?? and
??. + ? is decreasing function of ??? Chapter 10 Entropy generation impact on peristaltic motion in a rotating
frame 10.1 Introduction This chapter intends to investigate the peristalsis of Casson fluid in rotating frame
and entropy generation. Constituitive equations are formulated by invoking thermal radiation and viscous
dissipation. Slip conditions for temperature and velocity are satisfied. Lubrication approach is employed for
reducing the system of equation in simplified form. Exact solutions for re- sulting systems are obtained.
Graphical results are prepared to observe the outcomes of fluid parameter, Brinkman number, compliant wall
parameters, Taylor, Bejan number and radiation parameter. Entropy generation is also examined. It is
noticed that slip effects can control entropy generation. 10.2 Problem definition Consider an incompressible
flow of Casson fluid in channel with width 2?. Compliant prop- erties of channel are studied. Rigid body
rotation for fluid and channel through constant Q is discussed. Flow is generated due to travelling waves by
wavelength ? and amplitude ?. Mathematically one has ? = +?(?? ?)=+?+?cos 2? ? (? - ??)? (10.1) - 12
%, Here we also consider entropy generation through
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30radiation and viscous dissipation effects. The

radiative term ?? is defined as q? = =37 ?? 47+ ??4 ? in which ?x and 7+ represent

11the Stefan-Boltzmann constant and Rosseland’'s mean absorption

coefficient respectively.

After expanding ?4 about 70 and ignoring higher-order terms q? one has q? = — 13677%* 703 ???? ? (10.2)
For Casson fluid the stress tensoris T = -?1 + S? S=7?? +s ?? 1 22? A 22?? ? (10.3) where ?? is yield
stress and ? = ?7??, 7?7 is the (?? ?) component of deformation rate and ?? a plastic viscosity of fluid. Here

222227 222 = 24722%x 2032 22 =222 22 26 =2V 2722 22 21 =- 23?22 22 =232 2 23 =272 ? 23 ?%1273
723?207 8??=7?? S??7?7 1=7??21?7 2=772?7 3=73?77(10.11)? =277 ? =-???? (10.12) Egs. (10?3

Boundary conditions in dimensionless form ?? ?? + ?21(1 + ?6 ??2=0? at ? = £?7 1 ?2? ) ?3 7?3 ?2|?7??? - ?
12?23 22770722 4?23?7727 7 =7?7-270? ,?+?22(1+76??=0?at?=1??217??)?2+ 23?7?77 =17 { (’? -2
3?7?77?7=0 F] ? at?=-7?? where k) ?=1+7?sin2? (? - ?) ? here ? the fluid parameter. From Egs. (10?
13)to (10?15)? we have: 1 +1 24?20?2726 2?4 +2?2 =02 u??1+1 22?20?22 u?26??2-2???=0?
(10.13) (10.14) (10.15) (10.16) (10.17) (10.18) (10.19) (10.20) (10.21) (10.22) (10.23) 10.3 Entropy
generation Dimensional form of the entropy generation is given as ??00707? ?? ?? 2 + ?? 2 167+?03 ?? 2 =

dimensionless form, entropy generation can be written as follows: ???? = ???00??000? =(1+??Pr)u????
M2+2°2?2 1+ 2?22?7221 ? ? 1 (10.24) (10.25) where ?° = (?1?-070) and ??00 = ?? (??120-7270)2
represents the temperature difference parameter and entropy generation characteristics. In Eq. (10724) first
and second terms corresponds to entropy generation due to heat transfer (?7?) and fluid friction (?7?)
respectively. Now defining Bejan number ?? ?7= 7?7 +7?? ?? ? (10.26) 10.4 Solution methodology The exact
solutions of equations (10?16, 10722, 10?723 and 10725) corresponding to boundary conditions (10718 -
10721) are as follows ? = 6 + 247 02?17?7272 + ?6(6 + 8? 02?7272(3?1 + ?)) — 1 ?? 7276 - 3?(2(1 + ?6)?1 + ?
6?)?3 £ ?=4(1+76)(3 +12?02?1?72?2 + ?6(3 + 4702?2?2(3?1 + ?))) — 1 3??0[?4726 - 67276?(2(1 + ?
6)?1 + ?67) + ?2(12(1 + ?76)?1(2(1 + ?6)?2 * +?67?) + ?6?(8(1 + 76)?2 + 5767))]? (10.27) (10.28) ?= 14 [27(?
3+?)-1—((1+Pr2?2?)3(1+76)+ 12?7 02(1 + ?76)?17272 +47? 02767273)2)—-13???2?4?6(1 + ?6) — 2(?3 +
?)-1[3???2?376(1 + ?6)(?3 + ?)(4?3 +?)((1 + Pr ?2?)(3(1 + ?6) + 12? 02(1 + ?6)?172?2 + 4? 02767273)2)-1
=(=?1 = ?)(=1 - 3??72?376(1 + ?76)(?3 + ?)(473 + ?)((1 + Pr ??) (3(1 + ?6) + 12?7 02(1 + ?6)?1?2?2 + 47
02767273)2)-1)]]? (10.29) 2?2?22 =14 (1 + Pr2?)[(?3 + ?)-1 = ((1 + Pr ??)(3(1 + ?6) + 12? 02(1 + 76)?1?272
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+47 02767273)2)-1677?72737(1 + ?) + 97°???27?276(1 + ?6) ((3 + 12?7 02?17?7272 + ?6(3 + 4?7 027672?2(37?1
+?)))2)-1]? (10.30) 10.5 Discussion Impact of various involved parameters on axial velocity is demonstrated

58 1- 5). 1 multiple

Taylor’s number. It is obvious that velocity declines via ? 0 since a secondary flow is induced by increase in
rotation which decreases velocity of fluid in axial direction. Fig. 10?2 clarifies an enhancement in velocity for
growing values of fluid parameter 767?

151t is due to reduction in viscosity of fluid. Fig. 10?3 is plotted

to observe the impact of slip parameter ?1 on axial velocity. Resulting sketch

15shows an increment in velocity for larger

?17? In fact for larger slip parameter, less resistance is offered to the fluid which tend to rise the velocity. It
can be seen through

66Fig. 10?7 4 that axial velocity is a decreasing function of secondary slip

parameter

?2? Impact of wall parameters (?17? ?2? ?3) on velocity profile is illustrated through Fig. 1075. Wall elasticity
parameters (?1? ?2) accelerates the flow of fluid however a reduction in velocity is observed for increasing
damping parameter ?3? Variation in secondary velocity for embedded parameters is analyzed through Figs.
(1076 — 10?9). It is found from Fig. 1076 that secondary velocity grows for larger fluid parameter ?67?
Secondary velocity ?

28is an increasing function of Taylor's number as demonstrated in Fig.

107?7. The reason lies behind the fact the fluid moves faster in secondary direction for increase in rotation.
Fig. 1078 serves to manifest the impact of slip parameter 72 on ?? Here velocity grows via ?2? Impact of
wall parameters on secondary velocity is similar as observed for axial velocity (see Fig. 1079). Figs. (10?10
- 10?15) characterize the effect of physical parameters on temperature profile. A decline in temperature is
obtained for rise in Taylor’'s number ? 0 as demonstrated in Fig. 10?107 Fig. 10?11 discloses that
temperature of fluid decreases as fluid parameter grows. It

15due to decrease in viscosity of fluid. Variation in

? for larger ?3 is portrayed in Fig. 10?12. It is obvious from resulting graph that there is in increment in
temperature for enhancing slip parameter. Wall elasticity parameters ??(? = 1?7 2) tend to rise the
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temperature however an opposite behavior is noticed for wall damping parameter ?3 (see Fig. 10?13). Fig.
10?14 highlights the decaying outcomes of radiation parameter on temperature profile. Since for higher ?7?
absorbing power of fluid particle tend to reduce and hence temperature drops. Fig. 10?15 determines the

15behavior of temperature for rising values of

Brinkman number ??? As more heat is generated for stronger viscous dissipation therefore temperature
rises. Figs. (10?16 — 10721) are captured to investigate the behavior of heat transfer coefficient for variation
in pertinent parameters. Decaying response of heat transfer coefficient towards growing Taylor number is
recorded in Fig. 10?16. Fluid parameter produces an increment in magnitude heat transfer coefficient as
depicted in Fig. 10?17. Physically for larger 767 the strength of viscous forces increase. As a result, ?
grows. Fig. 10?18 clarifies that

13heat transfer coefficient is an increasing function of

thermal slip parameter ?3? Since heat transfer coefficient and temperature are in direct relation with each
other therefore wall parameters ?1? ?2 and ?3 affect ? is same manner as that of temperature profile (see
Fig. 10?19)? Upon increasing radiation parameter, heat transfer coefficient declines as shown in Fig. 10720.
Fig. 10?21 characterizes an inverse relationship between ? and Brinkman number ?7??

78Fig. 10.1 Fig. 10.2 Fig. 10.1:

Effect of ? 0 on ?(?) Fig. 10.2: Effect of 76 on ?(?).

3Fig. 10.3 Fig. 10.4 Fig. 10.

3: Effect of ?1 on ?(?) Fig. 10.5 Fig. 10.5: Effect of ?1? ?2? ?3 on ?(?)? Fig. 10.6 Fig. 10.7

59Fig. 10.6: Effect of ?6 on ?(?). Fig. 10.7: Effect of ? 0 on ?(?). Fig. 10.8

Fig. 10.9 Fig. 10.8: Effect of 22 on ?(?). Fig. 10.9: Effect of 212 22? 23 on 2(?)?

38Fig. 10.10 Fig. 10.11 Fig. 10.10:

Effect of ? 0 on ?(?).

38Fig. 10.12 Fig. 10.13 Fig. 10.12:

Effect of ?3 on ?(?). Fig. 10.13: Effect of ?1? ?2? ?3 on ?(?).
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3Fig. 10. 14 Fig. 10. 15 Fig. 10.14: Effect of 2? on 2(?). Fig. 10. 16 Fig. 10. 17 Fig.
10.

16: Effect of ? 0 on ? (7). Fig. 10.17: Effect of 76 on ? (?).

34Fig. 10.18 Fig. 10.19 Fig. 10. 18: Effect of

?3 on ?(?).

65Fig. 10. 20 Fig. 10. 21 Fig. 10.20: Effect of ?? on ?(?). Fig. 10.21: Effect of ?? on ?
(?). 10.

5.1 Entropy generation Figs. (10?22 — 10?26) reveal the impression of sundry parameters on entropy
generation. Fig. 10722 displays a growing outcome of fluid parameter on entropy generation. A less entropy
is produced at center of channel as compared to channel walls. A reverse relationship is noticed with the
larger values of thermal slip, rotation and thermal radiation and can be viewed through Figs. 10723 — 10725.
When channel is rotated at high speed, more heat is generated and hence entropy declines. Fig. 10?26
indicates a rise in entropy generation via larger values of Brinkman parameter ???7-1. It is obvious that more
disturbance in fluid is generated through larger Brinkman parameter which tend to enhance ??? Figs. 10727
and 10728 show that for larger Taylor number and thermal radiation parameter the

62heat transfer irreversibility is high when compared with total irreversibility

for heat transfer and fluid friction.

A reduction is demonstrated by ?7? for increasing values of fluid and thermal slip parameter (see Figs. 10729
and 107?30). Figs. 10?29 and 10?30 reveal a development in magnitude of Bejan number for growth in
Taylor number and radiation parameter. Kinetic energy of fluid rises via ? 0 and ?? which produces an
enhancement in ??? A growing impression of Brinkman number on Bejan number is portrayed in

3Fig. 10? 31? Fig. 10.22 Fig. 10.23 Fig. 10.

22: Effect of ?6 on ??. Fig. 10.23: Effect of ?3 on ?7.

34Fig. 10.24 Fig. 10.25 Fig. 10. 24: Effect of

? 0on ? ?. Fig. 10.25: Effect of ?? on ? ?. Fig. 10.26 Fig. 10.26: Effect of ??7?7-1 on ?7.

3Fig. 10.27 Fig. 10.28 Fig. 10.
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27: Effect of ? 0 on ??. Fig. 10.28: Effect of ?? on ?7?.

3Fig. 10.29 Fig. 10.30 Fig. 10.

29: Effect of ?6 on ??. Fig. 10.30: Effect of ?3 on ??. Fig. 10.31 Fig. 10.31: Effect of ???7-1 on ??. 10.5.2
Trapping In Figs. 10?32 and 10733, trapping phenomenon is observed for various involved parameters. Fig.
10732 elucidates that

21size and number of trapping bolus reduces for larger values of

Casson parameter 767? It is due to decrease in kinetic energy of fluid particles.

10lt is clear from Fig. 10?33 that size of trapped bolus decreases for rising values

of rotation parameter ?0. (a) (b) (c) Fig. 10.32: Stream lines for

72(a) 20=0(b) 2 0 =075 (c) ? 0 = 5. (a) (b) (c)

86Fig. 10. 33: Streamlines for 7?6 (a) ?=0(b) ?=0?2(c)?=1.

10.6 Conclusions Here peristaltic transport Casson fluid under the influence of entropy generation through a
rotating channel in examined. The key findings of investigation are « There is a reduction in axial velocity for
growing Taylor number ? 0? « Impact of fluid parameter 7?6 on ?, ?? ?, ?? is opposite when compared with
Bejan number ?7?? « A significant rise in secondary velocity via larger wall parameter, ? 0?7 ?6 and 72 is
observed. * There is an inverse relationship between axial velocity and the slip parameters. ¢ Increasing
outcomes of elastic parameters (?1? ?2) towards ? are noticed however impact of ?3 on ? is quite opposite.
» Temperature distribution is decreasing function of ? 0 and ?? however it is directly related with ?6? ?3 and
??. » Multiple values of ?-1??7? ?3 and 76 tend to raise entropy generation. * Decaying impression of ? 0 and
?? is observed on entropy generation. ¢ Increasing values of ?6 and ?3 have tendency to reduce Bejan
number. However ? 0 and ?? have a growing impact on ??? « Heat transfer coefficient is directly related with
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